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ABSTRACT

The decay of a B meson into an η′ meson and an inclusive charmless state with

unit strangeness,B → Xsη
′, has stimulated significant theoretical interest since it was first

observed in 1998. A number of models were proposed to explain the unexpectedly large

branching fraction and the spectrum of Xs mass, which peaks above 2.0 GeV/c2. One of

the most initially appealing explanations was the QCD anomaly model, in which the η′

couples strongly to two gluons. However, despite a number of theoretical calculations and

improved measurements of the decay, no explanation has been universally accepted as

accounting for available experimental data. The unique relationship between the η′ and

the η suggest that the complimentary decay, B → Xsη, could elucidate the nature of the

Xsη
′ process.

We report the firstmeasurement of inclusiveB → Xsη decays, based on a pseudo-

inclusive reconstruction technique using a sample of 657×106 BB̄ pairs accumulated with

the Belle detector at the KEKB e+e− collider. ForMXs < 2.6 GeV/c2, we measure a branch-

ing fraction of (26.1±3.0(stat)+1.9
−2.1(syst)+4.0

−7.1(model))×10−5 and a direct CP asymmetry of

ACP = −0.13 ± 0.04+0.02
−0.03. Over half of the signal occurs in the rangeMXs > 1.8 GeV/c2,

above all currently known exclusive contributions to B → Xsη.

The lack of significant suppression of this decay relative to its η′ counterpart in-

dicates that explanations for the B → Xsη
′ signal that invoke mechanisms specific to the

η′ are disfavored.
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Chapter 1

Introduction

The Standard Model (SM) of particle physics is currently the best accepted theory

explaining interactions of fundamental particles. It was developed and refined throughout

the 1960s and 1970s, and has since remained relatively unaltered. The SM can account for

nearly all observations of experimental high energy physics [1]. However, despite its im-

pressive track record, certain observations and theoretical motivations imply that the SM

is incomplete. There are a large number of theories and models proposing to supplement

or complete the SM, but ultimately these proposals must be verified experimentally. The

goal of experimental high energy physics, then, is to investigate the SM from an observa-

tional point of view. This includes looking for new phenomena that cannot be explained

in the SM, as well as measuring known or expected SM processes and searching for incon-

sistencies with theoretical predictions.

We will begin in this chapter by summarizing briefly the current state of the SM,

including some of its shortcomings. In Chapter 2, we will focus specifically on the η and

η′ mesons and their two associated B meson decays: B → Xsη
′ and B → Xsη. Measure-

ments of the former have stimulated significant theoretical activity, suggesting possible

contributions from new physics. These possibilities can be further scrutinized and probed

by the latter, which we have recently measured for the first time. In Chapter 3, we will

introduce the basic methods of particle detection and the apparatus for this measurement:

the KEKB accelerator and the Belle detector. Specific analysis procedures and systematic

errors for this measurement will be discussed in Chapters 4 and 5, respectively. Chapter 6

summarizes the final measurement results and gives some discussion of their implications.
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1.1 The Standard Model

The SM includes a set of fundamental fields, whose quanta we will henceforth re-

fer to as particles. These include the fundamental fermions, the constituents of matter, and

a set of gauge bosons that account for three of the four known fundamental forces: the elec-

tromagnetic, strong, and weak forces. The SM also posits the existence of a special particle

known as the Higgs boson. These fundamental particles and interactions are described

briefly here. For a more formal and complete description see, for example, Reference [2].

1.1.1 Standard Model Fermions

The fundamental fermions can be organized into two basic categories: quarks

and leptons.

Quarks come in six varieties, known as flavors: up, down, charm, strange, top,

and bottom. The quarks are arranged into three generations as follows:





u

d



 ,





c

s



 ,





t

b



 (1.1.1)

The “up-type” quarks, u, c, and t, have electric charge +2/3, while the “down-type”

quarks, d, s, and b, have electric charge -1/3. Each quark flavor comes in three “colors,”

usually referred to as red, green, and blue, though this naming convention is arbitrary.

Similar to the quarks, there are six types of leptons: the electron, muon, tau, elec-

tron neutrino, muon neutrino, and tau neutrino. As before, they are organized into three

generations:




νe

e



 ,





νµ

µ



 ,





ντ

τ



 (1.1.2)

The neutrinos, νe, νµ, and ντ , have no electric charge while the electron, muon, and tau

each have charge -1.

Masses of all the quarks and leptons are given in Table 1.1. All quarks and leptons

have anti-particle partners with equal mass and opposite electric charge.

The number and identity of the fundamental fermions is not an imposed con-

straint of the SM. Rather, the listed particles are a reflection of experimental observations.

The SM framework does, however, impose constraints on possible new particle content.

For example, if there were a fourth generation of quarks, it should be accompanied by a

2



Particle name Symbol Electric charge (e = 1.60 × 10−19 C) Mass (GeV/c2)

quarks

up u +2/3 2.49 × 10−3

down d -1/3 5.05 × 10−3

strange s -1/3 1.01 × 10−1

charm c +2/3 1.27
bottom b -1/3 4.19
top t +2/3 1.72 × 102

leptons

electron e -1 5.11 × 10−6

muon µ -1 1.06 × 10−3

tau τ -1 1.78
electron neutrino νe 0 < 2 × 10−9

muon neutrino νµ 0 < 2 × 10−9

tau neutrino ντ 0 < 2 × 10−9

gauge bosons

gluon g 0 0
photon γ 0 0
W boson W +1 8.04 × 101

Z boson Z0 0 9.12 × 101

Higgs boson H 0 > 1.14 × 102

Table 1.1: A list of the particles of the Standard Model, including standard abbreviation,
electric charge, and mass [1]. Note that each listed particle has a corresponding anti-
particle with the opposite charge. Because free quarks are not observed, quark masses
are estimates based on experimental observations (e.g., measured meson masses) coupled
with theoretical calculations.

fourth generation of leptons. Experimental data indicates that the number of neutrinos

withmν . 45 GeV/c2 is 2.9840± 0.0082 [3], supporting the notion that there are only three

light quark and lepton families.1

1.1.2 Standard Model Interactions and Gauge Bosons

The three interactions incorporated into the SM are, in order of decreasing strength,

the strong force, the electromagnetic force, and theweak force. Coupling constants for each

force are given in Table 1.2.2 These forces are natural consequences of the imposition of

1A new family of heavy quarks and leptons is not ruled out by experimental data. Current limits on
possible fourth generation quark and lepton masses are given in Reference [1].

2The exact couplings depend on the energy scale of interest and in some cases, the exact particles involved,
so the values in Table 1.2 should be treated as approximate.
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Force Coupling constant Value

strong αs ≤ 1

electromagnetic α = e2

4π~c ≈ 1/137 = 7.3 × 10−3

weak G(Mc2)2

(~c)3
1.17 × 10−5

gravity GN M2

4π~c 5 × 10−40

Table 1.2: Approximate coupling constants of the fundamental forces [4]. Although it is
not currently included in the SM, gravity is also listed for comparison.

a gauge-symmetry into the quantum theoretical framework of the SM. These symmetries

also lead to particles called “gauge-bosons,” which can be thought of as the spin-one par-

ticles that mediate the force of interest.3

The Strong Force

The strong force is carried by eight gauge bosons, called gluons. Each is massless

and couples only to particles that carry color charge (i.e., the quarks and other gluons). The

theory describing strong interactions is referred to as quantum chromodynamics (QCD),

and is based on the symmetry group SU(3). As seen in Table 1.2, the strong force has a large

coupling constant relative to the electromagnetic and weak forces. This can complicate

theoretical calculations that are usually based on perturbation theory. In fact, the strong

force becomes notably non-perturbative at relatively low energy scales, O(500MeV). As a

result, the spectrum of particles we observe experimentally is not the set of quarks previ-

ously listed. Rather, we observe color-neutral bound states of quarks and gluons known

as hadrons.

Hadrons can primarily be classified into baryons, combinations of three quarks,

and mesons, combinations of a quark and an anti-quark. The most well-known baryons

are the proton and neutron, which are bound states of uud and udd, respectively. Mesons

are less familiar from our every-day experience, as even the longest lived mesons have

lifetimes of only O(10−8s). We mention here only a few specific examples: the lightest

mesons are made from combinations of up and down quarks and anti-quarks, and are

known as pions, designated π; mesons containing a strange quark (anti-quark) with an up

or down anti-quark (quark) are known as kaons, designated K ; and mesons containing a

3Unlike the strong, weak, and electromagnetic forces, gravity is expected to be mediated by a spin-two
particle known as the graviton.
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bottom quark (anti-quark) with an up or down anti-quark (quark) are known asBmesons.

We will discuss some of these mesons in more detail later.

Other more exotic hadronic states may exist, such as combinations of two gluons

(glueballs), sets of two quarks and two anti-quarks (tetraquarks), or four quarks and an

anti-quark (pentaquarks). However, none of these states have been conclusively identified.

More information on the status of these exotic hadrons can be found in the literature, for

example in Reference [5].

The Electromagnetic Force

The electromagnetic force is carried by a single massless gauge boson, the pho-

ton. It acts on particles that carry electric charge: the quarks, the electron, muon, and tau

leptons, and theW+ andW− (see below). The field theory describing the interaction of the

photon with charged particles is known as quantum electrodynamics (QED), and is based

on the U(1) symmetry group.

The Weak Force

The weak force is carried by three gauge bosons, the W+, the W−, and the Z0.

As its name suggests, it is the weakest of the three forces in the SM. It is the only known

force that can change the flavor of a lepton or quark. For example, it is responsible for the

radioactive decay of the neutron:

n→ p+ e+ ν̄e (1.1.3)

At the quark level, this process changes the flavor of one of the neutron’s constituent

quarks from down to up:

d→ u+ e+ ν̄e (1.1.4)

The weak force couples to all the fundamental fermions, and is the only SM force that

couples to neutrinos, making them both unique and notoriously difficult to detect exper-

imentally. In fact the electromagnetic and weak forces have a unified description known

as electroweak theory, or the Glashow, Weinberg, and Salam (GSW) theory (see, among

others, Refs. [6, 7, 8]), which is based on a broken SU(2) × U(1) symmetry.

The weak force couples the up-type quarks to the down-type quarks via the W

boson. Unlike the gauge bosons from the electromagnetic and strong forces, the W and

Z bosons acquire masses of order ∼ 100MeV/c2 through the Higgs mechanism, which we
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describe in the next section. However, the quark eigenstates of the weak interaction are

not the same as the quark mass eigenstates. Rather, they are related by a matrix transfor-

mation:








d̃

s̃

b̃









=









Vud Vus Vub

Vcd Vcs Vcb

Vtd Vts Vtb

















d

s

b









(1.1.5)

where the states d̃, s̃, and b̃ are the weak interaction eigenstates and d, s, and b are the mass

eigenstates. The matrix V is known as the Cabibbo, Kobayashi, and Maskawa (CKM) ma-

trix. This effective rotation between the weak interaction eigenstates and the mass eigen-

states means that the magnitude of the effective coupling for flavor changing processes in

the quark sector depends on the transition involved. Experimentally, the magnitudes of

these elements are found to be:









|Vud| ≈ 0.974 |Vus| ≈ 0.225 |Vub| ≈ 0.004

|Vcd| ≈ 0.225 |Vcs| ≈ 0.973 |Vcb| ≈ 0.041

|Vtd| ≈ 0.009 |Vts| ≈ 0.041 |Vtb| ≈ 0.999









(1.1.6)

where the values are based on a combination of various measurements, as tabulated by

Reference [9]. From the values, it is clear that transitions within a quark family, (i.e., t→ b,

c→ s, and d→ u), are favored over transitions between families.

V is a 3 × 3 complex matrix, defined in principle by nine magnitudes and nine

phases. However, in order to preserve probability, the matrix must be unitary, thus reduc-

ing the degrees of freedom to three rotation angles and six complex phases. Five of the

six phases can be absorbed into redefinitions of the quark fields, leaving one irreducible

complex phase. The presence of this complex phase results in a potential asymmetry be-

tween the behavior of matter and antimatter. In the underlying theory, the substitution of

matter into antimatter is a combination of two operations, known as charge-conjugation

and parity (C and P), so this asymmetry is known as CP violation. This mechanism of CP

violation can only occur if there are three (or more) families of quarks, though it was pos-

tulated by Kobayashi and Maskawa (KM) in 1973, when only two families were known.

Ultimately, experimental discovery of the third quark family and subsequent confirmation

of the KM mechanism of CP violation led Kobayashi and Maskawa to receive the Nobel

Prize in Physics in 2008.
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1.1.3 The Higgs Boson

The Higgs particle is the only remaining unobserved particle in the SM. The field

associated with the Higgs couples to every massive particle in the SM (both the fundamen-

tal fermions and the massive W± and Z0 gauge bosons). It is through these interactions,

known as the Higgs mechanism, that these particles obtain a mass. Observation of the

Higgs boson is a primary goal of many current experiments, including those taking place

at the Tevatron [10, 11] and the Large Hadron Collider (LHC) [12]. However, the details of

the Higgs mechanism are beyond the scope of this document, as they are not necessary to

explore the B meson decay channels of interest.

1.1.4 Standard Model Processes: Trees and Loops

Having now summarized the fundamental fields and interactions described by

the SM, we will briefly discuss the Lagrangian formalism, insofar as it is helpful to un-

derstand why certain decay channels are of inherent interest. Particle interactions are de-

scribed by a Lagrangian:

Lint =

∫

d3x(Lint + L†
int) (1.1.7)

where L and L† are the Lagrangian density and its Hermitian conjugate.4 The matrix

element, Mif for a typical process can then be represented as the expectation values of

initial and final states i and f , connected by the interaction Lagrangian, and higher orders

thereof:

Mif = 〈f | Lint + L†
int | i 〉 +

(−i)2
2!

