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Abstract

Probing High Scale Physics with Top Quarks

at the Large Hadron Collider

Zhe Dong

Under the supervision of Professor Tao Han

With the Large Hadron Collider (LHC) running at TeV scale, we are expecting to

find the deviations from the Standard Model in the experiments, and understanding

what is the origin of these deviations. Being the heaviest elementary particle observed

so far in the experiments with the mass at the electroweak scale, top quark is a powerful

probe for new phenomena of high scale physics at the LHC. Therefore, we concentrate

on studying the high scale physics phenomena with top quark pair production or decay

at the LHC. In this thesis, we study the discovery potential of string resonances decaying

to tt̄ final state, and examine the possibility of observing baryon-number-violating top-

quark production or decay, at the LHC. We point out that string resonances for a

string scale below 4 TeV can be detected via the tt̄ channel, by reconstructing center-

of-mass frame kinematics of the resonances from either the tt̄ semi-leptonic decay or

recent techniques of identifying highly boosted tops. For the study of baryon-number-

violating processes, by a model independent effective approach and focusing on operators

with minimal mass-dimension, we find that corresponding effective coefficients could be

directly probed at the LHC already with an integrated luminosity of 1 fb−1 at 7 TeV,

and further constrained with 30 (100) fb−1 at 7 (14) TeV.
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Chapter 1

Introduction to Standard Model

The Standard Model, which describes the electromagnetic, weak and strong interactions,

constitutes one of the most fabulous achievements in the history of particle physics.

Experiments have found all but one of its ingredient particles and confirmed the

theory in all directions to a high degree of precision. At CERN, the W± and Z gauge

bosons was discovered by UA1 [1] and UA2 Collaborations in 1983 [2]; at Fermilab,

the top quark was discovered by CDF [3] and D0 [4] in 1995, and the ντ neutrino was

discovered by DONUT [5] in 2000. Only the Higgs boson, which is predicted by Standard

Model, is still beyond the grasp of experimentalists.

The Standard Model, as a relativistic, renormalizable local quantum field theory, is

built on three principles:

• The gauge group is SU(3)C× SU(2)L× U(1)Y ,

• Fermion representations are left-handed doublets and right-handed singlets,

• There is one Higgs doublet, which introduces masses to fermions elegantly without

spoiling renormalizability,

together with 21 a priori free parameters, which are inserted by hand, including 3

coupling constants, 12 fermion masses, 4 fermion mixing parameters, 1 Higgs mass and

1 independent gauge boson mass.
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1.1 Electroweak Gauge Theory

The Standard Model of electroweak interactions [6] is built on the gauge group SU(2)L×

U(1)Y .

An SU(2) gauge symmetry is applied to left-handed fermion field ψL only, where the

fermion fields are given by

ψL =
1

2
(1− γ5)ψ , ψR =

1

2
(1 + γ5)ψ . (1.1)

The conserved quantum number is weak isospin TL. An independent U(1) gauge group,

whose conserved quantum number is hypercharge Y, is introduced to incorporate the

electric charge Q and is essential in unifying the weak and electromagnetic interactions

in a common gauge structure. The value of the hypercharge Y have been adjusted to

satisfy the Gell-Mann-Nishijima formula,

Q = T3 +
Y

2
. (1.2)

Left-handed fermions transform non-travially under SU(2)L×U(1)1, and right-handed

fermions are assigned to be SU(2) singlets and transform under U(1)Y only. Table 1

summarizes the weak quantum numbers for fermion fields.

Remarkably, these hypercharge values satisfy the anomaly conditions, that is the

one fermion loop diagrams with three external gauge bosons of the form U(1)U(1)U(1),

U(1)SU(2)SU(2), U(1)SU(2)SU(3), all vanish. In addition, the sum of all fermion

hypercharges vanishes as well, so that to cancel the mixed gravitational anomaly [7].

The Lagrangian describing the electroweak interactions is

LEW = Lgauge + Lf , (1.3)
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T3 Y/2 Q

νeL
1
2

−1
2

0

eL
−1
2

−1
2
−1

uL
1
2

1
6

2
3

dL −1
2

1
6

−1
3

eR 0 −1 −1

uR 0 2
3

2
3

dR 0 −1
3
−1

3

Table 1: Weak Quantum Numbers for Fermion Fields

where the gauge interaction part is

Lgauge = −1

4
W i
µνW

µνi − 1

4
BµνB

µν , (1.4)

where isotriplet W i
µ, i = 1, 2, 3 and singlet Bµ are the SU(2) and U(1) gauge fields

respectively, with field strength tensors

Bµν = ∂µBν − ∂νBµ ,

W i
µν = ∂µW

i
ν − ∂νW i

µ − gεijkW j
µW

k
ν .

(1.5)

The covariant derivative is

Dµ = ∂µ + igTi W
i
µ + ig′

Y

2
Bµ , (1.6)

with g(g′) being the SU(2)L (U(1)Y ) coupling. The fermion kinetic terms is

Lf = iψ̄jγ
µDµψj . (1.7)
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Under the local gauge transformation, these fields transform as:

SU(2)L U(1)Y

ψL → [1− igTiαi(x)]ψL ψL → [1− ig′ 1
2
Y β(x)]ψL

ψR → ψR ψR → [1− ig′ 1
2
Y β(x)]ψR

W i
µ → W i

µ + ∂µα
i(x) + gεijkα(x)jW k

µ W i
µ → W i

µ

Bµ → Bµ Bµ → Bµ + ∂µβ(x)

(1.8)

This Lagrangian defined above is invariant under the infinitesimal local gauge transfor-

mations for SU(2)L and U(1)Y independently.

The weak isospin operators TL obey the commutation relation [Ta, Tb] = iεabcTc and

can be represented in terms of the Pauli matrices by Ta = τa/2.

In the adjoint representation, the SU(2)L massless gauge fields form a weak isospin

triplet with the charged fields being defined by W±
µ = (W1∓ iW2)µ/

√
2, and the isospin

raising and lowering operators are of the form T±L = (TL1 ± iTL2)/
√

2. The neutral

component of W mixes with the abelian gauge field Bµ to form the physical states

Zµ = W 3
µ cos θw +Bµ sin θw ,

Aµ = Bµ cos θw −W 3
µ sin θw ,

(1.9)

where θw is the weak mixing angle, or rather Weinberg angle, which is related with the

SU(2)L, U(1)Y coupling strengths by tan θw = g′/g.

In order to obtain Quantum Electrodynamics (QED) the massless Aµ is identified
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with the photon and e ≡ g sin θw. The QED, weak charged and neutral currents become:

Jemµ = ψ̄γµQψ ,

JCCµ = ψ̄γµT
±
L ψ ,

JNCµ = ψ̄(T3L − xwQ)ψ ,

(1.10)

with the interaction of gauge bosons with any fermion field ψ arising from iψ̄γµDµψ

being

L = −eJemµ Aµ − g√
2
JCCµ W µ − gZJNCµ Zµ . (1.11)

Here, xw ≡ sin2 θw, gZ ≡ g/ cos θw and the T±L act only on the left-handed isodoublets

ψL, and vanish on ψR.

At this stage, all fields are massless, and all gauge couplings respect chirality, i.e.

left and right-handed fermions evolve separately. There remains to generate the masses

for fermions, and rewrite the currents in terms of mass (flavor) eigenstates rather than

weak eigenstates, as showed above. Also, massless gauge bosons are not acceptable for

the weak interactions, which are known to be short-ranged. Masses can be introduced

elegantly without spoiling renormalizability [8] by spontaneous symmetry breaking [9].

The idea is that the lowest energy (vacuum) state does not respect the gauge symmetry

and induces effective masses for particles propagating through it [10].

1.2 Spontaneous Symmetry Breaking

The gauge invariance, and therefore renormalizability, forbids any mass terms for gauge

bosons and for chiral fermions. A neat solution is that masses for the non-abelian gauge
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fields and fermions are generated by the Higgs Mechanism [9] via spontaneous symmetry

breaking (SSB) which preserves the renormalizability [8] of the gauge theory.

In the Standard Model, an SU(2) iso-doublet spin zero field with U(1) charge Yφ/2 =

1/2 is introduced:

Φ =

 φ+

φ0

 , (1.12)

where φ+ and φ0 are complex scale fields.

The Lagrangian is augmented by a potential

LΦ = (DµΦ)†DµΦ− V (Φ) , (1.13)

wherein the first term gives masses to gauge bosons after the SSB, with latter term being

scalar potential to generate the SSB. The combination of SU(2)L×U(1)Y invariance and

renormalizability restricts V (Φ) to the form [11]

V (Φ) = µ2Φ†Φ + λ(Φ†Φ)2 . (1.14)

The complex Higgs doublet can also be rewritten in a Hermitian basis as

Φ =

 φ+

φ0

 =
1√
2

 φ1 − iφ2

φ3 − iφ4

 , (1.15)

where φi = φ†i are four Hermitian fields. The scalar potential, under this basis, becomes,

V (Φ) =
1

2
µ2

(
4∑
i=1

φ2
i

)
+

1

4
λ

(
4∑
i=1

φ2
i

)2

, (1.16)

which is invariant under O(4). Without loss of generality we can choose the axis so

that the only component with non-zero vacuum expectation value (vev) is 〈0|φ3|0〉 = ν.
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φ

ν−ν

V (φ)

Figure 1: The Higgs potential V (φ) for µ2 > 0 (dashed line) and µ2 < 0 (solid line).

Thus,

〈0|Φ|0〉 =
1√
2

 0

v

 , V (φ)→ V (v) =
1

2
µ2ν2 +

1

4
λν4 . (1.17)

With µ2 > 0, the minimum of V (v) is at ν = 0. SU(2) × U(1) is unbroken at

the minimum. With µ2 < 0, the ν = 0 point is unstable, and the minimum occurs

at ν = (−µ2/λ)
1/2

as illustrated in Fig. 1. Th non-vanishing vev selects a preferred

direction in SU(2)L×U(1)Y space and SU(2)L×U(1)Y group is spontaneously broken to

the U(1)em subgroup.

To quantize the Higgs field around the classical vacuum, one can introduce the Kibble

parametrization [12]:

Φ(x) = exp

(
iξ · τ

2v

) 0

(v +H(x))/
√

2

 , (1.18)

where H(x) is a Hermitian field with no vev, and turns out to be the physical Higgs

field. ξi (i = 1, 2, 3) are the three massless pseudoscalar Nambu-Goldstone bosons [13]
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generated by the spontaneous symmetry breaking, and the phase factor could be removed

by an SU(2)L gauge transformation, as in unitary gauge:

Φ(x) =
1√
2

 0

(v +H(x))/
√

2

 . (1.19)

In this gauge, the Nambu-Goldstone bosons are eaten by the gauge field into the longi-

tudinal modes of the massive gauge bosons corresponding to the broken symmetry, W±

and Z.

Covariant derivative on iso-doublet scalar field takes simple form in unitary gauge:

DµΦ =
1√
2

 i√
2
gW+

µ (v +H)

∂µH − i√
2
gZZµ(v +H)

 . (1.20)

Then the Higgs potential becomes:

LΦ = 1
4
g2W+µW−

µ (v +H)2 + 1
8
g2
ZZ

µZµ(v +H)2 + 1
2
(∂µH)2 − V (Φ)

= M2
WW

+µW−
µ

(
1 + H

v

)2
+ 1

2
M2

ZZ
µZµ

(
1 + H

v

)2
+ 1

2
(∂µH)2 − V (Φ) ,

(1.21)

which provides the W and Z boson masses

MW =
gv

2
, MZ =

gZv

2
=

MW

cos θw
,

and leaves photon massless.

The scalar potential in unitary gauge takes the form:

V (Φ) = −1

2
(−2µ)2H2 +

1

4
µ2v2

[
−1 + 4

H3

v3
+
H4

v4

]
. (1.22)

The first term shows that a physical Higgs boson has a tree-level mass

MH =
√
−2µ2 , (1.23)
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and the second therm is a constant −µ2v2/4, reflecting the fact V < 0 at the minimum.

The third and fourth terms introduce cubic and quartic interaction of Higgs scalar. Such

a constant term seems has no significance for micro-scopic physics in absence of gravity,

but since cosmological constant could be viewed as the vacuum energy, it is of great

importance when the theory includes gravity as an ingredient, and will give an opposite

sign and much bigger cosmological constant than the observed one. This intimates a

sign for new physics beyond standard model.

After SSB, the fermion masses are generated by the Yukawa coupling between the

Higgs double and the fermions. The Yukawa interaction Lagrangian can be expressed

as

LY uk = −λekL̄Lk
ΦeRk

− λujkQ̄Lj
Φ̃uRk

− λdjkQ̄Lj
ΦdRk

+ h.c. , (1.24)

where the SU(2)L left-handed doublets for leptons and quarks are written as

LLk
=

1

2
(1− γ5)

 νk

ek

 , QLk
=

1

2
(1− γ5)

 uk

dk

 , (1.25)

and the right-handed singlets for lepton, and up-type and down-type quarks as

eRk
=

1

2
(1 + γ5)e , uRk

=
1

2
(1 + γ5)u , dRk

=
1

2
(1 + γ5)d , (1.26)

with k = 1, 2, 3 as the generation index. One needs Higgs field with y = +1/2 to give

masses to the down-type quarks and leptons, and y = −1/2 to the up-type quarks. Φ†

has y = −1/2, but transforms as 2∗ in SU(2) rather than 2. So one has to introduce

”tilde trick” by relating the 2∗ representation with 2 by a similarity transform,

Φ̃ = iτ 2Φ† =

 φ0†

−φ−

 , (1.27)
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which transforms as 2 and is of y = −1/2.

For simplicity, we will only discuss the Yukawa interaction related up-type quark,

and one can generalize it for the other fermions. Under the unitary gauge, the Yukawa

interaction becomes

LY uk = − ∑3
i,j=1 λ

u
ijū

0
iLu

0
jR

(
v+H

2

)
+ h.c. ,

= ū0
LM

uu0
R

(
1 + H

v

)
.

(1.28)

The subscript 0 stands for the field being in weak eigenstates, and Mu is a 3×3 fermion

mass matrix,

Mu =
λuv√

2
, (1.29)

which is induced by SSB. The second term specifies the fermion-fermion-Higgs Yukawa

coupling, while the first term gives the masses to fermion.

However, M is neither diagonal nor symmetric in weak eigenstates. To identify the

fermion physical masses, one has to diagonalize M by introducing unitary transforma-

tions,

Mu
D = Uu†L MuUuR =


mu 0 0

0 mc 0

0 0 mt

 , (1.30)

where UuL and UuR are the unitary transformation matrices for left-handed and right-

handed up-type fermion fields, respectively. Correspondingly, the mass (flavor) eigen-

state fermion fields are defined by

uL = Uu†L u0
L = (uL cL tL)T , uR = Uu†R u0

R . (1.31)

Diagonalization of the masses in the quark sector introduces the weak mixing, or Cabibbo-

Kobayashi-Maskawa (CKM) matrix [14], which then appears in the hadronic weak
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charged current as

Jµ†W =
∑3

i=0 [ν̄0
i γ

µ(1− γ5)e0
m + µ̄0

i γ
µ(1− γ5)d0

m]

= (ν̄e ν̄µ ν̄τ )γ
µ(1− γ5)Vl


e−

µ−

τ−

+ (ū c̄ t̄)γµ(1− γ5)Vq


d

s

b

 ,

(1.32)

with the Lagrangian written as in (1.11). The miss match between up and down-type

quark unitary transformation give rise to the presence of 3×3 CKM matrix Vq ≡ Au†L A
d
L.

Vl is the leptonic mixing matrix, which is crucial for describing neutrino oscillations,

but for the Standard Model, where neutrinos are assumed to be massless, Vl could be

effectively set to be I. After diagonalization, the coupling strength of the physical Higgs

boson to the ith fermion is mi/v = gmi/2MW , i.e. other than top quark, the coupling

is very weak.

1.3 Quantum Chromodynamics

The strong interactions sector of the Standard Model, Quantum Chromodynamics [15]

(QCD), which is a local non-abelian gauge theory based on SU(3) group with internal

symmetry called color. The QCD theory consists of six fermions, quarks, and eight

massless gauge bosons, gluons, corresponding to the eight generators of the SU(3) color

group. Each quark flavor, carrying one color index, is a color triplet in the fundamental

representation 3 of SU(3)C , and the gluons lie in the adjoint representation 8, each of

which carries two color indices. All other particles in the Standard Model are color

singlets and discharged from strong interactions.
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The QCD Lagrangian may be written as

LQCD = −1

4
F µν
a Faµν + ψ̄i(iγµD

µ
ij −Mij)ψj , (1.33)

with the field strength tensor for gluon field Gµ
a , a = 1, . . . , 8 written as

F µν
a = ∂µGν

a − ∂νGµ
a + gsfabc , G

µ
bG

ν
c (1.34)

and the covariant derivative being

Dµ
ij = ∂µδij − igs(Ta)ijGµ

a .