∫

d4x 〈f | (Lint + L†
int)

2 | i 〉 + . . . (1.1.8)

For example, the Lagrangian density for the interaction between the light quarks, u and d,

their antiquarks, ū and d̄, and the chargedW bosons is given by:

L = i g

2
√

2
[W+

µ Vudūγ
µ(1 + γ5)d]

L† = i g

2
√

2
[W−

µ (V †)udd̄γ
µ(1 + γ5)u]

(1.1.9)

where g is the weak coupling constant, and Vud is an element of the CKM matrix.

This Lagrangian describes the interaction, d → u + W−.5 A graphical repre-

sentation of this process, known as a Feynman diagram, is shown in Figure 1.1. We can

4Including the Hermitian conjugate ofL ensures that the Lagrangian is Hermitian, a requirement necessary
for the theory to preserve unitarity, and thus probability.

5This Lagrangian actually describes any d, u, W process. For example, it also can be used to describe the
annihilation of a quark-antiquark, as in d + ū → W−.
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d

W−

u

Vudg/(2
√

2) W−

e−

ν̄e

g/(2
√

2)

Figure 1.1: Feynmandiagrams of the coupling between the down and up quarks and theW
boson (left) and the coupling between the e, ν̄e, and theW (right). The factors gVud/(2

√
2)

and g/2
√

2 represent the coupling coefficients for the respective interactions.

W−

d

e−

ν̄e

u

Figure 1.2: Tree-level diagram for the process d→ u+ e− + ν̄e.

describe more complicated processes by combining such diagrams. For example, the other

interaction shown in Figure 1.1,W− → e− + ν̄e, corresponds to the following piece of the

electroweak Lagrangian:

L = i g

2
√

2
[W+

µ e
+γµ(1 + γ5)νe]

L† = i g

2
√

2
[W−

µ ν̄eγ
µ(1 + γ5)e−]

(1.1.10)

We can then combine these two diagrams, as in Figure 1.2, to describe the β decay of the

neutron (d→ ue− + ν̄e).

In the language of Eq. 1.1.8, this diagram is the lowest non-zero contribution to

the matrix element for the process d→ u+ e− + ν̄e (in this case, it is of order L2, one factor

of L for the d → u + W− process from Eq. 1.1.9 and another for W− → e−ν̄e from Eq.

1.1.10).

Contributions of this nature, in which the diagrams do not contain closed particle

loops, are called tree-level diagrams. Although many processes can be described in this

8



W

γ

b s

Figure 1.3: A loop diagram, known as a radiative penguin, contributing to the process
b→ sγ.

fashion, some processes can only occur in the presence of closed loops. Diagrams of such

processes are called loop diagrams. As an example, the weak interaction does not allow

the process b → sγ to occur at tree-level.6 Instead, this process occurs via loop diagrams

known as radiative penguins. Figure 1.3 shows an example of such a diagram. The par-

ticles in the loop are not observable, and are instead known as “virtual.” Virtual particles

are not required to have themass of their real counterparts, so they are able to contribute at

energy scales below their nominal mass. Furthermore, the total amplitude for the process

is the sum of all such loop contributions. If there were non-SM particles with couplings

such that they could take the place of any of the virtual particles in such a loop diagram,

the rate of this decay would be sensitive to them, even if they are too heavy to be pro-

duced directly. Significant differences between SM expectations and experimental data for

such decays would indicate the presence of new physics. For this reason, decays involving

loops are an excellent testbed to search for physics beyond the SM.

1.1.5 Inclusive and Exclusive Decays

Although the fundamental SM processes describe interactions with quarks, they

are not directly observable in nature. For example, although we described the quark-level

transition b → sγ in the diagram in Figure 1.3, in reality the initial b and final s quarks are

bound in hadronic states by the strong force. The b quark could be bound in a B meson,

and the s quark in a kaon (K), a combination of s and ū or d̄. The b → sγ process thus

encompasses many possible specific hadronic decays, only one of which is B → K∗γ. For

6For convenience, from here on we will drop the addition symbol when describing processes. So b → s+ γ
and b → sγ refer to the same process.
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this reason, we call the underlying quark-level process an inclusive decay. In contrast,

when specific hadronic states are specified, we call it an exclusive decay.

Because theoretical calculations involving mesons are complicated by the under-

lying dynamics of hadronic systems, predictions for exclusive processes are significantly

more difficult to calculate, and suffer from large uncertainties. However, because they

involve very specific initial and final states that can be searched for experimentally, they

can be measured with high relative accuracy. In contrast, if calculations for part or all

of the process are restricted to the quark level, the theoretical uncertainties are reduced.

To compare such predictions to experiment, one must measure all possible realizations of

the inclusive process. For example, an inclusive measurement of b → sγ should include

B → K∗γ, B → Kπγ, etc. Although such measurements are difficult, they can be com-

pared to more precise theoretical predictions, and create an excellent laboratory to search

for new physics.

1.2 Beyond the Standard Model

We have mentioned two possible windows for testing the SM and searching for

new physics: loop processes and inclusive processes. However, we have not yet addressed

whywe expect physics that extends beyond the SM. Although the SM accurately describes

a large number of experimental results, some theoretical arguments imply that it is an

incomplete description of the fundamental laws of nature. Further, some observations

cannot be accounted for within the framework of the SM.

One of the most obvious deficits of the SM is that it only includes three of the

four known fundamental forces; it fails to incorporate gravity. In the same vein, though

the SM can describe the electromagnetic and weak forces with one underlying theory, the

electroweak force, it does not provide a similar unification for the strong force. The SM

also provides no prediction for the number ormasses of the fundamental fermions, instead

describing them in an ad-hoc manner to match experimental observations.

On the experimental side, one of the strongest pieces of evidence for physics be-

yond the SM comes from astrophysical observations. A number of these observations

suggest a large amount of gravitational matter that cannot be attributed to SM particles. In

fact, SM particles account for less than 5% of the energy in the universe [4].
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There are many theories and models that propose to supplement the SM to solve

these and other theoretical and observational problems. One of the most popular theories

is known as supersymmetry, in which each fundamental fermion has a bosonic partner,

and vice versa [13]. The presence of these additional particles and their couplings could

change the evolution of the SM forces with energy, resulting in their unification at some

higher scale. Some supersymmetric theories also propose to describe gravity with the

other fundamental interactions. The additional supersymmetric particles could also ac-

count for the darkmatter whose gravitational influence has been observed by astronomers.

Of course, supersymmetry is by no means the only possible extension of the SM,

but it provides an illustrative example of what new particles may exist. One approach to

reveal new physics is to search for these new particles, supersymmetric or otherwise, by

direct detection. Passive searches include dark matter detection experiments, while active

attempts to produce new particles can be conducted in collider environments, such as pre-

vious experiments at the Large Electron Positron collider (LEP) and existing experiments

at the Tevatron and LHC. New particles could also be detected indirectly, as they may

contribute to loop diagrams, as discussed in Section 1.1.4. Their presence could influence

the observed rates for certain processes, such as decays of the B meson. Thus, precision

measurements of such decays are a valuable tool to test the SM and search for physics

beyond.

1.3 B Decays

Conservation of energy dictates that a particle can only decay into a state with

lower overall mass. As such, more massive particles tend to have a richer variety of pos-

sible decays. In the quark sector, the b quark is the most massive quark that forms bound

states.7 As can be seen from the CKM matrix magnitudes, the strongest hadronic b decays

at tree level are expected to be via the b → c transition, since Vcb is an order of magnitude

larger than Vub. However, loops allow for other transitions, albeit with smaller matrix ele-

ments, such as the b→ s transition we have previously described, and even b→ d decays.

Other decays with leptons in the final state are also allowed.

7Although the t quark is the most massive of the known quarks, its large mass makes it so unstable that it
does not survive long enough to form hadronic bound states.
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This rich variety of underlying b decays coupled with the relative ease of produc-

tion in accelerators (see Section 3.1) makes the B meson an excellent testbed to study the b

quark and the predictions of the SM. For our purposes, the primary observables of interest

for a B meson decay are its branching fraction and its direct CP asymmetry.

1.3.1 Branching Fraction

A particle or state with a finite lifetime has a corresponding spread in its rest

mass. The lifetime, τ , is related to this spread, or width, Γ, by Γ = ~/τ . The width for a

given decay is related to the square of the matrix element for that process. The total width

is the sum over each possible decay of the state or particle:

Γ =
∑

i

Γi (1.3.1)

or in terms of the lifetime:
1

τ
= ~

∑

i

1

τi
(1.3.2)

In some cases it is practical to measure the width or lifetime directly. In our case, where we

will have a large source of B and B̄ mesons, it is more convenient to measure the fraction

of decays that proceed via a particular channel, known as a branching fraction, B. For

example, for a B0 meson decay, B0 → K+π−, we define the experimentally measured

branching ratio as:

B(B0 → K+π−) =
N(B0 → K+π−)

N(B0 → X)
(1.3.3)

where the numerator is the total number of B0 → K+π− decays that occured and the

denominator is the total number of B0 decays to any final state.8 In terms of the decay

width, this corresponds to:

B(B0 → K+π−) =
Γ(B0 → K+π−)

∑

i Γi
(1.3.4)

where the summation is over all possible decays.

8Note that for the remainder of this work, charge conjugate modes are implied unless otherwise stated.
So in this example, the branching fraction B0

→ K+π− is the sum of the number of B0
→ K+π− and

B̄0
→ K−π+ decays, divided by the total number of B0 and B̄0 decays.
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1.3.2 Direct CP Asymmetry

As alluded to in Section 1.1.2, the complex phase in the CKM matrix allows for

an asymmetry between matter and antimatter, known as CP asymmetry. In B decays, CP

asymmetry can be observed indirectly, via mixing between B0 and B̄0, or directly, via an

asymmetry between the rate of a B0 decay and the conjugate B̄0 decay, or similarly a B+

decay and the conjugate B− decay. Experimentally, direct CP asymmetry is defined as:

ACP =
B(b) − B(b̄)

B(b) + B(b̄)
(1.3.5)

where the states with a b correspond toB− or B̄0 and those with b̄ correspond toB+ orB0,

and the decays are the appropriate charge conjugate states of one another. Theoretically,

this can be expressed in terms of the decay widths,

ACP =
Γ(b) − Γ(b̄)

Γ(b) + Γ(b̄)
(1.3.6)

In both the experimental and theoretical cases, the asymmetry has the benefit of

being a ratio of similar terms. For example, in the experimental case, many uncertainties in

measuring the branching fraction will be the same for both the b and b̄ states, and will thus

cancel out in a determination ofACP . Similarly, uncertainties due to, for example, hadronic

form factors, may cancel out in the theoretical expression, resulting in more precise theory

predictions.

13



Chapter 2

The η and η′ Mesons

We mentioned a few hadrons specifically in the previous chapter. To motivate

this decay analysis, we should discuss some of the propeties of the mesons in more detail.

Specifically, we will discuss mesons made out of u, d, and s quarks, with a special focus

on the η′ and η, including the b → s transitions involving these mesons, B → Xsη
′ and

B → Xsη.

2.1 Light (u,d,s) Mesons

Although the underlying theory of QCD is based on an SU(3) symmetry of quark

and gluon colors, the light hadron spectrum can be understood as an approximate sym-

metry between the light quark flavors (u, d, and s), known as flavor SU(3). This approach

allows us to classify hadrons into groups based on representations of SU(3). Although it

is obvious from the variations in the masses within these subgroups that this symmetry

is not exact, it nonetheless provides some valuable insights into some properties of the

hadrons. We focus here on the light mesons.

By combining quark anti-quark pairs, we can create a spin-0 pseudoscalar or spin-

1 pseudovector meson ground state. If we restrict ourselves to the light quarks, we expect

a total of nine possible quark anti-quark combinations:









u

d

s









(

ū d̄ s̄
)

=









uū ud̄ us̄

dū dd̄ ds̄

sū sd̄ ss̄









(2.1.1)
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Meson Quark content Mass (MeV/c2)

π0 1
2(uū− dd̄) 135.0

π+ ud̄
139.6

π− dū
K+ us̄

493.7
K− sū
K0 ds̄

497.6
K̄0 sd̄
η8

1
2
√

3
(uū+ dd̄− 2ss̄)

(See Section 2.2)
η0

1√
6
(uū+ dd̄+ ss̄)

η
(See Section 2.2)

547.9
η′ 957.8

Table 2.1: Mesons of the pseudoscalar nonet, including their quark content and masses.

The underlying transformation rules of the theory, known as flavor SU(3), dictate that the

pseudoscalar eigenstates are a combination of these quark anti-quark pairs.1 These nine

states are known as the pseudoscalar nonet. Their quark content and masses are given

in Table 2.1. The first eight are known as the pseudoscalar octet, since they form an octet

representation of SU(3). The remaining state, the η0, is a singlet representation of SU(3),

and is hence known as the pseudoscalar singlet.

2.2 The η and η′

The η8 and η0 are not experimentally observed states. Rather, we observe linear

combinations of these two states known as the η and η′. This mixture can be characterized

by a mixing angle θ:




η

η′



 =





cos θ − sin θ

sin θ cos θ









η8

η0



 (2.2.1)

The value of this η–η′ mixing angle must be determined experimentally. One theoretical

approximation relates the mixing angle to the masses of η and η′:

tan2 θ =
m2

η − 1
3(4m2

K −m2
π)

1
3(4m2

K −m2
π) −m2

η′

(2.2.2)

1Each of these eigenstates has a pseudovector equivalent, but we restrict our discussion to the pseudoscalar
states.
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This gives the value |θ| ≈ 11◦. Other estimations give a range of values: −10◦ < θ < −20◦.

Though the exact values vary, the accepted range of θ indicates that the η is predominantly

composed of the octet η8 and the η′ of the singlet η0.