Here gs represents the strong coupling constant and the indices are summed over color

with a = 1, . . . , 8 and i = 1, 2, 3. Ta and fabc are the SU(3) generators and structure

constants, respectively, which obey the commutation relation

[Ta, Tb] = ifabcTc . (1.35)

The generators are related to the 3×3 Gell-Mann matrices [17] by Ta = λa/2. The QCD

lagrangian is invariant under local gauge transformations

φ(x) → exp(igsαa(x)Ta)φ(x)

Gµ
a(x) → Gµ

a(x) + ∂µαa(x) + gsfabcαb(x)Gµ
c (x) .

(1.36)

Note that in the limit of equal mass quarks, the QCD Lagrangian possesses a global

SU(3)f flavor symmetry, and in the limit of massless quarks an SU(3)L× SU(3)R chiral

symmetry is present. SU(3) gauge invariance ensures that the gluons are massless. As

noticed in previous section, the quark masses are generated by spontaneous symmetry

breaking.
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The QCD is drastically different from the standard electroweak theory in two aspects:

The first is having gluon self-interaction, which is due to the non-abelian nature of the

theory and introduced by triple and quartic gluon vertex. Secondly, QCD has the

property of asymptotic freedom [16], i.e. , the running coupling becomes weak at high

energy scale, or rather, short distance, while at low energy or large distance the theory is

strongly coupled, which leads to the confinement of quarks and gluons. The asymptotic

freedom is crucial when one tries to apply the perturbation theory in QCD calculation

for high energy scattering processes. To see this, by renormalization group equation,

under one-loop correction, the strong coupling constant gs is running as a function of

energy Q2

αs(Q
2) ≡ g2

s(Q
2)

4π
=

12π

(33− 2nf ) ln(Q2/Λ2)
, (1.37)

where nf is the number of fermion flavors, and Λ is the infrared energy scale cut to be

determined by experiments. One can see that as Q2 → ∞, αs → 0, where quarks and

gluons are deconfined, which is the reason why we call it asymptotic free.
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Chapter 2

Beyond the Standard Model

2.1 The Problems with the Standard Model

The Standard Model has been a very successful theory at the energy up to weak scale,

since it explains nearly all particle physics experiments with extremely high precision.

However there are some reasons letting us believe that it is not the whole story, and

should be regard as the effective theory of some deeper one at the energy scale that our

current collider experiments have been probed.

In the previous section, we present the Standard Model as a theory with gauge group

SU(3)C×SU(2)L×U(1)Y describing strong, weak, and electromagnetic interactions. Yet

this is far from a real unified picture, since each of the three gauge groups has its own

coupling and strength. One may obviously ask whether we could find a theory which

could unify those three different gauge groups into a single one.

The mass of the W-boson, which is acquired via the Higgs mechanism and propor-

tional to the Higgs mass, has been experimentally determined to be of the order of

80 GeV. But the Higgs mass receives large radiative corrections that are quadratically

divergent. In order to have a feasible perturbation theory describing the experiments,

these divergencies have to be cancelled by hand in every order, which is fine tunning.

Such an accidental cancellations appears miraculous, and raise the question whether
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there is another mechanism to stabilize weak scale physics.

The Standard Model has a lot of free parameters built in, such as the masses of

quarks and leptons, the weak mixing angles, and CKM matrix. Hence, what is the

origin of the observed pattern of fermion masses and mixings? The model provides a

description of these quantities but would make equally good sense regardless of what

values these couplings take in case of perturbation theory valid. This is the so-called

flavor problem of the Standard Model.

One could list a long table of theoretical problems with the Standard Model, albeit

it is experimentally successful. Based on the imperfection of the Standard Model at the

higher scale, physicists tried to build models beyond it in many directions, including:

• grand unification theory ,

• theories based on Left-Right symmetric gauge groups ,

• theories with extra U(1)′ or other extended gauge groups ,

• theories extra Higgs-bosons ,

• technicolor theory ,

• extra-dimension theories ,

• supersymmetry and supergravity ,

• string theory .

Here, we don’t have space to introduction all of them. In next section, we will introduce

the minimal supersymmetric standard model, and in section 2.3, the brief idea about

the grand unification theory.
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2.2 The Minimal Supersymmetric Standard Model

There might be tens of reasons why we pursue the supersymmetry models as we step

forward beyond the Standard Model.

• The supersymmetry is mathematical beauty;

• Unification of the gauge couplings at the scale MU ≈ 1016 GeV;

• Having a light Higgs and easy agreement with the precision electroweak measure-

ments;

• The lightest supersymmetric partner could be a good candidate for the cold dark

matter particle;

• The last and maybe the most important one, the model could solve the gauge

hierarchy problem.

Before scrutinizing the minimal supersymmetric standard model (MSSM), we will briefly

introduce the motivation and the formalism of the supersymmetry.

2.2.1 Motivation of Supersymmetry

Since the topic of this thesis is about probing physics at the LHC, we will focus only on

the motivation most directly related to physics at the TeV scale, i.e.the gauge hierarchy

problem.

In Section 1.2, we postulated a potential for the Higgs field as

V (Φ) = µ2|Φ|2 + λ|Φ|4 ,
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with µ < 0 for generating electroweak symmetry breaking to induce the masses for

various gauge bosons and fermions. From experiments, we know that 〈Φ〉 =
√
−µ2/2λ

is roughly 174 GeV, which is equivalent to say that µ2 ∼ −(100GeV)2. However, µ is

a renormalizable coupling constant of the theory, which cannot be computed from the

first principles, and will recieve large radiative correction from loop diagrams.

For example, the two diagrams shown in Fig. 2 are the one-loop corrections to the

Higgs squared mass µ2. If the Yukawa coupling between the Higgs and fermion f with

mass mf is of the form −λfΦf̄f , the contribution from Fig. 2(a) is

∆µ2 =
λf

16π2

[
−2Λ2 + . . .

]
. (2.1)

If there is a complex scalar particle S with mass mS coupling to the Higgs as−λS|Φ|2|S|2,

then the contribution from Fig. 2(b) is

∆µ2 =
λS

16π2

[
Λ2 + . . .

]
. (2.2)

If we treat the Standard Model as an effective theory, Λ should be the cutoff energy

where the theory is still valid. Changing Λ within a large range of validity, one can

easily change the sign of µ2 and find −µ2 � (100 GeV)2 if the theory is valid up to

Planck scale Λ ∼ 1019 GeV. Obviously, we need a fine tunning between two contributions

even at one-loop level to achieve observed Higgs bare mass. This is the ”gauge hierarchy

problem”.

There are two approaches to solve the problem. Firstly, one tries to replace the

elementary Higgs fields with some dynamical symmetry breaking mechanism based on

a new strong dynamics [18]. Higgs proposed his original idea about the Higgs field

as a phenomenological description of a fermion pair condensation, which is the reason
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Figure 2: One loop diagrams contributing to the Higgs squared mass µ2, from (a) a
Dirac fermion f loop, and (b) a scalar S loop. Adapted from [20]

why sometimes and originally the electroweak symmetry breaking is also called elec-

troweak superconductivity [9]. In technicolor [19], the spontaneous symmetry breaking

is associated with the expectation of a fermion bilinear, analogous to QCD.

The alternative is to postulate that the electroweak symmetry breaking is generated

by a weakly coupled Higgs field, with the Higgs mass term µ2 generated by well-defined

physics within the model. This idea requires that the quadratically divergences from

the fermion and boson loops cancel. Supersymmetry falls into this category. As seen in

Eqn.(2.1)(2.2), if one could pair each fermion with two complex scalars with λS = λ2
f ,

then the contributions would be naturally cancelled, leaving the finite contributions to

µ2 of the order of the supersymmetry breaking scale.

2.2.2 Formalism of Supersymmetry

The metric we use throughout the section is of the from gµν = diag(−1,+1,+1,+1).

For most of the conventions, we follow what are adapted in [20] and [21].

For convenience, we employ two-component Weyl spinor rather than four-component

Dirac or Majorana spinors for the expression of fermion fields. Consider the theory of a
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free Dirac 4-fermion ΨD with mass M

LDirac = iΨDγ
µ∂µΨD − MΨDΨD , (2.3)

where the 4× 4 gamma matrices take the forms of

γµ =

 0 σµ

σµ 0

 , γ5 =

 −1 0

0 1

 , (2.4)

and Pauli matrices are

σ0 = σ0 =

 1 0

0 1

 , σ1 = −σ1 =

 0 1

1 0

 ,

σ2 = −σ2 =

 0 −i

i 0

 σ3 = −σ3 =

 1 0

0 −1

 .

(2.5)

A Dirac 4-spinor could be written in terms of two Weyl 2-spinors, which are complex

and anti-commuting objects

ΨD =

 ξα

χ†α̇

 . (2.6)

The field ξα is a left-handed Weyl spinor, and χ†α̇ is a right-handed Weyl spinor, with

two distinct types of spinor indices α = 1, 2 and α̇ = 1, 2. The Hermitian conjugate

operation connects the two kinds of spinors by

ξ†α̇ ≡ (ξα)† = (ξ†)α̇ , (ξ†α̇)† = ξα . (2.7)

The heights of the spinor indices are important, and the right-handed spinor is always

with dotted indices and daggered. It is convenient to raise and lower the spinor indices
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by the anti-symmetric tensor εαβ and εαβ with the convention ε12 = ε21 = 1. The Pauli

matrices carry spinor indices as (σµ)αα̇ and (σµ)α̇α.

One can construct the Lorentz scalar from fermion bilinears of the form

ξχ = χξ = εαβξ
αχβ , ξ†χ† = χ†ξ† = (ξχ)∗ , (2.8)

and left- and right-handed spinor can be combined into a Lorentz vector as

ξ†α̇(σµ)α̇αχα ≡ ξ†σµχ = −χσµξ† = (χ†σµξ)∗ = −(ξσµχ†)∗ . (2.9)

With these conventions, after dropping off the total derivative term, the Dirac La-

grangian can be rewritten as:

LDirac = iξ†σµ∂µξ + iχ†σµ∂µχ − M(ξχ + ξ†χ†) . (2.10)

For a Majorana spinor

ΨM =

 ξα

ξ†α̇

 , (2.11)

the free fermion Lagrangian could be expressed as:

LM = i
2
ΨMγ

µ∂µΨM − 1
2
MΨMΨM

= iξ†σµ∂µξ − 1
2
M(ξξ + ξ†ξ†) .

(2.12)

For the theory multiple fermion fields ΨT
i = (ξi χ

†
i ), one could easily translate the

Lagrangian with 4-spinor into Weyl 2-spinor version using the following dictionary:

ΨiPLΨj = χiξj , ΨiPRΨj = ξ†iχ
†
j ,

Ψiγ
µPLΨj = ξ†iσ

µξj , Ψiγ
µPRΨj = χiσ

µχ†j .

(2.13)
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To construct a quantum field theory with the symmetry relating fermions and bosons,

a.k.a., supersymmetry, one needs to introduce a generator for the symmetry

Q|fermion〉 = |boson〉 , Q|boson〉 = |fermion〉 . (2.14)

Therefore, Q must be fermionic and anti-commuting. Analogous to Weyl fields ξ and

χ†, we will introduce fermionic charge Qα, α = 1, 2, and their conjugates Q†α̇, α̇ = 1, 2.

By Coleman-Mandula Theorem [22] and Haag-Lopuszanski-Sobnius Theorem [23],

under reasonable assumptions, there exist a unique non-trivial extension of the Poincare

symmetry by including fermionic generators, which forms a graded Lie algebra [24]

defined as

{Qα, Q
†
β̇
} = 2σµ

αβ̇
Pµ ,

{Qα, Qβ} = {Q†α̇, Q†β̇} = 0 ,

[Qα, Pµ] = [Q†α̇, Pµ] = 0 ,

[Qα, T
a] = [Q†α̇, T

a] = 0 ,

(2.15)

where P µ is the momentum generator of spacetime translations, and T a are gauge sym-

metry generators. The first equation of (2.15) implies

〈0|H|0〉 =
1

4
〈0|Q1Q

†
1 +Q†1Q1 +Q2Q

†
2 +Q†2Q2|0〉 ≥ 0 . (2.16)

So the ground state of a supersymmetric field theory would have non-negative energy.

If the supersymmetry is unbroken, i.e. , Q|0〉 = Q†|0〉 = 0, the vacuum energy must

be zero, 〈0|H|0〉 = 0. Otherwise the supersymmetry is broken, the vacuum energy is

positive, which is likely to be the case for us, since we haven’t seen any super-partner of

the Standard Model particles.

Due to limitation of the space, for the detail formalism of superspace, superfield

and superpotential, and their transformation properties under N = 1 supersymmetry,
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we will blindly adapt all the conventions and notations introduced in Section 3 of A

Supersymmetry Primer [20].

2.2.3 The Minimal Supersymmetric Standard Model

From Eqn. (2.14), we see that single particle states fall into supermultiplets, each of

which consists of same numbers of fermionic nf and bosonic nb degree of freedom, i.e.,

nf = nb. Bosons and fermions within a supermultiplet are superpartners of each other.

If |Ω〉 and |Ω′〉 are superpartners, then they would transform into each other under the

operation of supercharge |Ω′〉 = f(Q,Q†)|Ω〉. Awaring [Q,P 2] = 0 and [Q, T a] = 0,

superpartners must have the same (mass)2 and the same gauge charges.

In supersymmetric field theory there are three kinds of supermultiplets. The combi-

nation of a two-component Weyl fermion and a complex scalar is called chiral supermul-

tiplet. For the massless fermion, there are two helicity states providing nf = 2, while

for a complex scalar (or two real scalar) nb = 2. The Standard Model quarks, leptons,

and Higgs fit into chiral supermultiplets.

The combination of a spin-1/2 gaugino and a spin-1 gauge boson is called gauge

or vector supermultiplet. A gaugino, which is a Weyl fermion, and a massless gauge

boson, are both having two helicity states. The gaugino transforms as the adjoint

representation of a gauge group, since it’s superpartner, gauge boson, does so. The

adjoint representation is its own conjugate, so the left- and right-handed component

of gaugino has the same transformation properties. For the Standard Model particles,

photon, W bosons, Z boson, and gluons fall into this category.

For models including gravity, we have the spin-2 graviton and its superpartner, a
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Names spin 0 spin 1/2 SU(3)C , SU(2)L, U(1)Y

squarks, quarks Q (ũL d̃L) (uL dL) ( 3, 2 , 1
6
)

(×3 families) ū ũ∗R u†R ( 3, 1, −2
3
)

d̄ d̃∗R d†R ( 3, 1, 1
3
)

sleptons, leptons L (ν̃ ẽL) (ν eL) ( 1, 2 , −1
2
)

(×3 families) ē ẽ∗R e†R ( 1, 1, 1)

Higgs, higgsinos Hu (H+
u H0

u) (H̃+
u H̃0

u) ( 1, 2 , +1
2
)

Hd (H0
d H−d ) (H̃0

d H̃−d ) ( 1, 2 , −1
2
)

Table 2: Chiral supermultiplets of the Minimal Supersymmetric Standard Model.

massless spin-3/2 particle, gravitino forming a supermultiplet with nf = nb = 2.

Particle Contents of the MSSM

Each Standard Model quark, lepton is a Dirac fermion, i.e., two Weyl fermions. Let’s

take electron field ψe as an example, ψT
e = (eL eR), where eL and eR are two-component

left-handed and right-handed Weyl fermions, respectively, Each one of which has an

independent spin-0 superpartner. ẽL is the left-handed selectron, which means the su-

perpartner of eL, being a complex scalar, while ẽR is the right-handed selectron.

Table 2 summarizes all the chiral supermultiplets of the MSSM, and it is arranged

according to the Standard Model gauge group charges. Scalar partners of quarks and

leptons are called squarks and sleptons, respectively, and fermionic partner of Higgs is

called higgsinos.

In the Standard Model, there is only one SU(2)L Higgs field with I = 1/2. De-

pending on which field we taking to be the primary field, we can take the hypercharge

of Higgs field to be either Y = +1/2, or its conjugate −1/2, which is not a problem in
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Figure 3: Cancellation of anomaly by two higgsinos in the Minimal Supersymmetric
Standard Model

the Standard Model. However, in supersymmetric field theory, the superpotential is an

analytical function of superfields, which means it can only contain the field but not its

conjugate. Then two different choices of Higgs hypercharge will give different couplings.

As in Table 2, we include both of the possibilities, Hu with Y = +1/2 and Hd

with Y = −1/2. There are two reasons that it is necessary to include two Higgs

supermultiplets. The first reason is to cancel the gauge anomalies to maintain the gauge

invariance of the model,

Tr[T 2
3 Y ] = Tr[T 2

3 Y ] = 0 , (2.17)

where T3 is the third component of weak isospin. In the Standard Model, the anomaly

cancels non-trivially by the quarks and leptons. In the supersymmetric field theory,

each higgsino will make a non-zero contribution to the traces and spoil the cancellation.

However, this could be avoid if we include a pair of higgsinos with opposite hypercharges,

as shown in Fig. 3.

Secondly, it is necessary to include both Higgs fields to provide all the needed cou-

plings in the superpotential. More explicitly, only a Y = +1/2 Higgs chiral supermul-

tiplet can generate the masses to up-type quarks, and only a Y = −1/2 Higgs chiral

supermultiplet can generate the masses to down-type quarks and to the leptons.
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Names spin 1/2 spin 1 SU(3)C , SU(2)L, U(1)Y

gluino, gluon g̃ g ( 8, 1 , 0)

wino, W boson W̃± W̃ 0 W± W 0 ( 1, 3 , 0)

bino, B boson B̃0 B0 ( 1, 1 , 0)

Table 3: Vector supermultiplets of the Minimal Supersymmetric Standard Model.

The vector gauge bosons and their superpartners, which are called gauginos collec-

tively, reside in the gauge supermultiplets, as shown in Table 3. So far, all the gauge

bosons and gauginos are massless. Electroweak symmetry breaking will mix the W 3 and

B to give the mass eigenstates of Z and γ. And winos and bino will mix with higgsinos

to form charginos and neutralinos as we discuss later in the section.

Table 2 and Table 3 together make up the particle content of the Minimal Super-

symmetric Standard Model. By now, none of the superpartners of the Standard Model

particles is found in the collider experiment, so the supersymmetry must be broken, (for

a review TASI Lecture by Luty, M. A. [25]).

The supersymmetry could be broken explicitly or spontaneously. There are several

reasons why it should be spontaneous broken, e.g. , a milder supersymmetry breaking

scale comparing to Planck scale, limited numbers of parameters, suppression on flavor

changing neutral current, connection to string theory and portable connection with

supergravity, etc . However, a effective theory relevant at the low energy regime may

introduce the breaking terms explicitly as we do in the MSSM. The breaking must be soft

to prevent reintroducing of the Higgs hierarchy problems, and by ”soft” we mean only

mass terms and cubic scalar interactions, i.e. , couplings with positive mass dimensions.

The Lagrangian need to be amended by the SUSY breaking mass term Lsoft term with
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the mass scale msoft,

L = LSUSY + Lsoft . (2.18)

Then, the correction to the Higgs mass is of the form:

∆m2
H = m2

soft

[
λ

16π2
ln

(
Λ

msoft

)
+ . . .

]
. (2.19)

So we expect msoft ≤ 1 TeV for the Higgs to be within the reach of the LHC.

Building the Supersymmetric Lagrangian

To build the supersymmetric Lagrangian for chiral supermultiplets, let’s start with the

simplest massless non-interacting action with a single chiral supermultiplet, a.k.a., Wess-

Zumino Model [26]:

SWZ =
∫
d4x (Lscalar + Lfermion) ,

Lscalar = −∂µφ∗∂µφ , Lfermion = iψ†σµ∂µψ .

(2.20)

The simplest possible SUSY transformation turning a scalar field into a fermion fields

is:

δφ = εψ , δφ∗ = ε†ψ† , (2.21)

where ε is an anti-commuting, infinitesimal, constant Weyl fermion as the parameter

for the SUSY transformation. Then under this operation, the scalar Lagrangian is

transformed as:

δLscalar = −ε∂µψ∂µφ∗ − ε†∂µψ†∂µφ+ (total derivatives) . (2.22)

To make the theory invariant under SUSY transformation, one needs to cancel δLscalar

by δLfermion up to some total derivative terms. In other words, δψ must be linear in ε†
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and φ, and containing one partial derivative. The only option here is:

δψα = −i(σµε†)α∂µφ , δψ†α̇ = +i(εσµ)α̇∂µφ
∗ . (2.23)

This leaves δLfermion = −δLscalar + ∂µ(. . . ) and δS = 0. To make a consistent theory,

we still need to check whether the above infinitesimal transformations are closed un-

der SUSY algebra (2.15). Using (2.21) and (2.23), one finds the commutators of two

infinitesimal transformations have the forms:

δε2(δε1φ)− δε1(δε2φ) = i(ε2σ
µε†1 − ε1σµε†2)∂µφ ,

δε2(δε1ψα)− δε1(δε2ψα) = i(ε2σ
µε†1 − ε1σµε†2)∂µψα

+iε1αε
†
2σ

µ∂µψ − iε2αε†1σµ∂µψ ,

(2.24)

where ∂µ corresponds to the generator of spacetime translation operator Pµ. The scalar

part of Eqn. (2.24) complies with the form of (2.15) directly, but the fermion part only

satisfies (2.15) on-shell, due to the fermion equation of motion σµ∂µψ = 0. To fix this,

one has to introduce an auxiliary complex scalar field F , with the Largrangian

Laux = F ∗F . (2.25)

Therefore, the auxiliary field has the dimension (mass)2 with equation of motion F ∗ =

F = 0, and transforms non-trivially as:

δφ = εψ ,

δψα = −i(σµε†)α∂µφ+ εαF ,

δF = −iε†σµ∂µψ .

(2.26)

One could check the SUSY Lagrangian for chiral supermultiplets L = Lscalar +Lfermion +

Laux is invariant under (2.26).
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A free theory without any interaction certainly is not a promising candidate for the

underlining theory of the Standard Model. In a renormalizable supersymmetric field

theory, the interactions and masses are uniquely determined by their gauge transfor-

mation properties and by the superpotential W , which, by construction, has to be a

holomorphic function of the complex scalar fields φi [20]. In the language of superfield,

W is said to be an analytical function of chiral superfields. A superfield is an analogous

of a weak isospin doublet, being a single object that contains as components all of the

bosonic, fermionic, and auxiliary fields within the corresponding supermultiplet, for ex-

ample Φi ⊃ (φi, ψi, Fi). The gauge quantum numbers and the mass dimension of a chiral

superfield are the same as that of its scalar component. In the superfield formulation,

one writes the superpotential as

W = LiΦi +
1

2
M ijΦiΦj +

1

6
yijkΦiΦjΦk , (2.27)

where the parametr Li is only allowed if Φi is a gauge singlet, where there is no such

chiral supermultiplet in the MSSM, so Li = 0. Let

W i =
∂W

∂Φi

, W ij =
∂2W

∂ΦiΦj

, (2.28)

one find the invariant Lagrangian under the supersymmetric transformation would be

of the form:

L = Lfree + Lint , with

Lfree = −∂µφ∗i∂µφi + iψ†iσµ∂µψi + F ∗iFi ,

Lint = (−1
2
W ijψiψj +W iFi) + c.c. .

(2.29)

After integrating out the auxiliary fields Fi, F
∗i, one finds

• the scalar squared masses are (m2
φ)ij = M ikM∗

kj;
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• the fermion mass terms are M ij and its conjugate M∗
ij;

• the scalar-fermion-fermion Yukawa interactions have the vertex couplings −iyijk

and its conjugate −iy∗ijk;

• (scalar)3 vertices are of the form M∗
ily

jkl and the conjugate M ily∗jkl.

All masses and non-gauge couplings of the chiral supermultiplets are fixed by superpo-

tential W .

For the vector supermultiplets, one could built up the SUSY gauge theory Lagrangian

following the same idea. There are three fields residing in the gauge supermultiplets,

vector bosons Aaµ, gauginos λaα, and the real scalar auxiliary field Da, where a = 1, . . . , 8

for SU(3)C , a = 1, 2, 3 for SU(2)L and a = 1 for U(1)Y . The SUSY gauge Lagrangian

could be written as:

Lgauge = −1

4
F aµνF a

µν + iλa†σµDµλ
a +

1

2
DaDa , (2.30)

where F a
µν = ∂µA

a
ν − ∂νA

a
µ + gfabcAbµA

c
ν is the field strength tensor, and the covari-

ant derivative of the gaugino field is Dµλ
a = ∂µλ

a + gfabcAbµλ
c. In the Wess-Zumino

gauge [26], the supersymmetric transformation of the gauge supermultiplets are:

δAaµ = − 1√
2

(
ε†σµλ

a + λ†aσµε
)
,

δλaα = i
2
√

2
(σµσνε)αF

a
µν + 1√

2
εαD

a ,

δDa = i√
2

(
−ε†σµDµλ

a +Dµλ
†aσµε

)
.

(2.31)

Suppose that the chiral supermultiplets transform under the gauge group in a rep-

resentation T a satisfying [T a, T b] = ifabcT c. Then the last two transformation rules of
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Eqn. (2.26) should be implemented as

δψiα = −i(σµε†)αDµφi + εαFi ,

δFi = −iε†σµDµψi +
√

2g(T aφ)iε
†λ†a .

(2.32)

The general Lagrangian density for a renormalizable supersymmetric field theory is:

L = Lchiral + Lgauge −
√

2g(φ∗T aψ)λa −
√

2gλ†a(ψ†T aφ) + g(φ∗T aφ)Da . (2.33)

One could integrate out the D term by its equation of motion Da = −gφ∗T aφ.

The last ingredient for a recipe for constructing the supersymmetric interaction at

TeV scale is the soft SUSY breaking terms, which is required since the SUSY is broken

at the current collider scale as discussed in previous section. The possible soft SUSY

breaking terms in the Lagrangian of a theory free of quadratic divergence [27] are:

Lsoft = −
(
tiφi +

1

2
Ma(λ

a)2 +
1

2
bijφiφj +

1

6
aijkφiφjφk + c.c.

)
− (m2)ijφ

∗jφi , (2.34)

where the tadpole coupling only shows up when φi is a gauge singlet which is absent

from the MSSM. The gaugino masses, Ma, scalar squared mass terms, (m2)ij and bij,

and the (scalar)3 coupling, aijk, are to be explained by deeper underlining models, and

all mass terms have mass scale msoft ≤ 1 TeV to be observed at the LHC.

Based on the recipe above, we will build the Minimal Supersymmetric Standard

Model in the following section.

The Lagrangian of the Minimal Supersymmetric Standard Model

The kinetic terms and gauge couplings of the MSSM Lagrangian are completely deter-

mined by supersymmetry, the choice of the gauge group SU(3)C×SU(2)L×U(1)L, and
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the choice of the quantum numbers of the matter fields. The Lagrangian must be of the

form (2.34). The only input parameters are the gauge couplings g1, g2, and g3.

As discussed in the previous section, the superpotential induces nonlinear fermion-

scalar interaction, so the Higgs Yukawa coupling should be generated by terms included

in the superpotential. For the MSSM, the superpotential generating Yukawa coupling

is:

WYuk = uia(yu)ijQj
αa(Hu)βε

αβ − d
ia

(yd)ijQj
αa(Hd)βε

αβ − ei(ye)ijLjα(Hd)βε
αβ . (2.35)

The notations for chiral superfields follow what are introduced in Table 2. The indices

i, j = 1, 2, 3 are family indices running over the three generations. The indices α, β = 1, 2

and a = 1, 2, 3 are SU(2) isospin indices and SU(3) color index. Notice that the first

term requires a Y = +1/2 Higgs field Hu, while the latter two require a Y = −1/2

Higgs field Hd. The dimensionless Yukawa coupling parameters yu,yd,ye are 3 × 3

complex matrices, each of which could be diagonalized by two unitary transformation,

e.g. , yd = UdYdVd
†, with Ud and Vd being unitary matrices for field redefinitions

and leaving Yd a positive real diagonal matrix. The unitary transformation cancels out

in the kinetic and gauge coupling terms the Lagrangian, but for the weak coupling, it

introduces the Cabibbo-Kobayashi-Maskawa matrix VCKM = Vd
†Vu as in the case of

the Standard Model.

To generating the Higgs masses, we need to introduce µ term

Wµ = µHuαHdβε
αβ . (2.36)

Because this term is in the superpotential, it does not receive additive radiative cor-

rections. The scalar potential of the MSSM depends on two types of dimensionful
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Figure 4: Proton decay p → e+π0mediated by a sstrange or a sbottom. Adapted
from [20]

parameters, the SUSY preserving mass µ and the SUSY breaking soft mass msoft. The

observed the electroweak symmetry breaking suggested that both masses should be of

the order of 100 GeV. This is ”the µ problem”.

Other than µ, there is another new parameter beyond those in the Standard Model,

the ratio of the vacuum expectation values of two Higgs doublets:

tan β ≡ 〈Hu〉/〈Hd〉 . (2.37)

Actually, one could also add some more terms into the superpotential, like:

W∆L=1 = 1
2
λijkLiLjek + λ′ijkLiQjdk + µ′iLiHu ,

W∆B=1 = 1
2
λ′′ijkuidjdk .

(2.38)

If both terms are present, one could expect rapid proton decay, as in Fig. 4. Then the

life-time of proton would be

Γp ∼
m5
p

m4
q̃

|λ′′λ′| . (2.39)

If the coupling strengths are of order λ′′, λ′ ∼ 1, and squark masses are of the order 1
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TeV, the life-time is far less than 1 second. This contradicts the observed limit of proton

life-time, which is in excess of 1032 years.

In constructing a SUSY model, it is necessary to forbid these terms either by imposing

discrete symmetry or arranging the couplings to be extremely small by hand [28]. In

the MSSM, a discret symmetry, called R-parity, is introduced to conserve the baryon

number B and the lepton number L,

R = (−1)3B+L+2J , (2.40)

where J is the spin of the particle. By construction, the particles of the Standard Model

have R = +1, and their superpartners have R = −1.

If the R-parity is conserved, the lightest supersymmetric particle (LSP) is absolutely

stable, and all other sparticles will eventually decay to LSP. Therefore, the LSP will

be a good candidate [29] for dark matter. Also, superpartners of the Standard Model

particles must be produced in pairs.

The last piece of the MSSM Lagrangian is the soft SUSY breaking terms:

LMSSM
soft = −1

2

(
M3g̃g̃ +M2W̃W̃ +M1B̃B̃ + c.c.

)
−Q̃†m2

QQ̃− L̃†m2
LL̃− ˜̄um2

ū
˜̄u† − ˜̄dm2

d̄
˜̄d† − ˜̄em2

ē
˜̄e†

−m2
Hu
H∗uHu −m2

Hd
H∗dHd − (bHuHd + c.c.)

−
(

˜̄uauQ̃Hu − ˜̄dadQ̃Hd − ˜̄eaeL̃Hd + c.c.
)
.

(2.41)

In the first line of Eqn. (2.41), M3, M2 and M1 are the gluino, wino and bino masses.

The terms in the second line is the 3 × 3 squarks and slepton squared mass matrices,

which are complex and hermitian so that make the Lagrangian to be real. The last two

lines are the SUSY breaking contribution to the Higgs potential and (scalar)3 couplings.
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After a careful counting and proper redefinition, there are 105 new parameters [30] that

were not present in the Standard Model.

Mass Spectrum of the MSSM

There are two Higgs doublets Hu = (H+
u , H

0
u) and Hd = (H0

d , H
+
d ) in the MSSM. The

scalar potential consists of three kind of terms: F-term, D-term and soft contribution,

V = VF + VD + Vsoft ,

VF = |µ|2 (|H0
u|2 + |H+

u |2) + |µ|2 (|H0
d |2 + |H−d |2) ,

VD = 1
8
(g2 + g′2) (|H0

u|2 + |H+
u |2 − |H0

d |2 − |H−d |2)2

+1
2
g2|H+

u H
0∗
d +H0

uH
−∗
d |2 ,

Vsoft = m2
Hu

(|H0
u|2 + |H+

u |2) +m2
Hd

(|H0
d |2 + |H−d |2)

+[b (H+
u H

−
d −H0

uH
0
d) + c.c.] .