2.3 η′ and the QCD Anomaly

For a classical field theory, we expect by Noether’s theorem a conserved current,

jµ, associated with each continuous symmetry of the action. When such a current fails to

survive quantization of the theory, it is called an anomaly. The QCD axial-vector current,

jµ5, is one such anomaly, with a divergence given by [14]:

∂µj
µ5 =

∑

q=u,d,s

2imkqγ5q̄ −
3αS

4π
GαβG̃

αβ (2.3.1)

where q and q̄ denote the light quark and anti-quark fields,Gαβ is the gluonic field strength,

and G̃αβ is its dual. The first term is a sum over the three flavors of light quarks and their

anti-quarks, and can thus be interpreted as the η0. Thus, this equation implies a coupling

between the η0 and a two-gluon (also known as gluonium, or gg) state.

Returning to the physical states, the η′, being composed of mostly η0, should also

couple strongly to gluons. One interpretation is that the η′ is actually a mixture of η0,η8,

and gg, and it is this presence of a significant gg component that is responsible for the in-

creased mass of the η′ relative to the other members of the pseudoscalar nonet. Under this

interpretation, as much as ∼ 25% of the η′ could be composed of gluonium [14]. The pres-

ence of η–η′ mixing indicates that the η could also have some gluonium component, but

since the η is made up primarily of the octet η8, its gluonium content is usually assumed

to be negligible.

2.4 B → Xsη
′

A possible candidate to observe the enhanced η′gg coupling is in b → sg∗ pro-

cesses, where a b quark decays to an s quark and an intermediate unstable gluon state g∗,

which in turn could couple via the η′gg anomaly mechanism to produce an η′. The dia-

gram for such a b → sη′g transition is shown in Figure 2.1. This class of diagram, where a

gluon is emitted from the loop, is known as a strong penguin.
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Figure 2.1: A b→ sη′g QCD penguin diagram.
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Figure 2.2: (Left, Middle) TwoB → Xsη
′ diagrams that occur via “two-body” mechanisms

that do not involve the QCD anomaly coupling. (Right) The QCD anomaly contribution to
B → Xsη

′.

As discussed in Section 1.1.5, the quarks and gluons in Figure 2.1 cannot be seen

directly. Instead, a candidate for experimental searches could contain the initial b quark

bound with a ū or d̄ in a B meson. The final state gluon would create one or more qq̄

pairs, giving an overall final state of an η′ and an outgoing hadronic system with a net

strangeness of one, which we denote as Xs. The experimentally observable decay is thus

B → Xsη
′. Unfortunately, observation of this decay alone does not necessarily imply that

the anomaly mechanism is responsible. For example, Figure 2.2 indicates three possible

diagrams that could contribute to the decay. As the underlying processes are different,

they will lead to different distributions of other observables, such as MXs . Thus, it is

important to determine both the branching fraction as well as the mass spectrum of theXs

system.

The CLEO collaboration peformed the first such measurement in 1998 [15] using

a data sample of 3.3 × 106 BB̄ pairs and found a branching fraction of B(B → Xsη
′; p∗η′ >

2.0GeV/c) = (6.2 ± 1.6(stat) ± 1.3(syst)+0.0
−1.5(bkg)) × 10−4, where the restriction on the
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Figure 2.3: Spectrum of MXs observed by CLEO for B → Xsη
′ in Ref. [15]. Data points

with error bars are the measurement result, corrected for detection efficiency and based
on a subtraction of qq̄ backgrounds. Histograms represent the expectation from b → sqq̄
(solid) and b→ sη′g (dashed).

center-of-mass (CM) momentum of the η′, p∗η′ , was chosen to reduce backgrounds from

b → c decays. This branching fraction was considered anomalously large, and the mass

spectrum of the inclusive Xs state exhibited a peak above 2.0 GeV/c2, as shown in Figure

2.3.

This measurement inspired significant theoretical interest. An initial calculation

was performed using conventional factorization approaches [16], but the resulting branch-

ing fraction fell short of the observed value by nearly a factor of five, and gave a mass spec-

trumwhich peaked at a significantly lowerXs mass. Other calculations included more ex-

otic possibilites: the presence of a significant cc̄ component within the η′ [17], and possible

contributions from the QCD anomaly [18]. However, the cc̄ explanation predicts that the

rate of B → η′K should be roughly half the rate of B → η′K∗, but current experimental

averages [1] indicate that the latter is actually suppressed relative to the former by more

than an order of magnitude. Likewise, the anomaly explanation is similarly disfavored, as

it requires a form factor for η′gg that is incompatible with measurements of Υ(1S) → η′X

[19].

B → Xsη
′ was later measured in an improved analysis by CLEO with 9.7 ×

106 BB̄ pairs [20] and independently by the BaBar collaboration with 88.4 × 106 BB̄ pairs

[21], giving branching fractions lower than, but consistent with, the original measurement:
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Figure 2.4: ObservedXs mass spectra in measurements ofB → Xsη
′ from CLEO [20] (left),

and BaBar [21] (right). For both plots, the points with error bars are the data. In the left
plot, the histograms indicate expected background contributions from b → c → s cascade
decays (light gray), B → D(∗)0η′ decays (dark gray), and B → D∗∗0η′ (hatched). In the
right plot, the histogram is the expectation from nonresonant B → Xsη

′.

(4.6±1.1(stat)±0.4(syst)±0.5(bkg))×10−4, and (3.9±0.8(stat)±0.5(syst)±0.8(model))×
10−4, respectively. The mass spectra of these measurements, shown in Figure 2.4, confirm

the peaking at highMXs . The currently accepted average for B → Xsη
′ is, as of this writ-

ing, [1]: (4.2± 0.9)× 10−4. There is still no conclusive agreement within the community as

to the underlying nature of the signal. Some theoretical treatments [22, 23] imply that the

decay rate could be indicative of contributions from new physics.

2.5 B → Xsη

The previously described η–η′ mixing phenomenon suggests that a measurement

ofB → Xsη could help to clarify the underlying contributions toB → Xsη
′. For example, if

the explanation is strongly linked to the QCD anomaly, then the rate for the ηmode should

be suppressed relative to the η′ mode by the square of the tangent of the η–η′ mixing angle,

tan2 θ ∼ 0.1. A more recent theoretical treatment of both the η′ and η modes using soft-

collinear effective theory includes possible contributions from nonperturbative diagrams

involving charm quarks, though it is not possible to determine the extent to which these

diagrams contribute without a measurement of the η mode [24].
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The only previous search for B → Xsη was performed by CLEO with a data

sample of 3.3× 106 BB̄ pairs, and placed an upper limit of B(B → Xsη) < 4.4× 10−4 [15].

Though this is consistent with the QCD anomaly expectation, the limit is not restrictive

enough to make any definite conclusions. The Belle detector, having collected hundreds of

millions of BB̄ pairs, is thus in an excellent position to measure B → Xsη and potentially

clarify a piece of the η–η′ puzzle.
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Chapter 3

Experimental Methods and Apparatus

In order to measure the B → Xsη process, we require a source of B mesons and

a method of detecting their decay products. In this chapter, we discuss production of B

mesons with the Υ(4S) system at the KEKB collider, and the subsequent detection of B

decays with the Belle detector.

3.1 The Υ(4S) and B Mesons

The Υ system is a mesonic state composed of b and b̄, and was discovered at Fer-

milab in 1977 [25]. Because of the large mass of the b quark relative to the binding energy

provided by the strong interaction, the bb̄ pair in the Υ can be treated as nonrelativistic.

This treatment allows the Υ system to be understood in analogy to the positronium sys-

tem, a short lived e+e− bound state. As in positronium, the result is a spectrum of bound

states.

Of these, the Υ(1S) ground state and its radial excitations ( Υ(2S),Υ(3S), . . .) are

readily produced in e+e− collisions. The measured hadronic cross sections as a function

of energy for the first four Υ states are shown in Figure 3.1 The Υ(4S) is the first of these

states that is heavier than the mass of a BB̄ pair. As such, it decays almost entirely (>

96%) via Υ(4S) → BB̄. Of these decays to B meson pairs, they are split almost evenly

into Υ(4S) → B+B− and Υ(4S) → B0B̄0 (approximately 52% and 48%, respectively) [1].

Accelerators that exploit these favored decays through the process e+e− → Υ(4S) → BB̄

are known as B factories. Two B factory experiments have been underway over the last

decade: the BaBar experiment at the PEP-II collider at SLAC in California, and the Belle

experiment at the KEKB collider in Tsukuba, Japan.
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Figure 3.1: TheΥ states, as observed via the cross section for e+e− → hadrons, as measured
by the CUSB collaboration [26, 27] at CESR.

3.2 The KEKB B Factory

KEKB is an electron-positron collider located at the High Energy Accelerator Re-

search Organization (KEK) in Tsukuba, Japan [28]. The collider, shown schematically in

Figure 3.2, consists of an 8 GeV electron storage ring, known as the high energy ring (HER),

and a 3.5 GeV positron storage ring, known as the low energy ring (LER), each approxi-

mately 3 km in circumference.1 Electrons and positrons from the two rings collide with a

22 mrad crossing angle at the interaction point (IP) and a nominal CM energy tuned to the

Υ(4S) resonance at 10.58 GeV.

At the time of its design, the luminosity of KEKBwas targeted at 1×1034cm−2s−1.

It began operation in 1998 and achieved design luminosity in May 2003. Operational im-

provements and equipment upgrades led to significant increases in luminosity, culminat-

ing in a world record of 2.11×1034cm−2s−1 in June 2009. During its operating period from

1998 through 2010, KEKB delivered an integrated luminosity of more than 1 ab−1. Most of

this luminosity was delivered at the energy of Υ(4S), giving a total of over 771 million BB̄

pairs. The subsequentB decays were recorded by the Belle detector, located at the IP.

1The asymmetry between the two beams was chosen to create a net boost in the lab frame, allowing mea-
surement of decay-time differences betweenB0 and B̄0, known as time-dependent CP violation studies. How-
ever, this type of analysis is not the subject of this work.
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3.3 The Belle Detector

The Belle detector [29], shown in Figure 3.3, is a collection of sub-detectors built

around the IP of the KEKB collider. The coordinate system for Belle is defined with the

z-axis antiparallel to the positron beam and the x-axis pointing inward, toward the center

of the KEKB storage rings. For convenience, we often use polar coordinates (θ, φ, and r)

with polar angle θ defined as the angle away from the z-axis. The detector subsystems

cover a full 2π in φ and three ranges in θ: the barrel region (34◦ < θ < 127◦), the forward

endcap (17◦ < θ < 34◦), and the backward endcap (127◦ < θ < 150◦). Information from

the Belle subdetectors is combined and used to search for specific B meson decays via a

technique known as reconstruction.

3.3.1 Decay Reconstruction

Our primary tool to identify specific decays is known as reconstruction. The basic

principle is to utilize kinematics and known particle properties to search for a specific

process. For example, to identify a decayX → Y +Z , we can search for the decay products

Y andZ (preferrably coming from a common decay vertex). However, there could be other

processes, such as X → Y + Z + α or F → Y + Z . These processes also have Y and Z in

the final state, so it is not enough to simply identify the final state particles.

We can increase our certainty that we have observed the process of interest if we

can verify the conservation of four-momentum:

(pX)µ = (pY )µ + (pZ)µ (3.3.1)

Squaring the above relation and expanding, using natural units,

(pX)µ(pX)µ = (pY + pZ)µ(pY + pZ)µ

mX =
√

(pY )µ(pY )µ + (pZ)µ(pZ)µ + (pY )µ(pZ)µ + (pZ)µ(pY )µ

mX =
√

m2
Y +m2

Z + 2(EY EZ − pY · pZ)

(3.3.2)

where E, p, and m are the relevant energy, three-momentum, and rest mass, respectively.

The right hand side of the above relation is known as the invariant mass of the Y,Z system.

If Y and Z are truly products of the decay X → Y + Z , then their invariant mass should

be consistent with the mass of X.

As can be seen from above, the invariant mass is completely specified by mea-

surements ofm and p for each decay product, since the energy can then be deduced from
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Figure 3.3: Isometric (top) and side (bottom) views of the Belle detector. In the isometric
view, a human figure is added for scale.
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relativistic relations. Thus, each Belle subsystem is designed to determine one or more of

these values. Momentum of charged particles can be measured through magnetic spec-

troscopy. The momentum of neutral particles is determined by an energy measurement,

performed using electromagnetic calorimetry. Finally, the mass of each decay product

can be determined by systems that perform particle identification. All systems must be

triggered to collect the desired data with a high efficiency while keeping the background

trigger rate to a manageable level. Finally, the information from all these systems must be

recorded and processed to allow the end user to reconstruct B meson decays in a given

analysis.

3.3.2 Magnetic Spectroscopy

A charged particle traveling in a magnetic field follows a helical path with a ra-

dius of curvature given by

R =
|pT |
0.3B

(3.3.3)

where pT is the component of the particle momentum transverse to the magnetic field,

given in GeV/c, and B is the magnitude of the magnetic field, given in Tesla. In Belle, a 1.5

T magnetic field is supplied along the z-axis by a superconducting solenoidwith length 4.4

m and an inner radius of 1.7 m. Two detectors are used to track charged particles through

the magnetic field: the silicon vertex detector (SVD) and the central drift chamber (CDC).

Silicon Vertex Detector (SVD)

The SVD is placed just outside the beam pipe, and as such is the closest detector

to the IP. As its name suggests, its primary purpose is to supply spatial information on

charged particles to determine the B-meson decay vertices. It also contributes to the over-

all tracking system. It consists of a series of reversed bias diode strips with their central

region depleted of charge carriers. When a charged track passes through this region, it cre-

ates electron-hole pairs that drift to the electrodes, thus creating a current and indicating a

hit. Data from two SVD configurations is used in this decay study. The first configuration,

SVD1, was used through 2003. SVD1 covers the angular range 23◦ < θ < 139◦ with three

concentric cylindrical layers, each with a number of double-sided silicon strip detectors

(DSSDs). Strips on each side of a DSSD are arranged perpendicular to those on the other

side. This allows measurement of the z-position on one side and the r − φ position on
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Figure 3.4: The first SVD configuration, SVD1, used through summer 2003.

the other. This configuration is shown in Figure 3.4. In the summer of 2003, SVD1 was

removed and the SVD2 configuration was installed. SVD2 has improved angular accep-

tance, from 17◦ < θ < 150◦ and a total of four concentric cylinders of DSSD detectors, with

the innermost layer 0.5 cm closer to the IP than SVD1.

The performance of each configuration is measured by the resolution on the point

of closest approach to the IP, known as the impact parameters. This is divided into two

pieces: the r−φ and z resolutions. The r−φ resolution, σrφ, of each configuration is given

by

[SVD1]σrφ(µm) = 19.2 ⊕ 54.0
pβ sin3/2 θ

[SVD2]σrφ(µm) = 21.9 ⊕ 35.5
pβ sin3/2 θ

(3.3.4)

and the z resolution is given by

[SVD1]σz(µm) = 42.2 ⊕ 44.3
pβ sin5/2 θ

[SVD2]σz(µm) = 27.8 ⊕ 31.9
pβ sin5/2 θ

(3.3.5)

where in both cases the ⊕ operator indicates the addition of the two components of the

resolution in quadrature.
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Figure 3.5: Overview of the CDC structure. Lengths are in mm.

Central Drift Chamber (CDC)

The next detector outward from the SVD is the CDC, shown in Figure 3.5. The

CDC covers the angular range from 17◦ < θ < 150◦. Each of its 8400 drift cells consists of a

sense wire, held at a fixed positive voltage, surrounded by field wires, held at a fixed neg-

ative voltage. The CDC is filled with a 50% helium, 50% ethane (C2H6) mixture. Charged

particles passing through the gas ionize electrons, which are accelerated by the electric

field. As they accelerate, they produce secondary ionizations in the gas, and the resulting

avalanche is collected by the sense wires. The time of the hits in the CDC relative to the

event start time is combined with the known drift-velocity of electrons in the gas, and the

distance of closest approach to the sense wire is derived. The series of hits left by a particle

as it passes through the CDC and, optionally, hits from the SVD, allow the helix parame-

ters of the charged track to be reconstructed. To maximize the z-resolution of the track fits,

some of the drift cells are rotated by a small angle away from the z-axis.
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Ultimately, the CDC is able to measure the transverse momentum, pT , of most

tracks to better than 1%. The pT resolution of the CDC alone is given by

σpT

pT
(%) = (0.28pT ) ⊕

(

0.35

β

)

(3.3.6)

with pT given in GeV/c. If information from the SVD is added, the resolution improves to

σpT

pT
(%) = (0.19pT ) ⊕

(

0.30

β

)

(3.3.7)

The CDC also provides information to the particle identification (PID) system. We will

discuss this more in Section 3.3.4.

3.3.3 Electromagnetic Calorimetry

Electrons interacting in amaterial lose energy via ionization loss and bremsstrahlung

radiation. If the energy of the electron is sufficient, the bremsstrahlung photons can cause

e+e− pair-production. The resulting e+ and e− can create further ionizations and bremsstrahlung

photons, continuing the process. Thus, a high energy incident electron or photon causes

an electromagnetic shower. If the material is doped with a fluor, the ionization energy

losses from the shower are converted into visible light, which can in turn be measured by

a photodetector.

Most of the photons detected at Belle are the final products of cascade decays. As

a result, they have relatively low energies of . 500 MeV. However, some decay modes

have high energy photons (up to ∼ 4 GeV) that are direct products of a two-bodyB decay,

such as B → K∗γ. Belle’s calorimeters must therefore perform with excellent resolution

over a wide energy range.

Electromagnetic Calorimeter (ECL)

The ECL, shown in Figure 3.6, is Belle’s primary electromagnetic calorimeter. It

consists of 8,736 cesium iodide crystals, doped with thallium as a fluor (CsI(Tl)), divided

over three regions: the barrel (32.2◦ < θ < 128.7◦, 6642 crystals), the forward endcap

(12.4◦ < θ < 31.4◦, 1152 crystals), and the backward endcap (130.7◦ < θ < 155.1◦, 960

crystals). The shape of each crystal varies by position in the ECL, but a typical crystal

has a tower-like shape (see Figure 3.7), with a front face of 55 mm × 55 mm, a rear face

of 65 mm × 65 mm, and a length of 30 cm. This length corresponds to approximately
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Figure 3.6: Overall configuration of the Belle ECL.

16.2 radiation lengths, or enough to reduce the energy of an incident particle by about

1/e16.2. This length ensures that showers from high energy particles are contained within

the crystals, thus maintaining the energy resolution.

The angular coverage is the same as that of the CDC, allowing charged tracks

to be matched with clusters of hits in the ECL. Photons can thus be identified by an ECL

shower with no matching charged track from the CDC and a shower profile consistent

with an electromagnetic cascade.2 The position resolution of the ECL is

σ(mm) = 0.27 ⊕ 3.4√
E

⊕ 1.8
4
√
E

(3.3.8)

and the energy resolution is

σE

E
(%) =

(

0.066

E

)

⊕
(

0.81
4
√
E

)

⊕ 1.34 (3.3.9)

with E given in GeV.

2The characteristic profile of an electromagnetic shower is notably narrower than that of a shower produced
by an incident hadron.
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Figure 3.7: A typical ECL crystal assembly.

Extreme Forward Calorimeter (EFC)

Figure 3.8 shows the extreme forward calorimeter, which detects electromagnetic

showers in the far forward and backward regions: 6.4◦ < θ < 11.5◦ and 163.3◦ < θ <

171.2◦, respectively.

The EFC’s proximity to the beam pipe and the IP results in higher backgrounds

than the ECL. To compensate, the EFC uses crystals of bismuth germanate (Bi4Ge3O12, or

BGO) due to their higher radiation tolerance. The EFC is not used in decay reconstruc-

tion. However, its geometric location allows it to act as a beam mask to reduce radiation

backgrounds to the CDC, as well perform luminosity and background monitoring.

3.3.4 Particle Identification (PID)

Fits to the helix of a charged track can determine the particle momentum with

high precision, but provide no information on the mass, and thus the identity of the parti-

cle. However, there are a number of measurements that can distinguish between particle

types.
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One suchmeasurement is the ionization energy loss of the particle per unit length

traversed in a medium, dE/dx. This energy loss is given by the Bethe-Bloch formula,

dE

dx
=

4πN0z
2α2

mv2

Z

A

{

ln

[

2mv2

I(1 − β2)

]

− β2

}

(3.3.10)

where m is the electron mass, v and z are the charge (in units of the electron charge) and

velocity of the particle, N0 is Avagadro’s number, Z and A are the atomic number and

mass number of the material, and I is an ionization potential of the medium. Equation

3.3.10 depends only on the velocity of the charged particle (v and β), so a measurement of

dE/dx can in principle determine the velocity of the particle. Since we already measureme

the momentum from the track helix, we can calculate the mass.

m = |p|
√

1

β2
− 1 (3.3.11)

In practice, the mass is not directly calculated. Rather, the dE/dx distributions themselves

are used to distinguish the particles.

Hits in the CDC provide measurements of dE/dx at Belle. Distributions of hits

corresponding to various particle species are shown in Figure 3.9. The resulting PID ca-

pabilities are excellent below momenta of 1 GeV/c, and show some limited discrimination
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Figure 3.9: Measured distributions of dE/dx versus the log of particle momentum for pi-
ons, kaons, protons, and electrons, taken with the CDC. The scattered points are measured
data and the lines are expectations from the Bethe-Bloch formula, Eq. 3.3.10.

power at high momentum. In the intermediate region, PID is supplemented by other sub-

systems: the Aerogel Cherenkov Counter and the Time-of-Flight Counter (TOF). Further,

since the muon mass (∼ 106 GeV/c2) is so close to the charged pion mass (∼ 140 GeV/c2),

muons must be identified by another subsystem, theKL and µ Detector.

Aerogel Cherenkov Counter (ACC)

If a charged particle passes through a dielectric medium with index of refraction,

n, at a velocity faster than c/n, then it emits coherent radiation known as Cherenkov radi-

ation. If the index of refraction is suitably chosen, then pions at a given momentum may

exceed c/n and emit Cherenkov radiation while kaons at the same momentumwould not.

This is the operating principle of the Belle Aerogel Cherenkov Counter.

The ACC layout is shown in Figure 3.10. It consists of 960 modules laid out

throughout the barrel and endcap regions, each one a thin aluminum box containing two

principal components: a stack of ultralight aerogel with index of refraction ranging from

1.01 to 1.03, and one or two fine mesh photomultipler tubes (PMTs) to detect Cherenkov
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Figure 3.10: The arrangement of dedicated PID modules (barrel and endcap ACC and
TOF) within Belle. Aerogel blocks are read out by one or two fine mesh PMTs.
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Figure 3.11: ACC modules for the barrel (left) and endcap (right).

light. Example modules are shown in Figure 3.11. The ACC’s index of refraction allows it

to differentiate pions and kaons in the approximate momentum range of 1 to 4 GeV/c.

Time-of-Flight Counter (TOF)

As seen previously in Eq. 3.3.11, a measurement of particle velocity can specify

the particle mass, given that the momentum is already measured by the tracking systems.

The TOF countermeasures this velocity directly by determining the amount of time it takes

for the particle to travel from the IP to the TOF system.

The TOF is constructed from 128 bars of plastic scintillators, laid out in a barrel

configuration just outside of the ACC (see Figure 3.10). Two PMTs read out the scintillation

light from the scintillators at either end of each bar. A thin trigger scintillator (TSC) is

placed just inside each pair of TOF modules to provide triggering for the TOF, and is read

out via a single PMT, which is coupled to the TSC via a plastic light guide. The layout of

these counters is shown in Figure 3.12.

The timing resolution of each end of the TOF depends on the hit position within

the TOF scintillator. As expected, the timing is significantly better for the PMT that is closer

to the impact position of the charged particle. When timing from both ends of the bar is

combined, the overall time resolution is of order 100 ps regardless of impact position, as

shown in Figure 3.13. Figure 3.13 also shows the separation performance of the TOF, which

provides significant discrimination between π and K for p < 1.5 GeV/c.
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by the TOF for low momentum tracks (p < 1.25 GeV/c).
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Overall K/π Separation

For each charged track, information from dE/dx, the ACC, and the TOF are com-

bined to give a likelihood ratio for theK hypothesis, given theK and π hypotheses:3

PID(K) =
P

dE/dx
K PACC

K PTOF
K

P
dE/dx
K PACC

K PTOF
K + P

dE/dx
π PACC

π PTOF
π

(3.3.12)

where PK and Pπ represent probability distributions for kaons and pions in the appropri-

ate subsystem. The likelihood ratio for the π hypothesis can also be calculated as

PID(π) =
P

dE/dx
π PACC

π PTOF
π

P
dE/dx
K PACC

K PTOF
K + P

dE/dx
π PACC

π PTOF
π

= 1 − PID(K) (3.3.13)

These likelihood ratios can be used to select out those particles more likely to be K or π.

Exact efficiencies and fake rates depend on the value of PID(K) or PID(π) that is used.

A typical selection for kaons accepts those tracks with PID(K) > 0.6. Figure 3.14 shows

a measured distribution of PID(K) for varying momenta, as well as kaon efficiencies and

the rates for pions to be misidentified as kaons using the typical selection criteria.

KL and µ Detector (KLM)

TheKLM identifies particles that would otherwise not be stoppedwithin the Belle

detector: KL and µ. It consists of alternating layers of detectors and the iron of the flux

return of the Belle solenoid. The detectors are pairs of glass-electrode-resistive plate coun-

ters (RPCs), each consisting of two parallel plates separated by a gas filled gap. Ionizing

particles passing through the gap create a discharge in the gap that is read out by external

pickup strips. An example RPC “superlayer” is shown in Figure 3.15 (left). Typical spatial

resolutions of the superlayers are a few centimeters.

Hadrons can cause interactions within the KLM layers, and can thus be detected.

Hadrons consistent with a KL interaction are identified by the lack of a matching track

in the CDC. In contrast, muons should have a matching track in the CDC. Further, µ in-

teractions can be distinguished from hadronic interactions by their increased penetration

depth and characteristically narrower clusters. Typical efficiencies for identifying muons

are shown in Figure 3.15 (right).

3Other, similarly constructed likelihood ratios are available for proton identification, electron identification,
etc. We focus on K/π separation since it is the most relevant to this analysis.
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Figure 3.15: (Left) A KLM “superlayer,” consisting of two RPC layers with pickup strips
above and below. (Right) Typical muon identification efficiencies in the KLM.

38



3.3.5 Triggering and Data Collection

The high luminosity environment of KEKB creates up toMHz trigger rates in var-

ious subsystems, mostly from accelerator induced background events. In order to collect

data from desired events, such as e+e− → BB̄, the trigger system must first make some

immediate selection to identify an event as potentially interesting. This trigger decision is

then fanned out to the various subsystems and the data from each detector is collected by

the data acquisition system for offline event reconstruction and analysis.

Trigger System

The trigger system is responsible for identifying the events for recording and

permanent storage. For physics studies and analyses, the primary events of interest are

e+e− → BB̄, e+e− → qq̄(q = u, d, s, c), e+e− → τ+τ−, and e+e− → γγ. The trigger system

also must record a fraction of the total number of Bhabha scattering (e+e− → e+e−) and

mu-pair events (e+e− → µ+µ−), as they are useful for luminosity monitoring and detec-

tor calibration. The overall trigger rate should not exceed ∼500 Hz due to data acquisition

limits, so the trigger requirements must suppress triggers due to KEKB beam backgrounds

and other sources.

An initial Level-1 (L1) trigger is obtained by combining various information from

each subdetector into the global decision logic (GDL), as shown in Figure 3.16. The GDL

for the L1 trigger is implemented on programmable logic devices, and provides a trigger

decision 2.2 µs after the crossing time of the e− and e+ bunches. The L1 trigger is over 99%

efficient for hadronic events, such as BB̄.