(2.42)

We can set b to be real and positive by a field redefinition, and set 〈H+
u 〉 = 0 and 〈H0

u〉

real and positive by an SU(2)L×U(1)Y gauge transformation. VD is minimized with

〈H−d 〉 = 0, and b term is minimized with 〈H0
d〉 being real positive. Collectively, the

VEV of the two Higgs fields are

vu ≡ 〈Hu〉 =

 0

1√
2
v sin β

 , vd ≡ 〈Hd〉 =

 1√
2
v cos β

0

 , (2.43)

CP cannot be spontaneously broken by the Higgs scalar potential, since the VEVs and

b terms can be simultaneously chosen real. Therefore, the Higgs mass eigenstates can
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be assigned well-defined eigenvalues of CP. The scalar potential is simplified as

V = m2
uv

2
u +m2

dv
2
d − 2bvuvd + 1

8
(g2 + g′2)(v2

u − v2
d)

2

= (vu vd)M
2

 vu

vd

+ +1
8
(g2 + g′2)(v2

u − v2
d)

2 ,

(2.44)

where

m2
u ≡ (|µ|2 +m2

Hu
) m2

d ≡ (|µ|2 +m2
Hd

) M2 ≡

 m2
u −b

−b m2
d

 .

We know at the minimum v2
u+v2

d ∼ (174 GeV)2, so that mW = gv/2. In the situation of

vu = vd, the quartic interaction is identically zero. To have the scalar potential bounded

below, i.e.the vacuum stability requires

m2
u +m2

d > 2b . (2.45)

The electroweak symmetry breaking requires that vu = vd = 0 is not a stable minimum,

in other word, one of the eigenvalues of M2 has to be negative, detM2 < 0. We get

another constraint:

m2
um

2
d < b2 . (2.46)

In the situation of both (2.45) and (2.46) satisfied, one can minimize V to find

sin(2β) = 2b
m2

u+m2
d
,

m2
Z =

|m2
Hd
−m2

Hu
|2√

1−sin2(2β)
−m2

Hd
−m2

Hu
− 2|µ|2 .

(2.47)

From the second equation, one finds that without unnatural cancellations, all of the

input parameters should be of the same order with mZ = 1
2
(g2 + g′2)(v2

u + v2
d), which

demonstrates ”the µ problem” in the MSSM.
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There are two complex isospin doublets for the MSSM Higgs fields, equivalently,

there are eight real degrees of freedom. After electroweak symmetry breaking, three of

them would be Nambu-Goldstone bosons, denoted as G0 and G±, which will be eaten

by massive Z0 and W± to be longitudinal modes. The remaining five would become:

two neutral scalars h0 and H0, one neutral pseudoscalar A0, and two charged scalar H±.

The gauge eigenstate fields could be express in terms of mass eigenstate fields as H0
u

H0
d

 =

 vu

vd

+ 1√
2

 cosα sinα

− sinα cosα


 h0

H0



+ i√
2

 sin β cos β

− cos β sin β


 G0

A0

 ,

 H+
u

H−∗d

 =

 sin β cos β

− cos β sin β


 G+

H+

 .

(2.48)

The mass of mass eigenstate fields are

m2
G0 = m2

G± = 0 ,

m2
A0 = 2b/ sin(2β) = m2

u +m2
d ,

m2
h0,H0 = 1

2

(
m2
A0 +m2

Z ∓
√

(m2
A0 +m2

Z)2 − 4m2
A0m2

Z cos2(2β)
)
,

m2
H± = m2

A0 +m2
W .

(2.49)

At tree-level, one finds another constraint from manipulating the third equation above,

m2
h0 ≤ m2

Z cos2(2β) ≤ m2
Z , (2.50)

where the equalities hold when mA0 � mZ , which is called ”decoupling limit”. At

that limit, We see that, in contrast to the Standard Model, there is an upper limit
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for the Higgs mass, and the h0 is the lightest Higgs boson in the MSSM, which is the

Standard Model liked Higgs. At loop level, large stop masses make important radiative

contributions to the upper limit [31], and the upper limit is replaced by

m2
h0 < m2

Z +
3g2m4

t

8π2m2
W

[
ln

(
m2
t̃1

+m2
t̃2

2m2
t

)
+

2X2
t

m2
t̃1

+m2
t̃2

(
1− X2

t

6(m2
t̃1

+m2
t̃2

)

)]
, (2.51)

where mt̃1,2 are the stop mass in the mass eigenstate after mixing between mt̃L
and mt̃R

,

and Xt is a stop mixing parameter will be defined later in this section. Under reasonable

assumptions, like maximal stop mixing X2
t = 3(m2

t̃1
+ m2

t̃2
), the upper bound could be

weaken to mh0 . 130 GeV [32], or in case of the MSSM being perturbative up to the

Planck or GUTs scale mh0 . 150 GeV [33].

For the sfermion sector, in principle, any scalars with the same quantum num-

bers can mix up with each other. Henceforth, with completely general soft SUSY

breaking terms (2.41), the mass eigenstates of sfermions should be from diagonaliz-

ing three 6 × 6 (mass)2 matrices for (ũL, c̃L, t̃L, ũR, c̃R, t̃R), (d̃L, s̃L, b̃L, d̃R, s̃R, b̃R), and

(ẽL, µ̃L, τ̃L, ẽR, µ̃R, τ̃R), and one 3 × 3 (mass)2 matrix for sneutrinos (ν̃e, ν̃µ, ν̃τ ). Fortu-

nately, some experiments show that some organizing principle must underline the soft

SUSY breaking terms, since most of parameters in (2.41) would induce flavor mixing or

CP violation at the level severely restricted by experiments.

For example, if m2
ē is not diagonalized, we would expect there is mixing between

smuon and selectron, as shown in Fig. 5. One finds that life time [34] of µ → eγ decay

channel is:

Γ(µ→ eγ) = 5× 10−15 eV

(
m2
µ̃∗RẽR

m2
l̃R

)2(
100 GeV

ml̃R

)4

, (2.52)

where m2
µ̃∗RẽR

≡ (m2
ē)12 = (m2

ē)∗21, with m2
l̃R

being almost degenerate slepton masses.
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Figure 5: µ → eγ with contribution from soft supersymmetric breaking terms. Adapted
from [20]

Figure 6: K −K mixing with contribution from soft supersymmetric breaking terms.

The current experiment limit [35] is Γ(µ→ eγ) < 3.6× 10−21 eV, so one would expect(
m2
µ̃∗RẽR

m2
l̃R

)
< 0.02

( ml̃R

500 GeV

)2

. (2.53)

The off diagonal terms m2
s̃∗Rd̃R

could also induce undesired meson mixing, as shown

in Fig. 6. Weaker constraints also come from D0 − D
0

mixing, B0
d − B

0

d mixing and

B0
s −B

0

s mixing. This is called ”the flavor problem” of the MSSM. Theories generating

the soft SUSY breaking terms should address this problem. Like in the models of gauge-

mediated [36] and anomaly-mediated [37] SUSY breaking, the soft terms only depend

on the SU(2)L×U(1)Y quantum numbers, hence automatically diagonal in flavor. If we

assume the soft SUSY breaking terms in Eqn. (2.41) is diagonal in flavor, we reduce the
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number of overall new parameters from 105 to 22.

There are two sources of the sfermion masses. One is from the soft term Eqn. (2.41).

Without flavor mixing, this is

Lsoft = −M2
f |f̃ |2 . (2.54)

The other one comes from the D-term potential, which is the last term in Eqn. (2.30),

with Da = −g(φ∗T aφ). The potential contains the cross terms between the Higgs field

and sfermion field as

VD = g2(H†d
σ3

2
Hd +H†u

σ3

2
Hu)(f̃

∗T3f̃)

+g′2(−1
2
H†dHd + 1

2
H†uHu)(f̃

∗Y f̃) .

(2.55)

Inserting the VEVs of Higgs doublets, one can rewrite the potential as

VD = f̃ ∗
[
v2

4
(cos2 β − sin2 β)(g2T3 − g′2Y )

]
f̃

= f̃ ∗
[

(g2+g′2)v2

4
cos 2β (T3 − sin2 θW (T3 + Y ))

]
f̃

= f̃ ∗
[
m2
Z cos 2β(T3 − sin2 θWQ)

]
f̃ .

(2.56)

For convenience, we define

∆f = m2
Z cos 2β(T3 − sin2 θWQ) . (2.57)

The mass of the first and second generation sfermions takes the form

m2
f = M2

f + ∆f , (2.58)

where the mass proportional to fermion masses could be neglected since they are far be-

low electroweak scale. For the third generation sfermions, the contribution from Yukawa
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coupling and A terms in (2.41) could be significant. Carefully putting everything to-

gether, we have a squared-mass matrix for the stops in gauge eigenstate

Lstop = −(t̃∗L t̃
∗
R) m2

t̃

 t̃L

t̃R

 , (2.59)

where

m2
t̃

=

 M2
t + ∆t +m2

t mtXt

mxXt M2
t̄ + ∆t̄ +m2

t

 , (2.60)

with the stop mixing parameter Xt = At − µ cot β. Similarly, we can find the mass

matrices for τ̃ , ˜̄τ and b̃, ˜̄b of the same structure with cot β replaced by tan β. Because

of mixing, in the third generation, one sfermion in mass eigenstate is pushed down in

mass, which is often the lightest squark or even the LSP of the models.

In a word, for the sfermion sector, the first and second generation sfermions come in 7

nearly degenerate unmixed pairs, (ẽR, µ̃R), (ẽL, µ̃L), (ν̃e, ν̃µ), (ũL, c̃L), (ũR, c̃R), (d̃L, s̃L),

(d̃R, s̃R). The third generation sfermions are different, because of large renormalization

group effects [20] from Yukawa and (scalar)3 couplings.

Finally, let’s scrutinize the gaugino and Higgsino masses. Since, gauginos and Hig-

gsinos have the same quantum numbers after electroweak symmetry breaking, they will

mix with each other. The neutral Higgsinos H̃0
u and H̃0

d will mix with the neutral gaugi-

nos B̃ and W̃ 0 to form 4 mass eigenstates called neutralinos, denoted as Ñi(i = 1, 2, 3, 4).

The charged Higgsinos H̃+
u and H̃−d will mix with two charged winos W̃± to form 2 mass

eigenstates called charginos, denoted as C̃±i (i = 1, 2), where W̃± = (W̃ 1 ∓ W̃ 2)/
√

2.
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From the fermion-gaugino-scalar coupling in (2.33), one finds the neutralino mass term:

LÑ = −1

2

(
B̃ W̃ 0 H̃0

d H̃
0
u

)
MÑ



B̃

W̃ 0

H̃0
d

H̃0
u


+ c.c. , (2.61)

with mass matrix being

MÑ =



M1 0 −g′vd/
√

2 g′vu/
√

2

0 M2 gvd/
√

2 −gvu/
√

2

−g′vd/
√

2 gvd/
√

2 0 −µ

g′vu/
√

2 −gvu/
√

2 −µ 0


. (2.62)

The matrix is complex and symmetric, so can be diagonalized by a unitary matrix N to

obtain the mass eigenstates,

MÑ = N∗diag(mÑ1
,mÑ2

,mÑ3
,mÑ4

)N† , Ñi = Nij

(
B̃ W̃ 0 H̃0

d H̃
0
u

)T

. (2.63)

Similarly, one finds the chargino mass matrix

LC̃ = −(W̃+ H̃+
u )

 M2 gvu

gvd µ


 W̃−

H̃−d

 . (2.64)

After diagonalizing, one get the double degenerate mass eigenvalue

m2
C̃1,2

= 1
2
[|M2|2 + |µ|2 + 2m2

W

∓
√

(|M2|2 + |µ|2 + 2m2
W )2 − 4|µM2 −m2

W sin 2β|2] .

(2.65)
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One should notice that µ must be non-zero, otherwise, det(MÑ) = 0, and the lightest

neutralino will be massless, the lightest chargino will have mass below 100 GeV. If

mZ � |µ ± M1,2|, and M1,M2 � µ, typical mass spectrum would be the lightest

neutralino Ñ1 is the LSP and ”bino-like”, with the mass roughly M1; the neutralino Ñ2

and the charginos C̃±1 are ”wino-like”, with the mass roughly M2; the neutralinos Ñ3,4

and the charginos C̃±2 are ”higgsino-like”, with the mass roughly µ.

For the gluinos, they are color octect fermions, which cannot mix with anything else.

A popular assumption is M1 = M2 = M3 at the grand unification scale, then with the

RG runs down to the TeV scale, the gluino mass parameter is related with bino, wino

masses by

M3 : M2 : M1 ≈ 6 : 3 : 1 . (2.66)

So far, we briefly introduce the minimal supersymmetric standard model. For more

detail, one could see any up-to-date textbooks [38] or lecture notes [39].

2.3 Minimal SU(5) Grand Unification

The Standard Model quarks and leptons of each generation could fill in a multiplet of

gauge group SU(5). This suggests that one could fit the Standard Model gauge group

SU(3)×SU(2)×U(1) into larger single gauge group, SU(5), SO(10) or E6, which describes

fundamental gauge symmetry. The Standard Model would be a lower energy version of

the unified theory after spontaneously breaking the unified group into the Standard

Model gauge group.

The generators of SU(5) can be represented as 5× 5 Hermitian matrices which acts

on a vector in the fundamental representation. The Standard Model gauge group could
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be embedded in block diagonal forms. The generators correspond to the Standard Model

are identified as

SU(3) :

 T a

0

 , SU(2) :

 0

τa

 , U(1) :

√
3

5

 −1
3
1

1
2
1

 , (2.67)

where T a is a 3 × 3 SU(3) generator, τa is a 2 × 2 Pauli matrix, and they are both

normalized as tr[TA, TB] = 1
2
δAB. The U(1) matrix tells the hypercharges by

√
3/5Y .

The vacuum expectation value of a Higgs field in the adjoint representation of SU(5)

can cause the symmetry-breaking. The VEV

〈Φ〉 = v

 −1
3
1

1
2
1

 , (2.68)

commutes with the Standard Model generators in (2.67), but not commutes with other

off-diagonal generators of SU(5) gauge group. Therefore the VEV gives mass to off-

diagonal generators and break the gauge group SU(5) to SU(3)×SU(2)×U(1).

The matter field of the model could be organized as left-handed Weyl fermions in

the conjugate of fundamental representation 5 of SU(5), or in the representation 10 of

SU(5), which is the anti-symmetric matrix:

5 :



d̄

d̄

d̄

e

ν


, 10 :



0 ū ū u d

−ū 0 ū u d

−ū −ū 0 u d

−u −u −u 0 ē

−d −d −d −ē 0


. (2.69)
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By letting the generators in (2.67) acting on the fields, one could check that the quantum

numbers are the same with those of the Standard Model. 5 and 10 could be decompose

into the Standard Model gauge group as

5 = (3,1,+2/3) ⊕ (1,2,−1) ,

10 = (1,1,+2) ⊕ (3,1,−4/3) ⊕ (3,2,+1/3) .

(2.70)

The covariant derivative of SU(5) model is of the form

Dµ = ∂µ − igUAaµT aU , (2.71)

where gU is the unique SU(5) gauge coupling constant, and T aU are the full set of SU(5)

generators. Since there is only one gauge group, it must have an unique coupling con-

stant, which requires all the Standard Model couplings related by

g1 = g2 = g3 = gU , where g1 =

√
5

3
g′ , g2 = g , g3 = gs . (2.72)

This is certainly not the case at current collider energy scale, or electroweak scale, so we

require they are unified when run to the so called grand unification scale, which is also

the way to define the GUTs scale.

At one-loop level, the renormalization group equations evolve as

dαi
d log Q

= − bi
2π
α2
i , where αi ≡

g2
i

4π
. (2.73)

For the U(1) part of the Standard Model gauge group, the RG coefficient

b1 = −2

3

∑
f

3

5
Y 2
f −

1

3

∑
b

3

5
Y 2
b , (2.74)

which sum over all left-handed fermions and complex bosons, with the coefficient 3
5

following the definition in (2.67). For the non-Abelian parts of the gauge group, the RG
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Figure 7: Renormalization group evolution of α−1
i (Q), with dashed lines for the Standard

Model and solid lines for the MSSM

coefficient

b = −11

3
C2(G) − 2

3

∑
f

C(rf )−
1

3

∑
b

C(rb) , (2.75)

where C2(G) is the quadratic Casimir of the group G, and C(r) is the Casimir invariant

defined as Tr[T ar , T
b
r ] = C(r)δab with generators Tr in the representation r.