Another trigger, known as the Level-3 (L3) trigger, can be implemented in the

online computer software. It implements a fast track-finding algorithm and rejects events

that are inconsistent with an interaction at the IP. It preserves hadronic events with high

effiency (> 99%) while rejecting 50% − 60% of L1 events. Events passing the L1 and,

optionally, the L3 trigger are recorded to raw data files. A final, L4, trigger is applied

offline on the raw data files, further reducing the background by a factor of roughly five

and maintaining the hadronic event efficiency. Events passing the L4 criteria are processed

into data files suitable for physics analysis by collaborators.
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Figure 3.16: Schematic of the Belle Level-1 trigger system.

Data Acquisition (DAQ)

The Belle DAQ system, shown schematically in Figure 3.17, collects data from

the seven Belle subsystems (SVD, CDC, ACC, TOF, ECL, KLM, EFC) after a L1 trigger.

This data collection runs in parallel to increase the overal DAQ rate, allowing events to

be recorded at up to ∼500 Hz. Most of the Belle systems utilize charge-to-time (Q-to-T)

schemes, with a final readout performed by a time-to-digital (TDC) converter. The excep-

tions are the SVD and KLM, which use flash analog-to-digital converters (Flash ADC) and

direct TDC readout, respectively.

Data from the subsystems is collected and assembled into events by an event-

builder. Data sizes vary with the particle multiplicity of the event, but a typical size for a

BB̄ or qq̄ event is 30 kB. After events are built, they are passed to the online computing

farm, where the L3 trigger can be applied. Events to be recorded are then written out to

offline storage.

Software, Simulation, and Analysis

A raw event consists of the TDC and ADC values of the various subsystems, de-

scribed previously. A suite of software developed by Belle collaborators takes this data,

determines and applies calibration corrections for each subsystem (e.g., applies alignment
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Figure 3.17: Schematic of the Belle DAQ system.

constants, calibrates for gain variations, etc.), and performs momentum or energy mea-

surements for the detected particles. For charged tracks, a helix fit is performed to derive

a momentum, and the track is extrapolated to the PID systems to search for associated in-

formation. For neutrals, the ECL or KLM can provide information on their energy and/or

their direction of flight. Four-momenta and associated information related to particle iden-

tification is stored in data files suitable for final analysis by collaborators.4

Monte Carlo (MC) simulations play a vital role in optimizing and characteriz-

ing physics analyses. Expected distributions of particles and four-momenta for selected

events or classes of events can be generated using the EvtGen package [30].5 These distri-

butions are passed to a full detector simulation, called GSIM, implemented in the GEANT

[31] framework, and files are generated for analysis that match the actual data formats.

End users then write reconstruction codes, often using components from the existing Belle

4The raw data files are stored permanently for potential reprocessing, in the event that the processing
procedures change or improve. For example, recent improvements in the charged track identification and
reconstruction have led to significant increases in efficiency for lowmomentum charged tracks. All data taken
after the installation of SVD2 was reprocessed to benefit from these changes.

5Other event generators can be used, but EvtGen is typical for BB̄ and qq̄ events.
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software libraries, to identify their decay channels of interest. These analysis codes are

then tested onMC to evaluate their efficiency and optimize against expected backgrounds.

Once finalized, the analysis can be performed on the Belle data sample.
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Chapter 4

Analysis

4.1 Analysis Overview

We measure the branching fraction of B → Xsη through a semi-inclusive tech-

nique where the Xs is reconstructed as a system of a kaon and up to four pions. As with

any hadronic B decay, a large background is expected from continuum qq̄ production. In

fact, the cross-section for e+e− → qq̄ is roughly three times that of e+e− → Υ(4S). There

are also so called “generic” backgrounds from b → c processes with similar or identical

final states. To reduce both of these backgrounds we employ a technique used in similar

analyses [15, 20, 21] and suppress these backgrounds with a minimum requirement on the

η momentum in the CM frame (> 2.0 GeV/c). We also apply specific rejection criteria to

further reduce these backgrounds. A small background is expected from some rare B de-

cay processes. All backgrounds are studied using a set of MC samples before examining

the data sample.

Selection criteria are chosen to effectively reconstruct the signal decays while re-

ducing expected background contributions. Charged kaons and pions are identified using

the particle identification systems described in the last chapter. K0
S , π

0, and η mesons are

selected primarily based on the invariant mass of their respective decay products. Typical

selections for Belle analyses require the invariant mass to be within ±2.5σ of the nomi-

nal mass, where σ is the measured invariant mass resolution. There are some exceptions

to this rule, where selections are tightened to provide better agreement between control

samples in data and Monte Carlo, or loosened based on information from previous Belle

studies. Though these basic criteria provide an effective selection of signal events, some

backgrounds must be targeted directly using specific suppression techniques. Because
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Figure 4.1: (Left) The kinematic relation between the Xs mass and the η momentum in
the B rest frame. (Right) The same relation in the CM frame. In both cases, Xs mass was
generated using EvtGen up to 3.2 GeV/c2, and no detector or reconstruction effects are
included.

such techniques also may significantly reduce the signal efficiency, an optimization is per-

formed to maximize the expected statistical significance of the observation, as estimated

from the quantity NS/
√
NS +NB , where NS is the expected number of signal events, as

determined from MC simulations, and NB is the expected number of background events,

as determined from either MC simulation or a data control region.

Our final analysis is limited by the cut on the ηmomentum. Due to the kinematics

of the B → Xsη decay, in the B rest frame there is a direct relation between the momen-

tum of the η and the mass of the Xs system recoiling against it. This relation is smeared

somewhat by the finite B momentum in the CM frame. The B rest frame and CM frame

distributions are shown in Figure 4.1. Ultimately, the requirement on the η momentum

creates an approximate upper limit on the observable Xs mass spectrum of 2.6 GeV/c2.

We determine the signal yields below this cutoff in 200 MeV/c2 wide bins of Xs mass. De-

spite all background suppression techniques, some contamination is expected during the

final fitting procedure. The remaining charm backgrounds are modeled for the fit, and the

expected contributions from rare backgrounds are subtracted from the fitted yields. The

fitted yields are then combined with an efficiency determined from the signal MC to de-

termine a branching fraction. The yields can also be measured separately for B−, B̄0 and

B+, B0 to calculate a direct CP asymmetry.
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Code Decay mode Code Decay mode

1000 B+ → K+η 1010 B0 → K+π−η
1001 B+ → K+π0η 1011 B0 → K+π−π0η
1020 B+ → K+π+π−η 1030 B0 → K+π−π+π+η
1021 B+ → K+π+π−π0η 1031 B0 → K+π−π+π+π0η
1040 B+ → K+π+π−π+π−η 0100 B0 → K0

sη
0110 B+ → K0

sπ
+η 0101 B0 → K0

sπ
0η

0111 B+ → K0
sπ

+π0η 0120 B0 → K0
sπ

+π−η
0130 B+ → K0

sπ
+π−π+η 0121 B0 → K0

sπ
+π−π0η

0131 B+ → K0
sπ

+π−π+π0η 0140 B0 → K0
sπ

+π−π+π−η

Table 4.1: A list of the decay modes reconstructed in this analysis, along with their associ-
ated numerical codes.

4.1.1 Semi-Inclusive Reconstruction

As mentioned in Section 1.1.5, a completely inclusive analysis involves a mea-

surement over all possible final states. In practice, this can be a difficult feat, as there may

be final states that are undetectable, or have a detection efficiency so low that they cannot

be measured reliably. As an alternative, we use a semi-inclusive reconstruction technique1

introduced by CLEO for analysis of b→ sγ [32]. We search for the η meson of B → Xsη by

reconstructing the decay η → γγ. The Xs is reconstructed as a kaon and up to four pions,

of which at most one may be neutral. A total of 18 decay modes and their charge conju-

gates are reconstructed. For some plots and figures, we use a four digit code to represent

each mode. The code corresponds to:

Nmode = NK± ∗ 1000 +NKs ∗ 100 +Nπ± ∗ 10 +Nπ0 ∗ 1 (4.1.1)

The reconstructed modes are listed explicitly in Table 4.1 with their associated codes.

Of course, there are othermodes that could be classified asB → Xsη. The fraction

of modes that are valid B → Xsη decays but we do not reconstruct are referred to as

“missing” modes, and the effect of these missing modes must be accounted for in the final

reconstruction efficiency. For example, half of the K0 or K̄0 mesons from the Xs system

will be detected as KS via the decay KS → π+π−. The other half manifest as KL, which

we do not attempt to detect in this analysis. Other missing modes occur when there are

more than four total pions, or more than one π0. The final reconstruction efficiency, ǫ, can

1This technique is also known as the “sum of exclusive modes” method.
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be expressed as

ǫ = ǫrecB(Xs → Xrec
s )

= ǫrec[1 − B(Xs → Xmiss
s )]

(4.1.2)

where ǫrec is the efficiency to detect the reconstructed modes, and B(Xs → X
(rec,miss)
s ) are

the branching fractions for Xs to decay into reconstructed or missing final states, respec-

tively. Both values are estimated from the MC. The estimate of missing modes is discussed

further in Section 5.2.2.

4.2 Analysis Samples - Data and MC

Signal and background distributions are first studied usingMC samples. All sam-

ples are produced using the EvtGen generator to simulate underlying physics events. The

generated events are then passed to GSIM to model the detector response and produce

data files with formatting identical to the experimental data. The actual data is divided

into ranges that reflect an operating period of KEKB and Belle, known as “experiments.”

Each experiment has associated run conditions that are recorded and imposed into the

GSIM framework to produce MC that accurately reflects the KEKB and Belle conditions at

the time. Samples of MC that are produced for collaboration-wide use are usually divided

into “streams.” Each stream corresponds to a set of data equal in size to the Belle data

sample.

4.2.1 Experimental Data

The data sample used for this study consists of 604.6 fb−1 collected at the Υ(4S)

resonance. This corresponds to Belle experiments 7-55. It includes approximately 657

million BB̄ pairs, or 85% of the final Belle Υ(4S) data. This sample is nearly 200 times

larger than the data sample used for the previous CLEO search for B → Xsη.

4.2.2 Signal MC

The primary signal Monte Carlo sample consists of 6 million events (generated in

proportion to the luminosity of each experiment number) in themodeB → Xsη, where the

Xs system is composed of a strange quark and a light anti-quark. The signal MC includes

an extra package, known as PYTHIA [33], which fragments the Xs into hadrons. The Xs

46



is generated with a flat mass distribution in the range 0.6373 GeV/2 < MXs < 3.2 GeV/c2.

The lower bound corresponds to the approximate threshold for Kπ production and is the

lowest allowed mass by PYTHIA.

Two other PYTHIA-based samples with varying Xs mass spectra have also been

generated to test the effects of the assumedmass spectrumon the reconstruction and signal

extraction procedures. We leave discussion of these models to the next chapter, as they are

motivated by studies of the systematic errors.

Since these PYTHIA-based models will never produce exclusive B → Kη, we

supplement them by generating a separate sample of 250,000 events each in the modes

B− → K−η and B̄0 → K̄0η. Furthermore, we generate a total of 500,000 separate Monte

Carlo events for the decay B → K∗(892)η, since this mode is large, well measured [34],

and is known to contribute to our signal.

4.2.3 Continuum (qq̄) MC

One stream of continuum MC for experiments 7-55 is used to study expected qq̄

backgrounds. This sample corresponds to 604.55 fb−1, approximately the same size as

expected continuum contributions for the data sample used in this study.

4.2.4 Generic (BB̄) MC

Three streams of b→ cMC, generated for experiments 7-55, are used to study the

charm backgrounds. This is equivalent to 1.81 ab−1, or 3 times the data sample used in

this analysis.

4.2.5 Rare B Decay MC

The entire Belle rare MC sample of 24.6 ab−1 equivalent (40.7 times the data sam-

ple) is used to study backgrounds from b→ s, u, d processes. For further study of radiative

backgrounds, we use a MC sample of B → Xsγ and B → K∗(892)γ corresponding to 27.8

ab−1, or approximately 46 times the data sample. To study possible backgrounds from

B → Xdη, we prepare a sample of 500,000 events with a flat MXd
spectrum. The Xd sys-

tem is fragmented into hadrons by PYTHIA.
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4.2.6 Control Sample

A Monte Carlo sample of B → Dπ± modes was generated in order to study

possible discrepancies between data and MC. The sample consists of 1.76 million decays

of B0 → D−π+ and 3.18 million decays of B+ → D̄0π+, in accordance with their ratios of

branching fractions (2.68 × 10−3 and 4.84 × 10−3, respectively).

4.3 Event Selection

This section details the event selections that are applied. In all cases, they are

applied to both the MC samples and the data in the same manner.

4.3.1 Pre-Selections (Skims)

Before basic selection criteria are applied, one or more pre-selections can be per-

formed. These are known as skims. By limiting our analysis to events that pass these

skims, we can focus on a smaller set of data, reducing the processing time and complica-

tions that can occur from handling the full Belle data.

Hadronic Event Skim

A skim known as HadronB isolates hadronic events from other processes, such

as e+e− → τ+τ−, e+e− → µ+µ−, etc. This both reduces the overall data size and re-

moves significant non-hadronic backgrounds for hadronic analyses. The skim makes re-

quirements on the charged track multiplicity, the calorimeter cluster multiplicity, the total

visible energy, the energy deposited in the calorimeter, the overall momentum balance in

the z-direction, and the average ECL cluster energy. It also requires that the event vertex is

consistent with the known IP to avoid events caused by beam particles striking the beam

pipe or residual gas molecules. The optimization and performance of specific criteria are

described in References [35] and [36]. This skim retains about 18% of the raw data, while

retaining more than 99% of BB̄ events, as determined from the MC.

High Momentum η Skim

Since we are searching for highmomentum ηmesons, we can significantly reduce

the size of the data for analysis by removing events without such an η candidate. This skim
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reconstructs η mesons in the η → γγ mode only, using only γ’s with E > 50 MeV to avoid

combinatorial backgrounds from low energy photons. A loose requirement is imposed on

the two-photon invariant mass, 480 MeV/c2 < Mγγ < 620 MeV/c2, and the γγ candidate

must have pcm
η > 1.6 GeV/c. Roughly ∼ 10% of data events that pass the hadronic skim

also pass this skim.

Full Reconstruction Skim

This skim is only used on the control sample MC and data. This skim accepts

events in which aBmeson can be completely reconstructed in one of a number of common

decay modes. Although this skim was developed primarily to detect decays with missing

energy by accounting for all the other B decay products, it is of use for this analysis since

the reconstructed modes include our control decays: B̄0 → D+π− and B− → D0π−.

4.3.2 Particle Selection and Reconstruction

ηMesons

Each γ used to reconstruct the η is required to have an energy greater than 200 MeV.

In order to veto background photons from π0 → γγ, each γ must satisfy a likelihood ratio

requirement of Lπ0 < 0.8, where Lπ0 is calculated from an existing Belle study [37]. Pairs

of γ candidates passing these criteria are combined and their invariant mass is required to

be in the range 480 MeV/c2 < Mγγ < 620 MeV/c2. Because the mass of the η is known

more precisely than Belle’s η mass resolution, the momenta of the photons are recalcu-

lated with the mass of the η fixed to the nominal [1] value. This procedure is known as a

mass-constrained fit.

Some radiative decays contain a high energy photon that can be combined with

low energy photons to create a fake η. In such a case, the asymmetry in the energy between

the two photons, defined as

A =
|Eγ1 − Eγ2 |
|Eγ1 + Eγ2 |

(4.3.1)

will be large. To suppress such fake η candidates, we require this asymmetry to be less

than 0.6.2

2We note that our η mass selection is consistent with ±2σ, where σ is the detector resolution. This and
the energy asymmetry cut of A < 0.6 are both more restrictive than the standard Belle values of ±2.5σ and
A < 0.9. Our study of radiative B backgrounds indicated some possible contributions that were not well
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Charged Tracks

Charged tracks used in the Xs reconstruction are required to satisfy the impact

parameter requirements dr < 1 cm and dz < 10 cm. This requirement removes poorly

measured tracks. Identification of charged tracks is made using the PID(K) variable de-

rived from the PID systems. K±’s are required to satisfy PID(K) > 0.6, and π±’s must

satisfy PID(K) < 0.9.

Neutral Kaons

K0
s candidates are reconstructed from π+π− pairs. The vertex of each pair must

be well reconstructed and displaced from the interaction point, and the reconstructed K0
S

momentum vector must be aligned with the π+π− vertex vector [38]. They are required to

have an invariant mass in the range 482 MeV/c2 < Mπ+π− < 514 MeV/c2.3

Neutral Pions

Neutral pions are reconstructed from pairs of photons. Each γ daughter from the

π0 is required to satisfy the standard γ energy requirement (Eγ > 50 MeV) if it was detected

in the barrel region, or a more restrictive Eγ > 100 MeV requirement if it was detected in

the endcap. To reduce misreconstructed photons, we require that 90% of the energy of

each γ candidate be contained in the central 3 × 3 array of calorimeter crystals of the 5 × 5

array of crystals used to reconstruct the photon. This eliminates misreconstructions due to

hadronic showers, which have a larger characteristic lateral size than their electromagnetic

counterparts.

When the photons are combined, we require that their invariant mass lie in the

range 120 MeV/c2 < Mγγ < 150 MeV/c2, and their lab frame momentum satisfies pπ0 >

300 MeV/c. As in the η reconstruction, amass constrained fit is performedusing the known

π0 mass.

modeled by MC. These requirements were made more restrictive to avoid potential systematic errors from
these backgrounds.

3The mass resolution for K0
S candidates is roughly σ ∼ 4 MeV/c2, so this mass range corresponds to ±4σ.

This is larger than typical cut values of 2.5σ to 3σ, but the other K0
S selection criteria are known to provide a

very pure sample of K0
S ’s [39].
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Xs System

The Xs is reconstructed from a K± or K0
s and up to four π’s, of which up to one

may be a π0. If more than one charged track is used to form theXs, a vertex fit is performed

and must succeed, or the candidate is rejected.

B Mesons

The invariant mass of the B meson is connected to its energy and momentum in

the CM frame (E∗ and p∗) by the usual relativistic relation m2 = E∗2 + |p∗|2, so it might

seem prudent to calculate the total momentum and energy for the proposed B daughters.

However, calculating the invariant mass in this fashion does not fully utilize our knowl-

edge of the e+e− collision parameters. Since the only outgoing particles in the collision are

two B mesons, we know they must each carry half of the CM energy. By using this energy

in our calculation, we can improve our resolution onMbc by a factor of 5-10 relative to the

conventional invariant B mass. Therefore, it is more convenient to study two related vari-

ables: the beam-constrained mass,Mbc and the energy difference, ∆E. These are defined

as:

Mbc =
√

(E∗
beam)2 − |p∗

B |2 (4.3.2)

∆E = E∗
B − E∗

beam (4.3.3)

where Ebeam is half the total CM energy of the e+e− system, and is calibrated indepen-

dently for each experimental run. For details of this calibration see Appendix B. True

B candidates will have a beam-constrained mass near the B mass, 5.28 GeV/c2, and an

energy difference near zero.

We form B candidates from combinations ofXs and η. They are required to have

a beam constrained massMbc > 5.23 GeV/c2 and an energy difference |∆E| < 0.5 GeV.

4.3.3 Signal Region & Fit Region

We define a signal region, where our expectedB → Xsη events are concentrated,

in the following variables: η mass before the mass constrained fit (Mγγ), the η momentum

in the CM frame (pcm
η ), the energy difference (∆E), and the beam constrained mass (Mbc).

The requirements are:

• pcm
η > 2.0 GeV/c
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Figure 4.2: Signal regions in various observables, shown for signal MC assuming a flat Xs

mass distribution. (Upper left) A center of mass η momentum distribution in GeV/c. The
region to the right of the line is the signal region. (Upper right)Mbc distribution in GeV/c2,
with the signal region to the right of the red line. (Lower left) ∆E distribution in GeV, with
the signal region defined between the two lines. (Lower right) AnMγγ distribution for η
candidates in GeV/c2, with the signal region defined between the lines.

• Mbc > 5.27 GeV/c2

• −0.1 GeV < ∆E < 0.1 GeV

• 520 MeV/c2 < Mη < 570 MeV/c2

The signal region cuts are shown graphically in Figure 4.2 using the signal Monte Carlo

sample.

We also define a fit region, which includes all the above requirements except the

Mbc requirement. The signal is ultimately extracted through a fitting procedure, described

in Section 4.5, that is performed over events in the fit region.

52



4.3.4 Control sample selection criteria

The reconstructed modes and selection criteria for the B → Dπ± control modes

are nearly identical to those of B → Xsη. The D meson is reconstructed as Xs, and the

requirement for η momentum is instead applied to the charged π. To select D decays, we

also impose a cut on the mass of theXs of |MXs −MD| < 20 MeV/c2.

4.3.5 Multiple Candidates & Best Candidate Selection

Due to the large number of reconstructed modes, there may be many B candi-

dates per event. However, to avoid counting one event multiple times, we must select

only one candidate per event.

After the selection criteria listed above, there are an average of nine B candidates

per event. In events where more than one B candidate can be formed, the candidate with

the lowest χ2 = χ2
vtx + χ2

∆E is chosen, where χ2
vtx is obtained from the Xs vertex fit, if

performed, and χ2
∆E = ∆E2

σ2
∆E

, where σ∆E is based on asymmetric gaussian fits to eachmode

separately in signal MC. The ∆E resolution is affected most strongly by the addition of a

π0 to the Xs. For modes without a π0, typical ∆E resolutions are 62 MeV for ∆E < 0 and

29 MeV for ∆E > 0. For modes with a π0, the respective resolutions are 76 MeV and 31

MeV.

With no further cuts applied, this candidate selection chooses a completely cor-

rectly reconstructed B meson in approximately 38% of signal MC events where at least

one B candidate was identified.4 If we perform the candidate selection, then apply sig-

nal region cuts as well as continuum suppression cuts and vetoes (described in the next

section), we choose a correctly reconstructed B meson in 56% of the remaining events. Of

events with at least one candidate in the signal region, 79.5% are correctly reconstructed.

The multiplicities without and with signal region cuts applied are shown in Figure 4.3.

Performing the candidate selection procedure before the fit region requirements

or any background suppression techniques are applied represents a potential loss of effi-

ciency. However, it is not necessarily inappropriate, as it may also reduce the contribution

of backgrounds.5 The ordering of this selection relative to other criteria was studied using

4Percentages of correctly chosen B candidates can be compared to those expected from randomly selecting
a candidate. In this case, since there an average of nine B candidates per event, we expect that a random
choice will be correct about 11% of the time.

5For example, consider a background event with nine fake B candidates, eight of which would be elimi-
nated by background suppression cuts. If these cuts are applied first, then the one remaining candidate will

53



multiplicity_normal

Entries  795219

Mean    8.842

RMS      13.4

Number of B candidates
20 40 60 80 100 120 140 160 180 200

10

210

310

410

510

multiplicity_normal

Entries  795219

Mean    8.842

RMS      13.4

Multiplicity multiplicity_box

Entries  294130

Mean    1.393

RMS     1.067

Number of B candidates
5 10 15 20 25

1

10

210

310

410

510

multiplicity_box

Entries  294130

Mean    1.393

RMS     1.067

Multiplicity in Signal Region

multiplicity_correct

Entries  233815

Mean    1.216

RMS    0.7059

Number of B candidates
5 10 15 20 25

1

10

210

310

410

510

multiplicity_correct

Entries  233815

Mean    1.216

RMS    0.7059

Correctly Chosen in Signal Region percent_correct_by_bin

Entries  25

Mean    9.918

RMS     7.366

Number of B candidates
5 10 15 20 25

F
ra

ct
io

n 
co

rr
ec

tly
 r

ec
on

st
ru

ct
ed

-110

1

percent_correct_by_bin

Entries  25

Mean    9.918

RMS     7.366

Correct Percentage in Signal Region

Figure 4.3: (Above) B candidate multiplicities for events with at least one candidate pass-
ing the standard cuts (left) and the standard cuts plus signal region cuts (right). (Below)
Number of signal region events with aB candidate chosen correctly, as a function of candi-
date multiplicity (left), and fraction of signal region events with a correctly reconstructed
B (right).
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the expected statistical significance of the measurement. By performing candidate selec-

tion first, the expected statistical significance is 4.1σ. If instead the fit region criteria are

applied first, as well as all background suppression criteria, the expected statistical signif-

icance drops to 3.5σ. More details on this study are available in Reference [40]. Ultimately,

this ordering was chosen as it did not notably affect the expected significance of the mea-

surement, and it was more expedient to perform computationally.

4.4 Background Suppression

Though some of the selection criteria described above help to reduce backgrounds

from other processes and decays, we also apply specific suppression techniques that target

each classification of background directly. We describe these below.

4.4.1 Continuum (qq̄) Background

Continuum backgrounds are kinematically quite different than BB̄ events. Since

B mesons are spinless, their decay products are distributed nearly isotropically in the rest

frame of the B meson. In the CM frame, the B mesons are produced nearly at rest, so

this isotropic distribution is mostly preserved. In contrast, light quark-antiquark pairs

produced in the e+e− continuum are generated back-to-back in the CM frame with high

momentum. The quarks then fragment into hadrons along the original quark momentum

vectors, creating back-to-back jets of hadrons.

To distinguish between the more spherical BB̄ events and the jet-like qq̄ events,

we use a combination of probability density functions (PDFs) of variables that describe the

event topology. One set of such variables is the Fox-Wolfram moments [41]. The moments

are defined as

Hl =
∑

i,j

|pi||pj |
s

Pl(cosφij) (4.4.1)

where the indices i and j run over all particles produced in the event, p are the three-

momenta of each particle,
√
s is the total CM-frame energy, Pl are the Legendre polynomi-

als, and φij is the angle between particles i and j. Belle utilizes a modified form of these

variables for extra discrimination between signal and continuum events [42]. Rather than

always remain and ultimately be chosen as the best candidate. If candidate selection is performed first, this
event will be removed if any of the eight candidates are chosen.
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including all particles in a single moment, separate moments are defined for those par-

ticles associated with the signal B and the other B in the event. For those particles that

are associated with the other B, they are further subdivided into charged particles, neu-

tral particles, and a pseudo-particle with a momentum that represents the total missing

momentum from the event. For the moments including the signal B candidates, they are

defined as

Rsig
l =







1
Ebeam−∆E

∑

i,j |pi|Pl(cos φij) l = 0, 2, 4

1
Ebeam−∆E

∑

i,j QiQj |pj|Pl(cosφij) l = 1, 3







(4.4.2)

whereEbeam is the half of the total CM energy,∆E is the energy difference for the signalB,

and the Q’s are the charge of the corresponding particle. The index i runs over the signal

B daughters. The index j runs over various sets of particles. For one set of five moments,

j runs over the other charged particles in the event. For the next set, j runs over the other

neutral particles in the event. For the final set, j corresponds to the missing momentum

pseudo-particle. This results in a total of 15 moments, but only 11 non-zeromoments, since

those involving Q are only relevant for charged particles. Another set of five moments is

defined as

Rother
l =







1
(Ebeam−∆E)2

∑

i,j |pi|Pl(cosφij) l = 0, 2, 4

1
(Ebeam−∆E)2

∑

i,j QiQj|pj |Pl(cos φij) l = 1, 3







(4.4.3)

where in this case the indices i and j run over all the particles that are not associated

with the signal B, including the pseudo-particle for the missing momentum. In addition

to these 16 modified moments, another variable is included, the sum of the transverse

momentum of all visible particles.