The solution to the RGE (2.73) is

αi(Q) =
αi(ΛU)

1− bi
2π

log Q
Λ
αi(ΛU)

, (2.76)

where ΛU is the grand unification mass scale, at which three gauge couplings gi become

equal, which is also the SU(5) symmetry breaking scale.
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For the Standard Model gauge group, one finds

b1 = − 4
3
nf − 1

10
nH ,

b2 = 22
3
− 4

3
nf − 1

6
nH ,

b3 = 11 − 4
3
nf ,

(2.77)

where nf is the number of generations, which equals to 3 for the case of the Standard

Model, and nH is the number of Higgs doublets, which is 1. For a supersymmetric model,

one finds

b1 = − 2nf − 3
10
nH ,

b2 = 6 − 2nf − 1
2
nH ,

b3 = 9 − 2nf ,

(2.78)

where in the MSSM, nf = 3 and nH = 2. Fig. 7 compares the renormalization group

evolutions of α−1
i (Q) for the Standard Model (dashed lines) and the MSSM (solid lines),

where the sparticle mass thresholds are varied between 250 GeV and 1 TeV with α3(mZ)

between 0.113 and 0.123. Unlike the Standard Model, the MSSM ensures that the gauge

couplings can unify at a scale ΛU ∼ 1016 GeV, which is an important phenomenon in

favor of the grand unification theory. For a more detailed analysis, see [40].

We give a fairly brief introduction about the idea of SU(5) GUT in this section, and

for a detail of grand unification theories, one could check the standard text books [41].

2.4 Top Quarks as a Window to High Scale Physics

The top quark plays a special role in the Standard Model and the searching for new

physics beyond the Standard Model. There are several considerations make it interested
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by high energy physicists [42]:

• Top quark has a mass at the electroweak scale m ∼ v/
√

2, and largest Yukawa

coupling among the Standard Model fermions.

• Top quark loop makes the largest contribution to the quadratic divergence of the

Standard Model Higgs mass, which makes the top quark mass a crucial parameter

for precision electroweak test.

• Heavy mass of top quark make the decay to heavy final states a larger phase space.

• It decays before getting hadronized, which save the opportunity for us to explore

properties of a ”bare quark”, especially making the study of the spin correlation

possible.

There are two directions to study high scale physics via top quarks, i.e., decay and

production.

We are expecting 80 million tt̄ events plus 34 million single-top events with the

designed luminosity at the LHC. This high production rate for the top quarks make us

a great chance to search for top quark rare decay with a branching fraction as small as

10−6. Those rare decays might be a torch for new physics searching.

For the study of resonant production of top quarks via a heavy intermediate state,

such as a string resonance, with semi-leptonic decaying top pairs, it is possible to fully

reconstruct the resonance kinematics. This opens up a way to fully exploring of the

properties of the resonant state at the center-of-mass frame.

In the following sections, we will study the string resonances and baryon number

violation processes involving top quarks along these two directions.
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Chapter 3

String Resonance in tt Channel at

the LHC

1With the turn-on of the CERN Large Hadron Collider (LHC), a new era of discovery has

just begun. This is an opportune time to explore and anticipate various exotic signatures

of physics beyond the Standard Model (BSM) that could potentially be revealed at the

LHC. Arguably, a major driving force behind the consideration of BSM physics is the

hierarchy problem, i.e. , the puzzle of why there is such a huge disparity between the

electroweak scale and the apparent scale of quantum gravity. Thus, it is of interest to

identify what kind of novel signatures can plausibly arise in theories with the capacity

to describe physics over this enormous range of scales. String theory being our most

developed theory of quantum gravity provides a perfect arena for such investigations.

Despite this promise, attempts to extract collider signatures of string theory have

been plagued with difficulties. First of all, the energy scale associated with string theory,

known as the string scale Ms ∼ 1/
√
α′, is often assumed to be close to the Planck scale

or the Grand Unification (GUT) scale [44], making direct signals difficult to access.

Secondly, most if not all string constructions come equipped with additional light fields

even in the point particle (i.e., α′ → 0) limit. These light BSM particles may include new

1This section is based on the paper by Z.D., et. al. [43].
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gauge bosons, an extended Higgs sector, or matter with non-Standard Model charges.

Their quantum numbers and couplings vary from model to model, and thus their presence

makes it difficult to separate the “forest” (genuine stringy effects) from the “trees”

(peculiarities of specific models). Without reference to specific models, most studies

resort to finding “footprints” of string theory on low energy observables and the relations

among them, e.g., the pattern of the resulting soft supersymmetry Lagrangian [45–47].

In recent years, however, it has become evident that the energy scale associated with

string effects can be significantly lower than the Planck or GUT scale. With the advent

of branes and fluxes (field strengths of generalized gauge fields), it is possible for the

extra dimensions in string theory to be large [48,49] (realizing concretely earlier sugges-

tions [50,51]) or warped [52–57] while maintaining the observed gauge and gravitational

couplings. In the presence of large extra dimensions, the fundamental string scale is

lowered by the dilution of gravity. For warped extra dimensions, the fundamental string

scale remains high but there can be strongly warped regions in the internal space where

the local string scale is warped down. In either case, the energy scale associated with

string effects is greatly reduced and can in principle be within the reach of the current

and upcoming collider experiments. Indeed, preliminary studies have demonstrated that

if the string scale (fundamental or local) is sufficiently low, such string states can induce

observable effects at the LHC [58–70].

Another development which motivates our current studies is the interesting obser-

vation that for a large class of string models where the Standard Model is realized on

the worldvolume of D-branes2, the leading contributions to certain processes at hadron

colliders are universal [62]. This is because the string amplitudes which describe 2→ 2

2For some recent reviews on D-brane model building, see, e.g., [71–74].
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parton scattering subprocesses involving four gluons as well as two gluons plus two

quarks are, to leading order in string coupling (but all orders in α′), independent of

the details of the compactification. More specifically, the string corrections to such par-

ton subprocesses are the same regardless of the configuration of branes, the geometry

of the extra dimensions, and whether supersymmetry is broken or not. This model-

independence makes it possible to compute the leading string corrections to dijet signals

at the LHC [63]. Naively, the four fermion subprocesses like quark-antiquark scatter-

ing, include (even in leading order of the string coupling) also the exchanges of heavy

Kaluza-Klein (KK) and winding states and hence they are model specific. However,

their contribution to the dijet production computed in [63] is color and parton distribu-

tion function (PDF) suppressed. Moreover, the s-channel excitation of string resonances

is absent in these four fermion amplitudes. Therefore, not only do these four fermion

subprocesses not affect the universality of the cross section around string resonances,

the effective four-fermion contact terms generated by the KK recurrences can be used

as discriminators of different string compactifications [64]. Furthermore, due to the

structure of the Veneziano amplitude, the effective four-fermion interactions resulting

from integrating out the heavy string modes come as dimension-8 rather than the usual

dimension-6 operators (and thus further suppressed by s/M2
s ), leading to a much weaker

constraint on Ms from precision electroweak tests [75]. Thus, within this general frame-

work of D-brane models, one can cleanly extract the leading model-independent genuine

stringy effects, while precision experiments may allow us to constrain the subleading

model-dependent corrections and hence the underlying string compactification.

In this section, we revisit the prospects of detecting string resonances at the LHC

in light of the above developments. By considering various possible decay products of
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the string resonances, we identify a unique detection channel as tt production. Be-

sides the enhancement of quark production in comparison to the electroweak processes

like diphoton or ZZ by the group (so called Chan-Paton) factors, the Standard Model

background for tt production is about 10−2 of a generic jet and thus provides a good

signal to background ratio for detection of new physics (see e.g. [42])). In contrast to

other quarks, top quarks promptly decay via weak interaction before QCD sets in for

hadronization [76]. Rather than complicated bound states, the properties of “bare” top

quarks may be accessible for scrutiny, e.g., through their semi-leptonic decay [42], or

the more recently discussed methods to identify highly boosted tops. Among the most

distinctive features of string theory is the existence of a tower of excited states with

increasing mass and spin, the so called Regge behavior. The exchanges of such higher

spin states lead to unusual angular distributions of various cross sections, which can be

used to distinguish these string resonances from other new BSM massive particles such

as Z ′. We investigate the discovery potential of string resonances at the LHC, with

particular emphasis on tt production and their angular distributions.

This section is organized as follows. In Section 3.1, we discuss string theory ampli-

tudes relevant for tt production at the LHC. We decompose the cross sections in terms of

the Wigner d-functions to facilitate the analysis of their angular distributions. We also

derive the decay widths of the first and second excited string resonances into Standard

Model particles. In Section 3.2, we present the results of our detailed phenomenological

study for the signal final state of tt̄ at the LHC. We further extend the signal study to

include the tt̄g channel in Section 3.3, which leads to the possibility to discover both

n = 1 and 2 string states in the same event sample. We comment on the signal treatment

for a significantly heavier string state in Section 3.4. We conclude in Section 3.5.
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3.1 tt̄ Production via a String Resonance

Let us start with the string amplitudes relevant to tt production. At the parton level,

the main contribution comes from the gg → tt̄ subprocess since, as explained in [63], the

qq̄ → tt̄ amplitude is suppressed compared to gluon fusion by both color group factors

and parton luminosity. We can adopt the gluon fusion amplitude computed in [63] as it

does not distinguish, for the purpose of our discussions3, different types of quarks:

|M(gg → tt̄)|2 =
g4

6

t2 + u2

s2

[
1

ut
(tVt + uVu)

2 − 9

4
VtVu

]
, (3.1)

Vt ≡ V (s, t, u) ≡ Γ(1− s

M2
s

)Γ(1− u

M2
s

)/Γ(1 +
t

M2
s

), Vu ≡ V (s, u, t), (3.2)

and for completeness Vs ≡ V (t, s, u). The Veneziano amplitude V may develop simple

poles near the Regge resonances. In the following, we analyze this amplitude around the

n = 1, 2 resonances.

3.1.1 n = 1 Resonances

There are no massless particles propagating in the s-channel in the energy regime far

below the string scale. We will focus on the first Regge string resonance when s→M2
s .

Expanding the expression around s = M2
s , we have for n = 1

|M(gg → tt̄)|2 =
7

24

g4

M4
s

[
0.24

ut(u2 + t2)

(s−M2
s )2 + (ΓJ=2

g∗ Ms)2
+ 0.76

ut(u2 + t2)

(s−M2
s )2 + (ΓJ=2

C∗ Ms)2

]
(3.3)

where g∗ and C∗ label the string resonances of SU(3) gluon and U(1) gauge boson on the

U(3) QCD bane stack. We have included their decay widths to regularize the resonances.

3As we will discuss in Section 3.5, model-dependent processes such as four-fermion amplitudes can
distinguish different quarks as well as their chiralities.
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Figure 8: The normalized angular distribution of gg → tt̄ via the exchange of a string
resonance for (a) n = 1 (top), and (b) n = 2 (bottom).

The decay rates are given by [68]

ΓJ=2
g∗ = 45 (

Ms

1 TeV
) GeV, and ΓJ=2

C∗ = 75 (
Ms

1 TeV
) GeV. (3.4)

Let the angle between the outgoing t quark and the scattering axis (ẑ) be θ, the

Mandelstam variables t and u can be written as

t = −s
2

(1 + cos θ), u = −s
2

(1− cos θ). (3.5)

It is intuitive to see the feature of the amplitudes in terms of the contributions from
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states with a fixed angular momentum. The amplitudes can be decomposed as follows

M(s, t, u) = 16π
∑
j,m,m′

(2j + 1)aj,m,m′(s)d
j
m,m′(θ), (3.6)

where the Wigner d-function djm,m′(θ) signifies a state of total angular momentum j,

with m (m′) the helicity difference of the initial (final) state particles. We thus find

|M(gg → tt̄)|2 =
7

96
g4M4

s

[
0.24

|d2
2,1(θ)|2 + |d2

2,−1(θ)|2
(s−M2

s )2 + (ΓJ=2
g∗ Ms)2

+ 0.76
|d2

2,1(θ)|2 + |d2
2,−1(θ)|2

(s−M2
s )2 + (ΓJ=2

C∗ Ms)2

]
.

(3.7)

It yields a spin J = 2 resonance, with a dominant P-wave behavior. The angular

distribution of the gg → tt̄ amplitude for n = 1 is depicted in Fig. 8(a).

The integrated cross section is, for mt �Ms,

σ(gg → tt̄)n=1 =

∫ 1

−1

d cos θ

32πs
|M(gg → tt̄)|2

=
7

240

g4M2
s

32π

[
0.24

(s−M2
s )2 + (ΓJ=2

g∗ Ms)2
+

0.76

(s−M2
s )2 + (ΓJ=2

C∗ Ms)2

]
.(3.8)

3.1.2 n = 2 Resonances

Amplitudes

The Veneziano amplitude near the second Regge resonance is approximated by expand-

ing around s = 2M2
s as

V (s, t, u) =
Γ(1− u

M2
s
)Γ(1− s

M2
s
)

Γ(1 + t
M2

s
)

≈ u(u+M2
s )

M2
s (s− 2M2

s )
. (3.9)

Therefore, we find

|M(gg → tt̄)|2 =
3

8
g4M4

s

(1− cos θ)2 + (1 + cos θ)2

(s− 2M2
s )2

(
sin θ cos θ

2

)2

. (3.10)
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The angular distribution can be expressed again in terms of the Wigner d-functions

as follows

1− cos(θ)

2

sin(θ) cos(θ)

2
=

1

3

√
2

5
d3

2,1(θ) +
1

6
d2

2,1(θ),

1 + cos(θ)

2

sin(θ) cos(θ)

2
=

1

3

√
2

5
d3

2,−1(θ)− 1

6
d2

2,−1(θ). (3.11)

Rewriting (3.10) in Breit-Wigner form,

|M(gg → tt̄)|2 = g4M4
s [

1

15

|d3
2,1(θ)|2 + |d3

2,−1(θ)|2
(s− 2M2

s )2 + 2(ΓJ=3
g∗∗ Ms)2

+
1

24

|d2
2,1(θ)|2 + |d2

2,−1(θ)|2
(s− 2M2

s )2 + 2(ΓJ=2
g∗∗ Ms)2

+
1

6

√
2

5

d3
2,1(θ)d2

2,1(θ)− d3
2,−1(θ)d2

2,−1(θ)

(s− 2M2
s )2 + ΓJ=3

g∗∗ ΓJ=2
g∗∗ (2M2

s )
].(3.12)

There are two string resonances of spin J = 2, 3 propagating in the s-channel. The

third term on the right-hand side is an interference term between J = 2 and J = 3

resonances. In Fig. 8(b) we plot the angular distribution. It is a superposition of P- and

D-waves. The interference vanishes upon integration and the cross section in the center

of mass frame is

σ(gg → tt̄)n=2 =
g4M2

s

32π

[
1

60

1

(s− 2M2
s )2 + 2(ΓJ=2

g∗∗ Ms)2
+

2

105

1

(s− 2M2
s )2 + 2(ΓJ=3

g∗∗ Ms)2

]
,

where ΓJ=2
g∗∗ and ΓJ=3

g∗∗ are the decay widths of the n = 2 string resonances with spin

J = 2 and J = 3 . The decay rates to Standard Model particles are calculated in the

following subsection, and can be found in Table 4. The total decay rate should also

include the decay channel to an n = 1 string resonance plus Standard Model particles.

Though we have not calculated this later decay rate in detail here, we argue below that

it should be comparable to the decay rates to a pair of Standard Model particles.
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The decay rate of an n = 2 string resonance into Standard Model particles

We calculate some decay rates of an n = 2 string resonance into Standard Model particles

such as gluons and quarks, following the approach in [68]. The Veneziano amplitude can

be expanded around the second pole as in Eq. (3.9).

We first look at the 4-gluon amplitudes. Using the approach in [68], the decay width

of g∗∗ resonance with spin J and color index a into two gluons with helicities and color

indices λ1, λ2, a1, a2 can be written as

ΓaJλ1λ2;a1a2
=

1

16(2J + 1)
√

2πMs

|F aJ
λ1λ2;a1a2

|2 (3.13)

Here F aJ
λ1λ2;a1a2

is the matrix element for the decay of a resonance g∗∗ with Jz = λ1 − λ2

into the two gluons, and can be extracted from the 4-gluon amplitude as

〈34; θ|M|12; 0〉 =
∑
a,J

〈34; θ|MaJ |12; 0〉

= (s− 2M2
s )−1F aJ

λ3λ4;a3a4
F aJ
λ1λ2;a1a2

dJλ1−λ2;λ3−λ4(θ) (3.14)

where dJ is the Wigner d-function as before.

We expand the 4-gluon amplitude around s = 2M2
s

M(g−1 , g
−
2 , g

+
3 , g

+
4 ) = 4g2

[ s
u
Vt Tr(T a1T a2T a3T a4 + T a2T a1T a4T a3)

+
s

t
Vu Tr(T a2T a1T a3T a4 + T a1T a2T a4T a3)

+
s2

tu
Vs Tr(T a1T a3T a2T a4 + T a3T a1T a4T a2)

]
=

8g2M2
s cos(θ)

s− 2M2
s

Tr([T a1 , T a2 ][T a3 , T a4 ])

= − 8g2M2
s

s− 2M2
s

d1
0,0(θ)fa1a2afa3a4a (3.15)

Here fa1a2a is the antisymmetric SU(N) structure constant. The color index a = 0

corresponds to the U(1) gauge boson C in the U(N), and since fa1a20 = 0 we see that
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the n = 2 resonance C∗∗ is not produced in gluon scattering and has no decay channel

into two gluons. This feature of n = 2 string resonances is different from that of the

lowest n = 1 resonances studied in [68].

From the above equation we see the string resonance has spin J = 1 and up to a

phase factor, the matrix element is

F a,J=1
++a1a2 = F a,J=1

−−a1a2 = 2
√

2gMsf
a1a2a (3.16)

After taking into account a factor of 1
2

from the double counting of identical particles,

and also the fact that in this case these are two degenerate resonances with distinct

chiral properties, one of which decays into (++) and the other one into (−−), we derive

the decay width of the J = 1 resonance into two gluons

ΓJ=1
g∗∗→gg =

1

2

1

16
√

2(2J + 1)πMs

∑
a1,a2

|F a,J=1
++a1a2|2 =

g2Ms

12
√

2π
N (3.17)

Here the color index a 6= 0, and we have used the SU(N) Casimir invariant C2(N) = N .

The other partial amplitudes can be obtained using cross symmetry. For example,

the partial amplitude M(g−1 , g
+
2 , g

−
3 , g

+
4 ) is obtained from the M(g−1 , g

−
2 , g

+
3 , g

+
4 ) above

by exchanging s and t variables, a2 and a3 indices. We again expand around the second

pole s = 2M2
s ,

M(g−1 , g
+
2 , g

−
3 , g

+
4 ) = − 8g2

s− 2M2
s

(
1 + cos θ

2

)2

cos θ fa1a2afa3a4a

= − 8g2

s− 2M2
s

(
1

3
d3

2,2(θ) +
2

3
d2

2,2(θ)

)
fa1a2afa3a4a (3.18)

We see there are spin J = 2 and J = 3 resonances propagating in the s-channel. The
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channel ΓJ=1
g∗∗ ΓJ=2

g∗∗ ΓJ=3
g∗∗

gg N
3
√

2
4N

15
√

2
2N

21
√

2

qq̄ 0
Nf

240
√

2

Nf

105
√

2

Table 4: The decay widths of n = 2 string resonances. All quantities are to be multiplied
by the factor g2

4π
Ms. For the Standard Model, N = 3, Nf = 6.

matrix elements and decay widths are

F a,J=2
±∓a1a2 =

4√
3
gMsf

a1a2a, F a,J=3
±∓a1a2 =

2
√

2√
3
gMsf

a1a2a (3.19)

ΓJ=2
g∗∗→gg =

g2Ms

15
√

2π
N, ΓJ=3

g∗∗→gg =
g2Ms

42
√

2π
N (3.20)

We then consider the decay channel to quarks

M(q−1 , q̄
+
2 , g

−
3 , g

+
4 ) = 4g2M2

s

(
1

3

√
2

5
d3

2,−1(θ)− 1

6
d2

2,−1(θ)

)
[T a3 , T a4 ]α1α2 , (3.21)

where α1, α2 are indices for quarks. We find the matrix elements and decay widths

F a,J=2

± 1
2
∓ 1

2
α1α2

=

√
3

6
gMsT

a
α1α2

, F a,J=3

± 1
2
∓ 1

2
α1α2

=
2√
15
gMsT

a
α1α2

(3.22)

ΓJ=2
g∗∗→qq̄ =

g2Ms

960
√

2π
Nf , ΓJ=3

g∗∗→qq̄ =
g2Ms

420
√

2π
Nf (3.23)

We list the decay widths of various channels in Table 4. We see the decay width

to quarks are much smaller than the decay width to gluons. In our analysis of the tt̄

channel for the n = 2 string resonances, we will encounter the spin J = 2 and J = 3

resonances, but not the J = 1 resonance.

Estimation of the total decay width of n = 2 string resonance

It is well known that the highest spin of string excitations at level n is J = n + 1.

Therefore, for an n = 2 string resonance, there are three possible spins associating with
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it, listed in Table 4, and the states of different J should correspond to different particles,

as in the case of the Standard Model. Thus we could estimate the decay widths for the

different J states separately.

In section 3.1.2, we derived the decay widths for the various channels of an n = 2

string resonance decaying into two Standard Model particles (both identified as n = 0

ground states). Other than these channels, the n = 2 string resonance (SR2) could also

decay into an n = 1 string resonance (SR1) and an n = 0 Standard Model particle (SM).

The decay width of these later processes is what we would like to estimate here. We will

leave an explicit calculation of such decay width for future work, as it is sufficient for

our purpose to estimate and compare it with the decay width of SR2 → SM + SM. We

will assume that the decay matrix elements for SR2 → SR1 + SM to be comparable with

SR2 → SM + SM. We then count the multiplicity N of the possible decay channels and

multiply N by the typical SR2 → SM + SM widths to get an estimate of these partial

widths (and thus eventually the total width).

Although there are many excited string states, most of them are not charged under

the Standard Model and their presence does not concern us since they will not be

produced on resonance. Meanwhile, we can make a physically justified assumption that

the n = 0 states do not contain non-Standard Model fields charged under the Standard

Model gauge group4 (implicitly assumed in [59,77,78]) or else these new particles would

have been observed in experiments. In principle, the SR1 states can decay to SMs with

internal indices (e.g. a gluon in higher dimensions appear to be a scalar in 4-D) but

such states are absent by assumption, so we only need to consider SR1 states with 4-D

4This means we assume that there are no chiral exotics charged under the Standard Model, and any
vector-like states are made massive by whatever mechanism that stabilizes the moduli.
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indices.

Take n = 2 J = 3 string resonance (SRJ=3
2 ) as an example. It could decay to either

a pair of fermionic states or a pair of bosonic states. For the bosonic pair (i.e. a SR1

with integer spin (J = 1, 2, 3) + a gluon), at n = 1 level, we know there are 5 string

resonances of gluons (see Appendix A), and each one corresponds to a particle, i.e.

consisting of a spin 2 particle, two spin 1 particles and two spin 0 particles. Since there

are 5 n = 1 particles, in the worst scenario, the multiplicity is 5. However this is very

unlikely, since the two SRJ=1
1 have different chiralities, so a SR2 usually decays to only

one of them. The same argument applies to two SRJ=0
1 . So the multiplicity is at most

3. Based on this argument and Table 4, the decay width of SRJ=3
2 → integer spin SR1

+ gluon should be roughly 60 GeV(MS/1 TeV).

For the fermionic pair (i.e. a SR1 with half-integer spin (J = 3/2, 1/2) and a fermion),

there are at most 4 J = 3/2 resonances, and 2 J = 1/2 resonances. So the number of

decay channels is at most 6 times bigger than that of SR2 → qq̄. Then the decay width

of these channels should be no more than 25 GeV(MS/1 TeV).

Collectively, the total decay width of SRJ=3
2 is roughly 100 GeV(MS/1 TeV). On

account of the same assumptions and method, the decay widths of SRJ=2
2 and SRJ=1

2

are roughly 250 GeV(MS/1 TeV) and 300 GeV(MS/1 TeV), respectively. Since J = 3

resonance has the narrowest width, it will be the dominant SR2 signal.

3.2 tt̄ Final State And String Resonances at the LHC

As a top factory, the LHC will produce more than 80 million pairs of top quarks annually

at the designed high luminosity [42], largely due to the high gluon luminosity at the
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Figure 9: Total cross section for a string resonance production at the LHC versus it mass
scale Ms for (a) n = 1 and (b) n = 2 (mass 1.4Ms). Solid curves represent gg → tt̄.
Dashed curves include the top quark decay branching fractions for the semi-leptonic
mode tt̄→ b`ν, bjj′.

initial state. It is therefore of great potential to observe string resonances in the tt̄

channel if they couple to the gluons strongly. The Chan-Paton coeffient is unsuppressed

(compared to say ZZ production), and the Standard Model background is several orders

of magnitude lower than that of the di-jet signal. Furthermore, the top quark is the only

SM quark that the fundamental properties such as the spin and charge may be carried

through with the final state construction, and thus may provide additional information

on the intermediate resonances. The total production cross sections for a tt̄ final state

via a string resonance are shown in Fig. 9 by the solid curves at the LHC for 7 and 14

TeV, respectively. The dashed curves include the semi-leptonic branching fraction. The

signal rates are calculated near the resonance peak with ±10%Ms. We see that the rate

can be quite high. With 100 fb−1 integrated luminosity at 14 TeV, there will be about

100 tt̄ → b`ν, bjj′ events for an n = 1 string resonance of 4 TeV mass, and a handful

events for n = 2 of 5.7 TeV mass.
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Table 5: Basic acceptance cuts for tt̄ events at the LHC.

pT (GeV) η rapidity

` 20 3

j 30 3

E/T 30 N/A

∆Rcut 0.4 0.4

3.2.1 Invariant Mass Distribution of tt̄ Events

With the semi-leptonic decay of tt̄ one can effectively suppress the other SM back-

grounds [79] Furthermore, the tt̄ events may be fully reconstructable with the kinemat-

ical constraints [80]. Thus, we consider here the semi-leptonic final state

tt̄→ b¯̀ν, b̄jj, (3.24)

with a combined branching fraction about 30%, including ` = e, µ. The total signal

production rates including this semi-leptonic branching fraction are plotted in Fig. 9 by

the dashed curves.

To simulate the detector effects, we impose some basic acceptance cuts on the mo-

mentum and rapidity of the final state leptons, jets and missing energy. We also demand

the separation ∆R among the leptons and jets. The cuts are summarized in Table 5.

Figure 10 shows that both n = 1 (peak position at MS=1 TeV) and n = 2 (peak position

at MS=1.41 TeV) string resonances are evident at LHC with the c.m. energy at 14 TeV

and 7 TeV.

Though the Standard Model background is large as seen in the figure for the contin-

uum spectrum, we still get abundant resonant events in the peak region. Assuming the

annual luminosity at the LHC to be 1034 cm−2s−1 ∼ 100 fb−1 per year with the c.m. en-

ergy 14 TeV, one would expect to have about a million n = 1 string resonance events
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Figure 10: Invariant mass distribution of tt̄ at the LHC (a) with the c.m. energy 14 TeV,
(b) with the c.m. energy 7 TeV. Decay branching fractions with one hadronically and
the other leptonically have been included. All channels (All), in the figure, include both
string resonance signal (SR) and Standard Model background (SM). The distributions
of J = 2 and J = 3 states are shown for n = 2 resonance, respectively.

in the peak region 900-1100 TeV, for Ms=1 TeV (with decay width calculated by [68]).

Similarly, one may expect about a thousand events around mtt ≈ 1.4 TeV. At the lower

energy of 7 TeV with an integrated luminosity 1 fb−1 as the current planing for the

initial LHC running, we would expect to have about 500 events near mtt = 1 TeV, and

about one event at 1.4 TeV.

A distinctive feature of string resonances is their mass ratio. Suppose the masses

of the first and the second excited string states are Mtt̄1, and Mtt̄2 respectively, then

Mtt̄2/Mtt̄1 =
√

2 ≈ 1.4 (as in Figure 10), which can potentially distinguish them from

other kinds of resonances. It is important to note that, at leading order of the gauge

coupling, this mass ratio is model independent and does not depend on the geometry

of compactification, the configuration of branes, and the number of supersymmetries.

Higher order corrections to this ratio depend on model specific details, and if measurable,
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Figure 11: Normalized angular distribution of tt̄ at the LHC via the string resonance ex-
change in the peak region 900− 1100 GeV for n = 1, and in the region 1350− 1450 GeV
for n = 2.

can serve as a discriminator of different string theory compactifications.

3.2.2 Angular Distribution of tt̄ Events

Other than the distinctive invariant mass distribution, the normalized angular distri-

bution can provide a great discriminator between string resonances and the Standard

Model background. The shape of the angular distribution for a string resonance is
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mainly a result of the Regge behavior of the string amplitudes. Figure 11 shows the nor-

malized angular distributions according to the cross section of all channels (including

string resonance and Standard Model tt̄ background) in the 900−1100 GeV peak region

for n = 1, and in the 1350 − 1450 GeV region for n = 2. The angle is defined for the

outgoing top quark with respect to the incoming beam direction in the tt̄ c.m. frame,

which can be reconstructed for the semi-leptonic channel on an event-by-event basis.

We observe the qualitative difference between the string resonance signal and the SM

background: The signal is protrudent at the large scattering angular region cos θ → 0,

where the Standard Model background is collimated with the beam direction, due to

the dominant behavior of the t- or u-channel, scaling as (1± cos θ)−1. As shown earlier,

there is even a clear difference in shape between the n = 1 and n = 2 states, as indicated

by the solid curves (All). It is interesting to note that for an n = 2 resonance, the shape

difference between J = 2 and J = 3 states is also evident. However, since they are

all degenerate in mass, one would have to use more sophisticated fits to their angular

distributions to disentangle them.

The major advantages for considering the semi-leptonic decay of the tt̄ are that

(1) we will be able to tag the top versus anti-top, and (2) the angular distribution of

the charged lepton in the reconstructed c.m. frame can carry information about the

top-quark spin correlation [81], and thus provides an effective test for the nature of

the top-quark coupling. Since the resonance couplings under our consideration are all

vector-like, we will not pursue further detail studies of these variables.
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3.3 tt̄g Final State And String Resonances at the

LHC

For an n = 2 string resonance, it could decay not only directly to two n = 0 Standard

Model particles as discussed above, but also to an n = 1 string resonance and an n = 0

Standard Model particle. Thus, there is an additional decay chain

(n = 2)→ (n = 1) + g → tt̄+ g, (3.25)

following an n = 2 resonance production. The kinematics of this channel may lead to

further distinctive signatures. First of all, the additional gluonic jet is highly energetic,

with an energy of the order Ms/
√

2, quite distinctive from QCD jets. Secondly, there

are two resonances with n = 1 and 2 respectively, both appearing in the same event

sample. One would thus expect to establish a convincing signal observation with the

mass peaks at Mtt ∼ Ms and Mttj ∼ 1.4Ms. Figure 12 shows the invariant mass

distributions for tt̄g production from an Ms = 1 TeV string resonance and the Standard

Model background. The upper panels present the Mtt distribution where an n = 1

resonance peak is apparent. The lower panels are for the Mttj distribution which shows

the expected n = 2 resonance peak. The two linear plots on the right column are the

blow-up view near the resonances in units of number of events per bin (10 GeV) with

an integrated luminosity of 10 fb−1. The different angular momentum states J = 1, 2, 3

are also separately plotted. Since they are all degenerate in mass, one would have to use

more sophisticated fits to their angular distributions to disentangle them, as discussed

in the previous sections.
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Figure 12: Invariant mass distributions in the g + g → n = 2 resonance → n = 1 reso-
nance + g → tt̄+g channel. Upper two graphs: tt̄ invariant mass signal and the Standard
Model background. Lower two graphs: tt̄ + g invariant mass signal and the Standard
Model background. The summed signal, in the figure, includes the contributions from
both J = 2 and J = 3 resonances.
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3.4 Higher String Scale signal

As seen from Fig. 9, a string resonance of mass about 4 TeV for both n = 1 and 2 may

be copiously produced at the LHC with the designed luminosity of 100 fb−1. However,

as the mass of the string resonance increases, the decay products become more and

more collimated, and the fast moving top quark is a “top jet”. Figure 13 reveals the

dependance of the cross section on the minimum separation between any two jets from

top decay in the peak region (± 100 GeV around the peak). Based on the figures, one

notices that, for an 1− 1.5 TeV string resonance, ∆Rcut = 0.3 is efficient in defining an

isolated lepton or jet. For a higher string mass, the top quarks are highly boosted and

too collimated to be identified as multiple jets. One may use various methods [82,83] to

identify the highly boosted top produced by string resonances as a single “fat top jet”.