The distributions of these 17 variables are correlated to the quality of reconstruc-

tion of the overall event. This reconstruction quality can be quantified by the amount of

apparent mass that is missing from the event. To account for these correlations, the dis-

tributions of the 17 variables are binned into seven regions of missing mass. Within each

missing mass region, they are linearly combined into a Fisher discriminant [43], F , with

weights that maximize the separation between the signal and qq̄ background. Distribu-

tions of the missing mass and F for each associated bin are shown in Figure 4.4 for both

signal MC and continuumMC.

The polar angle of the candidate B meson flight direction, cos(θB), can be used

for further discrimination. Since they decay from the vector meson Υ(4S), true B mesons

follow a 1 − cos2(θB) distribution, while the combinatorial backgound from continuum is
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Figure 4.4: (Upper left) Distribution of events into missing mass bins for continuum MC
(blue) and signal MC (red). (Others) Distributions of Fisher discriminants corresponding
to each bin of missing mass, based on the modified Fox-Wolfram moments, for continuum
Monte Carlo (blue, left gaussian in fits), and signal MC (red, right gaussian in fits).
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Figure 4.5: Distributions of cos(θB) for signal MC (top) and continuumMC (bottom).

distributed nearly isotropically. The signal and continuumMC distributions of cos(θB) are

fitted to second and first order polynomials, respectively, and are shown in Figure 4.5.

Lastly, ∆z, the difference in logitudinal displacements of the decay vertices for

the signal B candidate and the remaining B is much narrow for continuum events, which

are expected to have a common vertex, than for true B mesons, which have a finite flight

length. ∆z is fitted as a sum of three Gaussians for both signal and continuum. The mean

of the three Gaussians is fixed to the same value. This value, along with the width of each

of the three Gaussians, is fitted from the MC. Distributions and the fitted PDFs can be

found in Figure 4.4.1. Separate PDFs are used for SVD1 data and SVD2 data.

These three sets of PDFs are combined into a likelihood ratio (LR) defined as:

LR =
Psig(F)Psig(cos(θB))Psig(∆z)

Psig(F)Psig(cos(θB))Psig(∆z) + Pqq(F)Pqq(cos(θB))Pqq(∆z)
(4.4.4)
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Figure 4.6: PDFs of ∆z for signal MC (top) and continuumMC (bottom), shown separately
for SVD1 data (left) and SVD2 data (right).
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wherePsig is a PDF based on signalMC, and Pqq is a PDF based on continuumMC. Overall

likelihood ratio distributions from MC are shown in Figure 4.7.

The LR criteria are studied with the aid of the Belle flavor tagging algorithm [44],

which analyzes the remaining particles not included in the signal reconstruction and de-

termines the flavor (b or b̄) of the other B meson in the event. The tagging algorithm also

determines a quality factor for the tagging, r, which ranges from zero for no discrimination

and unity for unambiguous flavor identification. For events where the signal B candidate

arises from combinatorial backgrounds or misreconstructions, the other B in the event is

unlikely to be well tagged, and will thus have a low quality factor. In some cases, the

tagging algorithm will even disagree with our signal reconstruction (e.g., our candidate is

a B+ and the charge of the tag B is identified as +1). In these cases, we can apply more

stringent continuum suppression requirements. For correctly reconstructed signal events,

the remaining particles unused in the signal B are more likely to be tagged consistently

with the signalB and with a high quality factor. For these events, we can make less severe

requirements on the continuum suppression likelihood ratio. The selection criteria on the

likelihood ratio vary over 6 bins of tagging quality, with their final values determined by

maximizing the overall figure of merit, defined as:

FOM =
Nsig

√

Nsig +Nqq +NBB

(4.4.5)

where Nsig, Nqq, and NBB are the number of expected signal, continuum, and generic

events in the signal region passing the likelihood ratio selection. The number of signal

events is calculated using the signal MC and an assumed branching fraction of B(B →
Xsη) = 4.2×10−5. This is based on expectations from the QCD anomaly scenario, in which

the branching ratio should be suppressed relative to B → Xsη
′ by a factor of tan2 θ ≈ 0.1,

where θ is the η−η′ mixing angle in the octet-singlet basis. The likelihood ratio criteria and

overall figure of merit are listed in Table 4.2. The selections are 34.3% efficient on signal

MC and suppress 99.5% of contributions from continuumMC.

4.4.2 Generic BB̄ Backgrounds

Because of the inclusive nature of the Xs reconstruction, there are many modes

that do not arise fromB → Xsη, but that do share the same final state. The b→ c transitions

of this type can be categorized into two subgroups, direct B → Xcη decays, such as B0 →
D̄0η, and cascade decays B → Xc → Xsη. The cascade decays are heavily suppressed
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Figure 4.7: Likelihood ratio distributions, integrated over all bins of tag quality, for Monte
Carlo samples of signal (red), continuum (blue), and generic b→ c events (green).

B Flavor Tag quality × tag charge LR B flavor Tag quality × tag charge LR
× ×

tag charge tag charge

B0/B+ [−1.00, 0.30] 0.99 B̄0/B− [−1.00,−0.95) 0.67
(0.30, 0.50] 0.97 [−0.95,−0.85) 0.89
(0.50, 0.70] 0.96 [−0.85,−0.70) 0.94
(0.70, 0.85] 0.94 [−0.70,−0.50) 0.96
(0.85, 0.95] 0.89 [−0.50,−0.30) 0.97
(0.95, 1.00] 0.67 [−0.30, 1.00] 0.99

Overall FOM 4.99

Table 4.2: Miniminum likelihood ratio requirements in bins of tag quality. If the flavor
of the signal B is unknown, as is the case for neutral B candidates with a K0

s , then the
absolute value of tag quality times tag charge is used, with the likelihood cuts from the
B0/B+.
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Pseudo reconstruction σ (MeV/c2)

D0 → Knπ± 5.4
D0 → Knπ±π0 17.8
D+ → Knπ± 5.0
D+ → Knπ±π0 12.5
D0 → K0

sη 12.5
D+

s → ηπ+ 11.7
ηc(1S) → ηπ+π− 34.0

Table 4.3: Pseudo-reconstructions and mass resolutions for charm background vetoes.

by the requirement of p∗η, but nonetheless some remain, particularly in the high Xs mass

region.

To suppress the direct B → Xcη backgrounds, as well as any tails of the cas-

cade decays, we apply a series of rejections, commonly called vetoes, based on pseudo-

reconstructions fromwithin theB decay products. As an example, to veto candidates from

B0 → D̄0η, we reconstruct D̄0 from combinations of the kaon and pions used in theXs re-

construction. If any of these D̄0 candidates fall within a specified invariant mass range,

then the B candidate is vetoed. A list of pseudo-reconstructions and mass windows used

for vetoes is given in Table 4.3. The width of each pseudo-mass is determined from gaus-

sian fits to MC simulation and veto windows are typically set at ±2.5σ from the nominal

mass. Table 4.4 shows approximate expected numbers of events in the signal region from

selected modes before and after the vetoes. We describe the treatment of the remaining

b→ c events in Section 4.5.

4.4.3 Rare B Backgrounds

Three distinct backgrounds are identified from rare b → u, d, s transitions. The

first comes from the very B → Xsη
′ decays that motivated this analysis. In these de-

cays, a subsequent η′ → ηπ+π− decay can lead to a B → Xsη final state. As with the

charm cascades, these events are suppressed due to their characteristically lower η mo-

mentum. Nevertheless, we veto possible remaining backgrounds using a method similar

to the charm vetoes. We reconstruct η′ → ηπ+π−, where the η from B → Xsη is combined

with any two charged pions in the event. If the mass is within 100 MeV/c2 of the known

η′ mass, we veto the event.
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Mode Npre−veto
expected Npost−veto

expected PDG B Belle MC B
B0 → D0η 523 151 (2.02 ± 0.35) × 10−4 1.65 × 10−4

B+ → D0π+η 485 130

B0 → D∗(2007)0η 176 93 (1.8 ± 0.6) × 10−4 1.78 × 10−4

B+ → D∗(2007)0π+η 308 146
B0 → D−π+η 380 115
B0 → D∗(2010)−π+η 430 155

B+ → D0ρ+ 155 80 (1.34 ± 0.18) × 10−2 1.34 × 10−2

B+ → D∗(2007)0ρ+ 58 24 (9.8 ± 1.7) × 10−3 15.5 × 10−3

B+ → D0π+ 56 20 (4.84 ± 0.15) × 10−3 4.96 × 10−3

B+ → D0D+
s 62 14 (10.0 ± 1.7) × 10−3 9.2 × 10−3

B0 → D−D+
s 41 11 (6.5 ± 1.3) × 10−3 8.66 × 10−3

B+ → D−
s K

+π+ 82 24 < 7 × 10−4 25.6 × 10−4

B+ → ηc(1S)K+ 46 14 (9.1 ± 1.3) × 10−4 9.41 × 10−4

B0 → ηc(1S)K0
s 19 7 (9.9 ± 1.9) × 10−4 11.87 × 10−4

B0 → ηc(1S)K∗(892)0 27 8 (1.6 ± 0.7) × 10−3 1.60 × 10−3

B0 → D−ρ+ 60 28 (7.5 ± 1.2) × 10−3 7.91 × 10−3

B0 → D∗(2010)−ρ+ 53 23 (6.8 ± 0.9) × 10−3 7.14 × 10−3

Table 4.4: Expected background contributions for selected b → c modes, based on generic
MC events found in the signal region, before and after vetoes are applied. Nexpected is cal-
culated by counting events in the signal region. Branching fractions are listed as tabulated
by the Particle Data Group (PDG) [1], and as used by Belle for MC generation.
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Figure 4.8: Distributions of Mγγ , in GeV/c2 for signal MC (black) and b → sγ MC (red).
The area between the vertical lines is defined as theMγγ sideband region, which is used to
study the potential radiative backgrounds.

The second class of rare background is from B → Xsγ, where we may misre-

construct an η from the high energy γ and a low energy background photon. Both the

energy asymmetry and Mγγ requirements already described are the only criteria that are

specifically used to reduce this background. However, we note that the distribution of

Mγγ for such misreconstructions is quite different than for those with a true η. Mγγ dis-

tributions for B → Xsγ and B → Xsη are shown in Figure 4.8. It is clear that the signal

region requirement for Mγγ significantly reduces these backgrounds. We can also define

a sideband region, 0.58 MeV/c2 < Mγγ < 0.62 MeV/c2, where we can compare measured

backgrounds from B → Xsγ to our expectations from the MC. We search for these back-

grounds using a fitting procedure that will be described in more detail in the next section.

The last rare background comes from B → Xdη, where one of the pions in the

Xd system is misidentified as a kaon. The mis-assignment of the kaon mass to a pion
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will shift the ∆E distribution, so our ∆E signal region requirements help to reduce these

backgrounds.

As with the b → c backgrounds, we still must characterize the remaining rare

backgrounds for the final fitting procedure. We describe this procedure, including the

background treatments, in the next section.

4.5 Maximum Likelihood Fit

We extract our signal yields in 200 MeV/c2 wide bins of MXs . For each bin, we

perform a one-dimensional extended unbinned maximum likelihood fit toMbc. The like-

lihood function is defined as

L =
1

N !
e−(Nsig+NBB̄+Nqq̄) ×

N
∏

i=1

NsigPi
sig +NBB̄Pi

BB̄ +Nqq̄Pi
qq̄ (4.5.1)

where i runs over all theB candidates,N represents the yield, either total (no subscript) or

from a given category (with subscript), and P represents a PDF for the given component

(signal, BB̄, or qq̄). Although we do not include a component in the fit to model rare

backgrounds, we expect them to contribute to the B → Xsη signal. These contributions

are subtracted from the fitted signal yields. In this section, we describe the fitting functions

used for each background and the methods used to determine howmuch rare background

to subtract.

4.5.1 Signal Component

The signal component is modeled as a Gaussian. The yield of this Gaussian is

floated to determine the amount of signal, and both the mean and width are fixed based

on values from the signal MC. The MC sample varies by the Xs region. For the lowest

MXs bin, from 0.4-0.6 GeV/c2, onlyK+η and K0
Sη can contribute, so the signal is modeled

using dedicated MC samples of these modes. For the bin from 0.8-1.0 GeV/c2, the signal is

known to be dominated by the exclusive decay B → K∗η, so again a dedicated exclusive

MC sample is used. For all other bins, the PYTHIAMC with a flat Xs distribution is used.

For all MC samples, separate fits are performed for the SVD1 and SVD2 data samples, since

the resolutions and means may have slight differences due to the changes in hardware.
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Figure 4.9: Mbc fits to the signal MC generated with exclusive B → Kη under conditions
for SVD1 (above) and SVD2 (below). These fits are used to set the mean and sigma for the
signal Gaussian in the bin from 0.4 - 0.6 GeV/c2.

Fits to theseMC samples are shown in Figures 4.9, 4.10, and 4.11. After determin-

ing the means and widths from MC, we adjust them slightly for the final fit to account for

differences between the MC and data. This is described in more detail in Section 4.5.5

4.5.2 Continuum / Combinatorial Component

Combinatorial backgrounds, where a B candidate arises from random combina-

tions of particles, have a distinctly different shape in Mbc than correctly reconstructed B

decays, allowing them to be distinguished relatively easily during the fitting procedure.