Non-isolated muons from the top decay may still help in top-quark identification.

Furthermore, the granularity of the hadronic calorimeter is roughly ∆η × ∆φ ∼

0.1 × 0.1 [79]. To identify individual decay products, one needs the separation ∆R

between any two decay products to be at least 0.1 − 0.2. From Figure 13, we see that

we could identify the boosted tops if the string scale is below 4 TeV. For a string scale

above 4 TeV, we could not tell the difference between top quarks and other QCD jets

from light quarks or gluons. Then, our background will be from QCD dijet, and there

would be no advantage in considering tt̄ final state. The situation is similar to the study

in [63] for light quark final states.
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resonance masses.

3.5 Discussions and Conclusion

In this section, we have studied the discovery potential of string resonances at the LHC

via the tt̄ final state. In a large class of string models where the Standard Model

fields are localized on the worldvolume of D-branes, the string theory amplitudes of

certain processes at hadron colliders are universal to leading order in the gauge couplings.

This universality makes it possible to compute these genuine string effects which are

independent of the geometry of the extra dimensions, the configuration of branes, and

whether supersymmetry is broken or not. Among the various processes, we found the

production of tt pairs at the LHC to be advantageous to uncover the properties of

excited string states which appear as resonances in these amplitudes. The top quark

events are distinctive in event construction and have less severe QCD backgrounds than

other light jet signals from string resonance decays. The swift decay of top quarks via



70

weak interaction before hadronization sets in makes it possible to reconstruct the full

decay kinematics and to take advantage of its spin information. We investigated the

invariant mass distributions and the angular distributions of tt production which may

signify the exchange of string resonances.

Our detailed phenomenological studies suggest that string resonances can be observed

in the tt̄ channel for a string scale up to 4 TeV by analyzing both the invariant mass

distributions and the angular distributions. For a string scale less than 1.5 TeV, we

proposed to use semi-leptonic decay to reconstruct the tt̄ c.m. frame and obtain the

angular distributions to disentangle string resonances with different angular momenta.

For a string scale between 1.5 TeV and 4 TeV, we need to identify the boosted tops

as a single top jet and directly observe the angular distribution. If the string scale is

higher than 4 TeV, we cannot observe the substructure of quark jets and so the signal

will be submerged by the QCD dijet background. The potential benefits for using the tt̄

final state in the semi-leptonic mode is that one would be able to tag t from t̄, so that

the coupling properties of the string resonance, such as parity, CP, and chirality, could

be studied via the angular distributions of the top, especially the distributions of the

charged lepton with the help of the spin-correlation.

The current work focuses on string amplitudes which give the leading order (in

string coupling) contribution to qq production at the LHC. These amplitudes are model-

independent as they do not involve exchange of KK modes. As a result, such amplitudes

do not distinguish between different quarks (their flavors or chiralities) even though they

may have different wavefunctions (classical profiles) in the internal space. This is however

not the case for the subleading contributions to qq production as one finds KK modes

propagating as intermediate states in these processes (e.g. in 4 fermion amplitudes). The
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overlap of the KK mode wavefunctions with that of the quarks determines the coupling

strength of these processes. For example, in warped extra dimensional scenarios, the

KK modes are localized in the highly warped (or the so called infrared) region so are

the heavy quarks. In these scenarios, the production of tt is dominant among such 4-

fermion amplitudes. Given that phenomenological constraints imply that string states

are generically at most a factor of a few heavier than the lightest KK modes [70,84,85]

in Randall-Sundrum like scenarios, it is worthwhile to explore warped extra dimensional

models in the context of string theory5. For example, the open string wavefunctions

obtained in [88] and the effective action describing closed string fluctuations (massless

and KK modes) in warped compactifcations [89, 90]6 may be useful in determining the

aforementioned amplitudes. Furthermore, quarks with different chiralities can attribute

differently to these amplitudes, as they have a different origin in D-brane constructions.

The left-handed quarks are doublets under the weak interaction and so the corresponding

open strings end on the weak SU(2) branes whereas those associated with the right-

handed quarks do not. Thus, e.g., in the Drell-Yan process qq̄ → `¯̀, certain parts

of the amplitudes are only attributed to the left-handed quarks [62]. Similar features

are expected for processes involving quark final states such as qq → tt. It would be

interesting to study whether measurements of these chiral couplings can be used to

distinguish between different string theory models.

5Even within an effective field theory context, the kinds of warped geometries arising in string theory
have motivated new model building possibilities, see, e.g., [86, 87].

6For some earlier work discussing issues in the effective theory of warped string compactifications,
see e.g., [91–93].
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Chapter 4

Baryon Number Violating Processes

with Top Quarks

1In the Standard Model (SM) for fundamental interactions, baryon (B) and lepton (L)

numbers, associated with accidental global symmetries, are classically conserved quan-

tities; a (tiny) violation is, however, induced by non-perturbative effects [95]. Baryon

number violation (BNV) also naturally occurs in Supersymmetry [96], in Grand Unified

Theories [97], where BNV is notably mediated by new gauge bosons, and in black hole

physics [98]. The cosmological production of matter from a matter–anti-matter symmet-

ric initial condition moreover requires B to have been violated in the early Universe [99].

On the other hand, experimental constraints on several BNV processes have reached

impressive heights. Nucleon decay channels provide the best examples, though baryon-

number-violating decays of the τ lepton or, much more recently, of heavy mesons have

also been investigated [100]. These latter measurements opened the way for direct

experimental tests of the baryon number conservation law within the second and third

generations of quarks and leptons but have not really extended the range of energy

scales. The only direct experimental constraints on BNV beyond the GeV scale are

bounds on the Z → p e−, p µ− branching ratios obtained at LEP [100]. The LHC comes

1This section is based on the paper by Z.D., et. al. [94].
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as a natural step forward in probing the baryon number conservation law beyond the

TeV scale and the first generation. In particular, with a very large production rate and

unique experimental signatures, top quarks are an interesting option: the top flavor can

be clearly identified, the t and t̄ are distinguishable via the charged lepton in their decay,

and the hadronization effects unimportant. Consequently, BNV could be probed at the

quark level.

We choose to consider interactions involving one single top quark and a charged

lepton. The presence of a single final state lepton produced from the proton-proton initial

state implies a total change in lepton number ∆L = ±1, and, by conservation of angular

momentum ∆(L + 3B) ∈ 2Z, requires a simultaneous violation of B. Thus a single

charged lepton without missing energy points toward BNV. In the presence of neutrinos

in the production process, though, the lepton number is intractable. Consequently,

baryon-number-violating processes would be more difficult to identify unambiguously,

and could, for instance, be confused with flavor-changing neutral currents [101,102].

4.1 Effective operators

The effective BNV Lagrangian can easily be built out of five lowest dimensional effective

operators [103–105] that preserve Lorentz invariance and SU(3)C ⊗ SU(2)L ⊗ U(1)Y

gauge symmetries, along with an accidental global B − L symmetry. Following the

notation of Ref. [103], we write

Ldim=6
BNV =

1

Λ2

5∑
i=1

ciO
(i) , (4.1)

where ci are the effective (dimensionless) coefficients of the corresponding operators O(i)

and Λ is the mass scale associated with physics responsible for BNV beyond the Standard
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Model.

Expanding SU(2)L indices in operators O(1−5) and identifying one up-type quark as

the top, the effective terms that do not contain neutrinos can be parametrized as linear

combinations of only two operators (and their Hermitian conjugates),

O(s) ≡ εαβγ[tcα(aPL + bPR)Dγ][U c
β(cPL + dPR)E],

O(t) ≡ εαβγ[tcα(a′PL + b′PR)E][U c
β(c′PL + d′PR)Dγ],

(4.2)

where D, U, E respectively denote generic down-, up-type quarks and charged lep-

tons. We emphasize that fermions in Eq. (4.2) are taken as mass eigenstates. Charge

conjugated fields are defined as ψc ≡ Cψ
T

with C, the charge conjugation matrix;

2PL/R ≡ 1 ∓ γ5; colors are labeled by Greek indices; a, a′, . . . are fermion-flavor-

dependent effective parameters.

Three comments are in order. First, the (s), (t) labeling in Eq. (4.2) reminds that

the scale Λ in Eq. (4.1) may be linked to the mass of a heavy mediator (with electric

charge 1/3) exchanged in s or t channels, respectively. If so identified, then the coupling

parameters a, a′, . . . could be naturally of the order of unity. We stress that the operator

O(u)≡ εαβγ [tcαPLUβ][Dc
γPLE] arising from O(4) and possibly associated with a mediator

of electric charge 4/3 exchanged in the u channel does not need to be introduced at the

effective level. The reason is that the Schouten identity,

[CPL]ij[CPL]kl − [CPL]ik[CPL]jl + [CPL]il[CPL]jk = 0,

can be used to express O(u) in terms of O(s) and O(t), i.e., O(u) = −O(s)(a = c = 1, b =

d = 0) − O(t)(a′ = c′ = 1, b′ = d′ = 0). Second, heavy gauge mediators (vectors) give

rise to O(1,2) only [103,106], which in our basis, Eq. (4.2), entails a = 0 = d or b = 0 = c

(or primed analogs). Third, operators involving two top quarks can also be obtained
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from Eq. (4.2) by substituting t for U . Note, however, that in this case O(s) and O(t)

are no longer independent and considering only one of the two is then sufficient. Such

operators could, for example, mediate processes like e−d→ t̄ t̄ in future e−p colliders, or

gd→ t̄ t̄e+ at the LHC.

4.2 Processes

At the LHC, possibly relevant BNV processes involving a top quark are

t
BNV−−−→ U DE+ (decay)

U D
BNV−−−→ t̄ E+ (production)

(4.3)

(and their charge conjugate analogs) where, in the first case, top quarks are produced

through SM processes. Since, as mentioned above, a single charged lepton without any

missing transverse energy (E/T ) in the final state is a clear signal for BNV, it is simpler

to avoid signatures that lead to neutrinos in the final state. Fully reconstructed top

leptonic decays could be considered in more refined analyses. We also note that the

flavor assignments can be very relevant from the phenomenological point of view. In

decay, heavy flavors such as charm and bottom could be tagged in jets. In production,

the relevance of initial quark flavors is determined also by proton parton distribution

functions (PDFs).

Neglecting all fermion masses but the top one, mt, and using the algebraic rules

introduced in Ref. [107], the squared amplitude for the processes in Eq. (4.3) induced
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by the operators of Eq. (4.2) reads

∑
spin,color

|M|2 =
24

Λ4

[
(pt · pD) (pU · pE) (A+ C)

−(pt · pU) (pD · pE) C

+(pt · pE) (pD · pU) (B + C)
]

(4.4)

where

A ≡
(
|a|2 + |b|2

) (
|c|2 + |d|2

)
,

B ≡
(
|a′|2 + |b′|2

) (
|c′|2 + |d′|2

)
,

C ≡ Re
{
a∗c∗a′c′ + b∗d∗b′d′

}
,

(4.5)

arise respectively from the square of O(s), of O(t) and from the interference between these

two operators.

For a BNV decay, we obtain the following partial width:

ΓBNV
t =

mt/2∫
0

dEE

m2
tE

2
E

32π3Λ4

[(
A

3
+B + C

)(
1− 2EE

mt

)
+
A

6

]

=
m5
t

192π3

1

16Λ4
[A+B + C] ,

where EE is the lepton energy in the top rest frame. In Fig. 14, we compare the charged

lepton energy spectrum in a SM decay to that in a BNV decay for three different rep-

resentative choices of A,B and C. Inputing the SM width for the top quark (1.4 GeV),

the BNV branching ratio can be conveniently written as

BrBNV
t = 1.2× 10−6

( mt

173 GeV

)5
(

1TeV

Λ

)4

[A+B + C] .

Taking the tt̄ production cross section at the 7 (14) TeV LHC to be 150 (950) pb, we

can expect 0.35 (2.2)/fb−1 BNV top decays if A + B + C = 1, for each allowed flavor

combination.
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Figure 14: Energy spectrum of the charged lepton in the SM t → bE+νE (blue curve)
and in BNV t→ U DE+ top decays.
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For BNV production, the partonic cross section reads

σ̂BNV
t =

1

96πΛ4

0∫
m2

t−ŝ

dt̂

[
A
t̂
(
t̂−m2

t

)
ŝ2

+B
(ŝ−m2

t )

ŝ
+ 2C

t̂

ŝ

]

=
ŝ

96πΛ4

(
1− m2

t

ŝ

)2 [(
A

3
+B + C

)
+
m2
t

ŝ

A

6

]
, (4.6)

with the Mandelstam variables ŝ ≡ (pU + pD)2 and t̂ ≡ (pU − pE)2. As expected from

dimensional arguments the cross section induced by the operators in Eq. (4.2) grows as

ŝ/Λ4. However, in setting lower bounds on the scale of new physics, it is important to

always keep in mind that the validity (and unitarity) of the effective field theory itself

assumes ŝ� Λ2.

Out of the six possible initial quark flavor assignments, (namely, ud, us, ub, cd, cs

and cb), we consider

u d→ t̄ E+ − the most PDF− favored,

u b→ t̄ e+ − possibly flavor− unsuppressed,

c b→ t̄ µ+ − the most PDF− suppressed,

− possibly flavor− unsuppressed,

as well as their charge conjugate analogs. Operators with two pairs of fermions in the

same generation could be favored by the flavor structure of the underlying theory. In

Table 6, we collect the cross sections for the different processes at the LHC with
√
s = 7

(14) TeV. To enforce unitarity and not to artificially overestimate cross sections, we

impose
√
ŝ < Λ. This cut has an important effect on valence quark initiated processes

but a very mild one on processes initiated by sea quarks.
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σ[fb] ud→ t̄E+ ub→ t̄e+ cb→ t̄µ+

A B C ūd̄→ tE− ūb̄→ te− c̄b̄→ tµ−

1 0 0
250 (690) 30 (150) 1.2 (10)

14 (74) 3.1 (21) 1.2 (10)

0 1 0
910 (1 900) 110 (440) 3.7 (28)

45 (220) 9.1 (60) 3.7 (28)

1 1 1
2 100 (4 600) 240 (980) 9.1 (66)

110 (500) 22 (140) 9.1 (66)

Table 6: Cross sections (fb) for representative BNV production processes at the LHC,
with three different choices of A,B and C,

√
ŝ < Λ = 1 TeV,

√
s = 7 TeV (14 TeV in

parentheses) and CTEQ6L1 PDF [108] (renormalization and factorization scales set at
mt = 173 GeV).

4.3 LHC searches

We now briefly discuss BNV signatures at the LHC. For the sake of illustration we make

a definite choice for the fermion flavors in Eq. (4.3) and consider

1. BNV decay: pp
SM−−→ t t̄ with the top decaying via a BNV interaction t

BNV−−−→ b̄ c̄ µ+

and the anti-top decaying fully hadronically, which leads to the µ++5-jet final

state;

2. BNV production: p p
BNV−−−→ t̄ µ+ with u, d flavors in the initial state, the anti-top

decaying fully hadronically, leading to µ+ + 3 jets.

The first interesting observation is that there are no irreducible backgrounds to such

signatures as both of them have no E/T . On the other hand, processes resulting from a

leptonically decaying W with a small reconstructed E/T could mimic the signal. A proper

investigation of such backgrounds requires not only parton showering, hadronization
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and realistic detector simulation but also data driven methods. However, a few relevant

observations can already be made with a simple parton-level simulation. To this aim, we

have implemented BNV interactions in MadGraph 5 [109] via FeynRules [110] and

generated events for both signal and representative backgrounds in the same simulation

framework.

The search for BNV decays proceeds through the selection of µ++5 jets with an upper

cut on the E/T . The presence of two tops, one hadronically decaying W and possibly

two b-tagged jets can be efficiently used to better reconstruct the event kinematics. In

addition, note that the BNV decay of a top quark gives µ+b̄ at variance with the SM

semi-leptonic decay which gives µ+b. Determining the bottom quark charge (e.g., via a

lepton tag) in the BNV decay could therefore offer crucial discrimination power. The

main SM backgrounds to this signature come from t t̄+1 jet and W+ +5 jets, the former

being dominant after b tagging.

The search for BNV production proceeds through the selection of µ+ + 3 jets with

an upper cut on the E/T . The reconstruction is simpler than in the BNV decay search, as

there is no combinatorial background and the top and W mass constraints can be used

to improve the resolution on the signal kinematics. In Fig. 15, we compare the pT of

the charged lepton in the signal to that of the W++3-jet and t̄ W+ (with W+ → µ+νµ)

backgrounds. We require three central jets (pT > 40 GeV, |η| < 2.5,∆Rjj > 0.5), a

central isolated lepton (|η| < 2.5,∆Rjµ > 0.5) and E/T < 30 GeV. In the W++3-jet

background we also demand |mjjj −mt| < 40 GeV and a b tag. As expected from the ŝ

enhancement in the cross section, eventually tamed by requiring
√
ŝ < Λ = 1 TeV, the

pT distribution of the lepton in the signal is much harder than in the backgrounds.
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Figure 15: Transverse momentum for the charged lepton in the BNV production signal
t̄ µ+ (from ud initial state) and in the W++3-jet and t̄W+ backgrounds. Top quarks
are decayed hadronically. Selection cuts on the three jets and the muon are given in the
text.



82

The LHC reach for the processes in Table 6 can be expressed in terms of the minimal

value for the parameters defined in Eq. (4.5) leading to a sensitivity S/
√
S +B ≥ 5.

For the sake of illustration we consider 30 (100) fb−1 of collected luminosity at the LHC

for
√
s = 7 (14) TeV, the event selection described in the above paragraph with the

additional requirement pT > 150 GeV for the charged lepton (one flavor), both t and t̄

production, only the tW background, and A = B = C. In so doing, we find

u d→ t E : A, B, C ≥ 0.0076 (0.0046)

u b→ t e : A, B, C ≥ 0.084 (0.026)

c b→ t µ : A, B, C ≥ 1.6 (0.21)

which point to a sensitivity at the 10−1 − 10−2 level for the effective coefficients ci of

Eq. (4.1) at the TeV scale.

Finally, we stress that, for both BNV production and decay signatures, selecting high-

pT tops could be advantageous. In this limit, the BNV production signal is enhanced

with respect to the backgrounds, while for the BNV decay search, top decay products

might cluster into one jet, curbing, for instance, the combinatorial problems in the µ++5-

jet signature and also controlling better E/T uncertainties. To this aim, efficient boosted

reconstruction techniques for the top quark should be employed [111].

4.4 Indirect constraints

In principle, the operators considered in Eq. (4.2) also contribute indirectly to nucleon de-

cays [112] through tree and/or loop diagrams. Tree-level diagrams with one W -emission,

such as that in Fig. 16a provide formidable high lower bounds on Λ (or equivalently up-

per bounds on the effective parameters) if the lepton is not a τ . In fact, two W -emissions
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d

p

d̄

(a) (b)

Figure 16: Representative (a) tree-level and (b) two-loop-level diagrams involving the
BNV operators given in Eq. (4.2) and leading, in principle, to nucleon decay.

are needed for a udtτ -operator to be relevant in nucleon decays and the constraints be-

come weaker. Moreover, if the dominant BNV dimension-six operators only involve the

third and second generations of quarks and leptons, three W -emissions are required,

and the rate is suppressed to a level consistent with the data. In BNV production,

these theoretical considerations tend to favor the PDF-suppressed processes of Table 6.

By considering a single operator contribution at a time, with fixed flavors in the two-

loop diagram of Fig. 16b, extremely small upper bounds on the effective parameters

can also be obtained [112]. Yet, strong cancellations may occur when summing over all

possible UDUE virtual contributions and allow effective parameters to be large (say,

of order one). Mechanisms that could lead to such GIM-like cancellations at one- and

two-loop level remain to be examined within a complete theory for flavor, starting from

dimension-six BNV operators expressed in terms of weak eigenstates.
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Chapter 5

Summary

Although the Standard Model has been quite successful in explaining high energy particle

physics phenomena up to the energy scale reached by the current collider experiments,

people believe there is deeper underlining theory governing the desert between the elec-

troweak scale and the Planck scale and giving rise to the electroweak symmetry breaking

and Higgs mass, which is the last missing piece of the Standard Model measurements.

We study the discovery potential of high scale physics via top quarks at the Large

Hadron Collider.

For the study of string resonance decaying to tt̄ final state, we point out that top

quark pair production is a promising and an advantageous channel for studying such

resonances, due to their low Standard Model background and unique kinematics. We

find that string resonances for a string scale below 4 TeV can be detected via the tt̄

channel at the LHC, either from reconstructing the tt̄ semi-leptonic decay or recent

techniques in identifying highly boosted tops.

For the study of baryon number violation processes involving top quark, we find

that subject to strong experimental constraints at low energies, baryon number viola-

tion is nonetheless well motivated from a theoretical point of view. We adopt a model

independent effective approach and focus on operators with minimal mass-dimension.



85

Corresponding effective coefficients could be directly probed at the Large Hadron Col-

lider (LHC) already with an integrated luminosity of 1 inverse femtobarn at 7 TeV, and

further constrained with 30 (100) inverse femtobarns at 7 (14) TeV.

To conclude the discussion in this thesis, high scale physics is under the spotlight

with the LHC reaching the TeV scale, and being a golden key for new physics searches,

the study of top quark physics at high scale will keep in great demand with remarkable

pace.
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Appendix A

Physical Degrees of Freedom

Counting for n = 1 Resonance

Here we focus on gluons and their excited string modes. In D-brane model building, the

gluons are realized as open strings attached to a stack of 3 D-branes, forming adjoint

representation of a U(3) gauge group. The gluons are represented by a vertex operator:

T aeµψ
µ

− 1
2

|0; k〉 (A.1)

where T a is the Chan-Paton matrix, eµ is the polarization vector of the gluon, ψ− 1
2

is a world-sheet fermion creation operator, and |0; k〉 is the open string vacuum state

in the NS sector. Here we consider string states in 4 dimension, so the index µ goes

over 0, 1, 2, 3 and the momentum k is a 4-dimensional momentum. We will use the

(−,+,+,+) signature. The gluons are massless, and are the lowest string states because

the NS vacuum is projected out by the GSO projection. The physical state conditions

constrain the momentum k2 = 0 so this is a massless vector particle. The polarization

vector also satisfies the physical state condition e · k = 0 with the equivalence condition

e ∼= e+ k.

We can write the vertex operator of gluons using the state-operator correspondence.
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For open strings, we replace the bosonic and fermionic creation operators with world-

sheet bosons and fermions as follows:

αµ−m → i(
1

2α′
)
1
2

1

(m− 1)!
∂mX,

ψµ−r →
1

(r − 1
2
)!
∂r−

1
2ψµ (A.2)

The vertex operators for gluons in the −1 and 0 pictures are the following:

O(z)−1 = T aeµe
−φψµ(z)eik·X(z),

O(z)0 = T aeµ[i∂Xµ + (2α′)(k · ψ)ψµ]eik·X(z) (A.3)

Now we consider the next level of string states. Because of the GSO projection, the

next level number is 3
2
. They will be referred to as the first excited string modes (or

n = 1 string modes), and we refer to the gluons as n = 0 string modes. Using the bosonic

and fermionic creation operators, a general n = 1 open string state can be written as

|χ〉 = [(ξ1)µψ
µ

− 3
2

+ (ξ2)µνψ
µ

− 1
2

αν−1 + (ξ3)µνρψ
µ

− 1
2

ψν− 1
2
ψρ− 1

2

]|0; k〉 (A.4)

where (ξ3)µνρ is antisymmetric since the fermionic operators ψ− 1
2

anti-commute.

We will use the OCQ (old covariant quantization) method for quantizing string the-

ory, as we only need to deal with the matter sector in this formulation. The physical

state conditions for |χ〉 are as follows:

(L0 −
1

2
)|χ〉 = 0, L1|χ〉 = 0, G 1

2
|χ〉 = 0, G 3

2
|χ〉 = 0 (A.5)

Here the Lm and Gr are superconformal Virasoro generators for the matter sector on the

world-sheet, and the constant −1
2

in the first equation takes into account the contribu-

tions from the ghost sector in the NS vacuum. The superconformal Virasoro generators
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are:

Lm =
1

2

∑
n∈Z

: αµm−nαµn : +
1

4

∑
r∈Z+ 1

2

(2r −m) : ψµm−rψµr : +aδm0,

Gr =
∑
n∈Z

αµn(ψµ)r−n (A.6)

Here the constant a = 0 in the NS sector, and the zero mode bosonic generator is related

to the momentum αµ0 = (2α′)
1
2kµ for the open string sector we consider. The :: denotes

normal ordering of creation operators with negative indices and annihilation operators

with positive indices.

The zero mode of the Virasoro generator is L0 = α′k2 +N where N = 3
2

is the level

number for the string state |χ〉 in (A.4), so the the first physical state condition in (A.5)

gives k2 = − 1
α′

. The mass of the n = 1 string mode |χ〉 is

m =
1√
α′
≡Ms (A.7)

Using the commutation relation of the bosonic and fermionic operators {ψµr , ψνs} =

ηµνδr,−s, [αµm, α
ν
n] = mηµνδm,−n, we find that the rest of the physical state conditions in

(A.5) are given by:

(2α′)
1
2 (ξ1) · k + (ξ2)µνη

µν = 0

(ξ1)ν + (2α′)
1
2kµ(ξ2)µν = 0

(ξ2)µν − (ξ2)νµ + 6(2α′)
1
2kρ(ξ3)µνρ = 0 (A.8)

We also need to consider possible “null states” which are states that can be written

as Ln|φ〉 or Gr|φ〉 with n, r > 0 for any state |φ〉. It turns out that at this level 3
2
, all

physical states satisfying the constrains (A.8) are not null. An intuitive understanding

is that because the n = 1 states are massive, all physical polarizations are non-trivial,
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as opposed to the case of massless vector particle where one does not have longitudinal

polarization.

Let us count the physical degrees of freedom in 4 dimensions. Since the polarization

tensor ξ3 is antisymmetric, the total number of polarization before taking into account

the physical state condition is 4 + 4 × 4 + 4 = 24. The physical state condition (A.8)

imposes 11 conditions, so we have 24 − 11 = 13 physical degree of freedom. In 4

dimension, a massive spin J particle has 2J + 1 physical degrees of freedom. From

the calculations in a previous work [68], we know the n = 1 string modes include two

J = 0 particles, one of which decays exclusively to two gluons with (++) helicity and the

other to two gluons with (−−) helicity. Therefore, the 13 degrees of freedom correspond

naturally to that of one J = 2, two J = 1, and two J = 0 string resonance modes.

Using the state-operator correspondence (A.2), we can easily write the vertex oper-

ator for the n = 1 string mode (A.4) in the (−1) picture as follows:

O(z) = [(ξ1)µ∂ψ
µ +

i

(2α′)
1
2

(ξ2)µν∂X
µψν + (ξ3)µνρψ

µψνψρ]T ae−φ(z)eik·X(z) (A.9)
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Appendix B

Complete set of independent

operators

We discuss here the independent operators respecting SU(3)C ⊗ SU(2)L ⊗ U(1)Y/2 and

Lorentz symmetries while violating baryon (and lepton) number(s) (with B − L con-

served).

Let us first remind a few equalities concerning Lorentz scalar and vector bi- or quadri-

linears made of chiral fields. They are extensively used to manipulate operators and

obtain the results presented below. We have:

[CPR,L]pq = −[CPR,L]qp and [CγµPR,L]pq = [CγµPL,R]qp, (B.1)

[CPR,L]pq[CPR,L]rs − [CPR,L]pr[CPR,L]qs + [CPR,L]ps[CPR,L]qr = 0, (B.2)

[CγµPR,L]pq[CγµPR,L]rs = −[CγµPR,L]ps[CγµPR,L]qr, (B.3)

[CγµPR,L]pq[CγµPL,R]rs = +2[CPL,R]ps[CPR,L]qr. (B.4)
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We start from the operators’ classification of [103–105]:

O
(1)
abcd ≡ (dc)αa (u)βb (qc)iγc (l)jd εαβγ εij,

O
(2)
abcd ≡ (qc)iαa (q)jβb (uc)γc (e)d εαβγ εij,

O
(3)
abcd ≡ (qc)iαa (q)jβb (qc)kγc (l)ld εαβγ εijεkl,

O
(4)
abcd ≡ (qc)iαa (q)jβb (qc)kγc (l)ld εαβγ [ετ ]ij · [ετ ]kl,

O
(5)
abcd ≡ (dc)αa (u)βb (uc)γc (e)d εαβγ,

with the ψc = Cψ
T

and therefore ψc = ψTC and τ ij the Pauli matrices. This is a

complete and independent set (basis) of B-violating operators constructed with the fields

and preserving the symmetries of the Standard Model. Note the sixth operator of [103]

can be re-expressed in terms of O(5) and O(3,4) alternatively rewritten as combinations

of a new Õ(4) [105, Eq. (1.6)− (1.9)].

These five operators can be interpreted as originating from the exchange of heavy

bosons. The exhaustive list of their possible transformation properties under SU(3)C ⊗

SU(2)L ⊗ U(1)Y/2 is the following [103]:

– (3,1,−1/3) scalar for O(1,2,3,5) or tensor for O(3,5),

– (3,3,−1/3) scalar or tensor for O(4),

– (3,1,−4/3) scalar for O(5),

– (3,2,−5/6) vector for O(1,2) and,

– (3,2, 1/6) vector for O(1).

Instead of O(1,2), we can indeed choose equivalent vector operators, for instance:

O
(1)V
abcd ≡ (dc)αaγ

µ(q)iβb (uc)γcγµ(l)jd εij εαβγ = −2O
(1)
acbd,

O
(2)V
abcd ≡ (qc)iαa γ

µ(u)βb (qc)jγc γµ(e)d εij εαβγ = −2O
(2)
acbd.
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We can form an equivalent basis with SU(2)L indices expanded. Given the notation

convention ψcL,R ≡ (ψL,R)c, we have the following complete set of independent operators:

O
(a)
abcd ≡ (ucR)αa (dR)βb (ucL)γc (eL)d εαβγ, O

(a,ν)
abcd ≡ (dcR)αa (uR)βb (dcL)γc (νL)d εαβγ,

O
(b)
abcd ≡ (ucL)αa (dL)βb (ucR)γc (eR)d εαβγ,

O
(c)
abcd ≡ (ucL)αa (dL)βb (ucL)γc (eL)d εαβγ, O

(c,ν)
abcd ≡ (dcL)αa (uL)βb (dcL)γc (νL)d εαβγ,

O
(d)
abcd ≡ (ucR)αa (dR)βb (ucR)γc (eR)d εαβγ.

The alternative vector operators for O(a,b),

O
(a)V
abcd ≡ (ucL)αaγ

µ(dR)βb (ucR)γcγµ(eL)d εαβγ, O
(a,ν)V
abcd ≡ (dcL)αaγ

µ(uR)βb (dcR)γcγµ(νL)d εαβγ,

O
(b)V
abcd ≡ (ucR)αaγ

µ(dL)βb (ucL)γcγµ(eR)d εαβγ,

satisfy O
(.)V
abcd = 2O

(.)
cbad. The explicit correspondence with the O(1,2,3,4,5) basis is estab-

lished by the following equalities:

O
(1)
abcd = −O(a)

bacd −O
(a,ν)
abcd , (B.5)

O
(2)
abcd = O

(b)
abcd +O

(b)
bacd, (B.6)

O
(3)
abcd = O

(c)
abcd +O

(c)
bacd

+O
(c,ν)
abcd +O

(c,ν)
bacd , (B.7)

O
(4)
abcd = O

(c)
abcd −O

(c)
bacd + 2O

(c)
bcad

+O
(c,ν)
abcd −O

(c,ν)
bacd − 2O

(c,ν)
bcad , (B.8)

O
(5)
abcd = −O(d)

bacd. (B.9)

Let us now focus on operators involving one top quark and no neutrino. Choosing to

work in the scalar operators basis, we have four operators that do not involve neutrino,
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O(a,b,c,d), with for each of them two possible assignments for the top flavor: a → t or

c → t. The eight operators obtained in this way can then be gathered in the following

compact form:

O
(s)
abc ≡ (tc)α(a+ bγ5)(d)γc (uc)βb (c+ dγ5)(e)a εαβγ,

O
(t)
abc ≡ (tc)α(a′ + b′γ5)(e)a (uc)βb (c′ + d′γ5)(d)γc εαβγ.

(B.10)
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