These backgrounds arise largely from qq̄ events, but there is some contribution from other

events as well. These contributions are modeled by an empirically determined PDF known

as an ARGUS function [45], defined as

P(Mbc) = t
√

1 − t2eα(1−t2) (4.5.2)

where t = MMbc
/E∗

beam, and α is known as the ARGUS shape parameter. Both the shape

and the yield of this PDF are allowed to float during the fits to data.
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Figure 4.10: Mbc fits to the signal MC generatedwith exclusiveB → K∗η under conditions
for SVD1 (above) and SVD2 (below). These fits are used to set the mean and sigma for the
signal Gaussian in the bin from 0.8 - 1.0 GeV/c2.
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Figure 4.11: Mbc fits to the PYTHIAbased signalMCwith a flatXs mass distribution under
conditions for SVD1 (above) and SVD2 (below). The fit is over the entire Xs mass range
(0.4 - 2.6 GeV/c2), and is used to set the mean and sigma for the signal Gaussian in the bins
from 0.6 - 0.8 GeV/c2 and from 1.0 - 2.6 GeV/c2.
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4.5.3 BB̄ Components

Based on classifications of the largest contributing backgrounds in the generic

MC, the BB̄ PDF is divided into five components: B0 → D̄0η, B0 → D̄∗0η, B+ →
D(∗)−π+η, B0 → D̄(∗)0π+η, and all other b→ c backgrounds.

BB̄ PDF Shapes

Each of these is modeled by an ARGUS function plus a Gaussian, with the relative

fraction of Gaussian to ARGUS determined by fits to the generic MC. Because the shape

of the combinatorial component of these backgrounds varies by Xs mass bin, two sets of

fits are performed to determine the PDF components. One set of fits is performed over

the full range ofMXs , 0.4-2.6 GeV/c2. These fits, shown in Figure 4.12, are used to fix the

Gaussian parameters of each BB̄ PDF. Once these parameters are determined, they are

fixed to these values and fits are performed in each bin ofMXs . These bin-dependent fits

are used to determine the ARGUS shape and the relative amount of Gaussian to ARGUS

background for each component in each bin. These fits are shown in Figures 4.13-4.23.

BB̄ PDF Normalizations

The shapes of the five BB̄ fit PDFs are not distinct enough from one another to

allow their normalizations to be floated for the fit, so they must be fixed. This is relatively

straightforward in the case when the decays have known branching fractions. However, a

glance at Table 4.4 reveals that for some decays, the known branching fractions are either

poorly measured or completely unknown.

The B0 → D̄0η and B0 → D̄∗0η modes have been previously measured by both

the Belle and BaBar collaborations, thoughwith relatively small data samples (140 fb−1 and

89 fb−1, respectively), and with results that are somewhat inconsistent. For these modes,

we fix their normalizations to those expected from the Belle branching fractions [46].

The three-body decays B → D̄(∗)πη are examples of unmeasured modes, and

appear in the Belle MC decay table only through a PYTHIA fragmentation entry that is

meant to produce generic B → DX decays. For these decays, we have no measurements

available to guide our normalizations, so we instead use the data itself. Since we have

implemented vetoes on the D and D∗, we can look inside these vetoed selections to find

an enhanced sample of our generic decays. By examining binnedMbc distributions in the
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Figure 4.12: Mbc fits to the b → c MC samples over the entire Xs mass range (0.4 - 2.6
GeV/c2). These fits are used only to determine the Gaussian shape parameters for each
component of the b → c backgrounds: B0 → D̄0η (upper left), B0 → D̄∗0η (upper right),
B+ → D̄(∗)0π+η (middle left), B0 → D̄(∗)−π+η (middle right), and all other b → c modes
(lower left).
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Figure 4.13: Mbc fits to the b → c MC samples for the Xs mass range 0.4 GeV/c2 - 0.6
GeV/c2. The fits correspond to: B0 → D̄0η (upper left), B0 → D̄∗0η (upper right), B+ →
D̄(∗)0π+η (middle left), B0 → D̄(∗)−π+η (middle right), and all other b → c modes (lower
left).
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Figure 4.14: Mbc fits to the b → c MC samples for the Xs mass range 0.6 GeV/c2 - 0.8
GeV/c2. The fits correspond to: B0 → D̄0η (upper left), B0 → D̄∗0η (upper right), B+ →
D̄(∗)0π+η (middle left), B0 → D̄(∗)−π+η (middle right), and all other b → c modes (lower
left).
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Figure 4.15: Mbc fits to the b → c MC samples for the Xs mass range 0.8 GeV/c2 - 1.0
GeV/c2. The fits correspond to: B0 → D̄0η (upper left), B0 → D̄∗0η (upper right), B+ →
D̄(∗)0π+η (middle left), B0 → D̄(∗)−π+η (middle right), and all other b → c modes (lower
left).
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Figure 4.16: Mbc fits to the b → c MC samples for the Xs mass range 1.0 GeV/c2 - 1.2
GeV/c2. The fits correspond to: B0 → D̄0η (upper left), B0 → D̄∗0η (upper right), B+ →
D̄(∗)0π+η (middle left), B0 → D̄(∗)−π+η (middle right), and all other b → c modes (lower
left).
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Figure 4.17: Mbc fits to the b → c MC samples for the Xs mass range 1.2 GeV/c2 - 1.4
GeV/c2. The fits correspond to: B0 → D̄0η (upper left), B0 → D̄∗0η (upper right), B+ →
D̄(∗)0π+η (middle left), B0 → D̄(∗)−π+η (middle right), and all other b → c modes (lower
left).
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Figure 4.18: Mbc fits to the b → c MC samples for the Xs mass range 1.4 GeV/c2 - 1.6
GeV/c2. The fits correspond to: B0 → D̄0η (upper left), B0 → D̄∗0η (upper right), B+ →
D̄(∗)0π+η (middle left), B0 → D̄(∗)−π+η (middle right), and all other b → c modes (lower
left).
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Figure 4.19: Mbc fits to the b → c MC samples for the Xs mass range 1.6 GeV/c2 - 1.8
GeV/c2. The fits correspond to: B0 → D̄0η (upper left), B0 → D̄∗0η (upper right), B+ →
D̄(∗)0π+η (middle left), B0 → D̄(∗)−π+η (middle right), and all other b → c modes (lower
left).
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Figure 4.20: Mbc fits to the b → c MC samples for the Xs mass range 1.8 GeV/c2 - 2.0
GeV/c2. The fits correspond to: B0 → D̄0η (upper left), B0 → D̄∗0η (upper right), B+ →
D̄(∗)0π+η (middle left), B0 → D̄(∗)−π+η (middle right), and all other b → c modes (lower
left).
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Figure 4.21: Mbc fits to the b → c MC samples for the Xs mass range 2.0 GeV/c2 - 2.2
GeV/c2. The fits correspond to: B0 → D̄0η (upper left), B0 → D̄∗0η (upper right), B+ →
D̄(∗)0π+η (middle left), B0 → D̄(∗)−π+η (middle right), and all other b → c modes (lower
left).

)
2

 (GeV/c
bc

M
5.23 5.24 5.25 5.26 5.27 5.28 5.29 5.3

 )
2

E
ve

nt
s 

/ (
 0

.0
02

 G
eV

/c

0

2

4

6

8

10

0: D0B eta

 17±argus_c = -57.3 

 0.061±gauss_ratio =  0.000 

)
2

 (GeV/c
bc

M
5.23 5.24 5.25 5.26 5.27 5.28 5.29 5.3

 )
2

E
ve

nt
s 

/ (
 0

.0
02

 G
eV

/c

0

2

4

6

8

10

0: D0B eta

)
2

 (GeV/c
bc

M
5.23 5.24 5.25 5.26 5.27 5.28 5.29 5.3

 )
2

E
ve

nt
s 

/ (
 0

.0
02

 G
eV

/c

0

2

4

6

8

10

12

1: D*0B eta

 15±argus_c = -19.8 

 0.048±gauss_ratio =  0.000 

)
2

 (GeV/c
bc

M
5.23 5.24 5.25 5.26 5.27 5.28 5.29 5.3

 )
2

E
ve

nt
s 

/ (
 0

.0
02

 G
eV

/c

0

2

4

6

8

10

12

1: D*0B eta

)
2

 (GeV/c
bc

M
5.23 5.24 5.25 5.26 5.27 5.28 5.29 5.3

 )
2

E
ve

nt
s 

/ (
 0

.0
02

 G
eV

/c

0

5

10

15

20

25

30

35

2: D(*)0B pi eta

 13±argus_c = -70.2 

 0.051±gauss_ratio =  0.091 

)
2

 (GeV/c
bc

M
5.23 5.24 5.25 5.26 5.27 5.28 5.29 5.3

 )
2

E
ve

nt
s 

/ (
 0

.0
02

 G
eV

/c

0

5

10

15

20

25

30

35

2: D(*)0B pi eta

)
2

 (GeV/c
bc

M
5.23 5.24 5.25 5.26 5.27 5.28 5.29 5.3

 )
2

E
ve

nt
s 

/ (
 0

.0
02

 G
eV

/c

0

5

10

15

20

25

30

35

3: D(*)+/- pi eta

 11±argus_c = -76.3 

 0.032±gauss_ratio =  0.093 

)
2

 (GeV/c
bc

M
5.23 5.24 5.25 5.26 5.27 5.28 5.29 5.3

 )
2

E
ve

nt
s 

/ (
 0

.0
02

 G
eV

/c

0

5

10

15

20

25

30

35

3: D(*)+/- pi eta

)
2

 (GeV/c
bc

M
5.23 5.24 5.25 5.26 5.27 5.28 5.29 5.3

 )
2

E
ve

nt
s 

/ (
 0

.0
02

 G
eV

/c

0

10

20

30

40

50

4: Other BB modes

 12±argus_c = -39.5 

 0.031±gauss_ratio =  0.198 

)
2

 (GeV/c
bc

M
5.23 5.24 5.25 5.26 5.27 5.28 5.29 5.3

 )
2

E
ve

nt
s 

/ (
 0

.0
02

 G
eV

/c

0

10

20

30

40

50

4: Other BB modes

Figure 4.22: Mbc fits to the b → c MC samples for the Xs mass range 2.2 GeV/c2 - 2.4
GeV/c2. The fits correspond to: B0 → D̄0η (upper left), B0 → D̄∗0η (upper right), B+ →
D̄(∗)0π+η (middle left), B0 → D̄(∗)−π+η (middle right), and all other b → c modes (lower
left).
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Figure 4.23: Mbc fits to the b → c MC samples for the Xs mass range 2.4 GeV/c2 - 2.6
GeV/c2. The fits correpond to: B0 → D̄0η (upper left), B0 → D̄∗0η (upper right), B+ →
D̄(∗)0π+η (middle left), B0 → D̄(∗)−π+η (middle right), and all other b → c modes (lower
left).

veto windows, we can adjust the amount of these generic decays in MC, and compare to

the data distributions until a best-fit is found. For each veto window, we define a χ2
n as

χ2
n =

∑

i

(

N i
MC −N i

data√
Ndata

)2

(4.5.3)

whereNMC andNdata are the number of events in each bin i of theMbc histograms, for the

data or the combined MC samples, respectively. Since various modes may contribute to

more than one veto window, we optimize by minimizing the sum over all veto windows,

χ2 =
∑

n

χ2
n (4.5.4)

This χ2 can be minimized with respect to a scaling factor that the MC normalization for

each three-body mode must be multiplied by to give the best agreement with data. There

are four scaling factors in this fitting procedure, but we further simplify by making the

assumption that these scaling factors should be identical for D and D∗ modes. Thus, the

scaling factor for B+ → D̄0π+η and B+ → D̄∗0π+η are assumed to be identical. The same

assumption is made for B0 → D−π+η and B0 → D∗−π+η.
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Figure 4.24: Distributions of χ2, as defined in the text, as a function of the fractional
amounts (relative to the generic MC) of B+ → D̄(∗)0π+η (y-axis) and B0 → D(∗)−π+η
included (x-axis). The minimum of the plot corresponds to the point (0.0,0.4).

The optimization is performed in two steps. We first perform a rough scan of the

two dimensional parameter space to locate an approximate minimum. This scan is shown

in Figure 4.24. Once the approximate minimum is located, each of the two parameters is

varied independently and a second order polynomial fit is performed to the χ2 profile to

determine a more precise minimum. These fits are shown in Figure 4.25.

The remainder of generic contributions, included in a single PDF component, are

fixed to their MC expectations. The scaling factors relative to the Belle MC are shown

numerically for each PDF component in Table 4.5. Each of these scaling factors, whether

fixed from an existing measurement or from the χ2 procedure, is subject to some uncer-

tainty, leading to potential systematic errors. We reserve discussion of these errors until

the next chapter. However, we note here that if we scale the MC using these factors, we

obtain reasonable agreement with the data in the veto windows, as shown in Figure 4.26.
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Figure 4.25: Distributions ofχ2, as defined in the text, as a function of the fractional amount
(relative to the generic MC) of B+ → D̄(∗)0π+η (left) and B0 → D(∗)−π+η included (right).
The points represent an explicit χ2 calculation, while the curve is a second order polyno-
mial fit to the data to determine a minimum.

Background mode Scaling factor Source of value

B0 → D0η 1.07 previous Belle [[46]]

B0 → D∗0η 0.79 previous Belle [[46]]
B0 → D−π+η 0.00 veto window χ2

B0 → D∗−π+η 0.00 veto window χ2

B+ → D0π+η 0.39 veto window χ2

B+ → D∗0π+η 0.39 veto window χ2

Other b→ c decays 1.00 generic MC default

Table 4.5: List of b→ cmodes and normalization scaling factors relative to the generic MC.

77



5.23 5.24 5.25 5.26 5.27 5.28 5.290

20

40

60

80

100
) Veto Windowπ (K n0D

5.23 5.24 5.25 5.26 5.27 5.28 5.290

20

40

60

80

100

5.23 5.24 5.25 5.26 5.27 5.28 5.290

20

40

60

80

100

5.23 5.24 5.25 5.26 5.27 5.28 5.290

20

40

60

80

100 ) Veto Window0π π (K n0D

5.23 5.24 5.25 5.26 5.27 5.28 5.290

20

40

60

80

100

5.23 5.24 5.25 5.26 5.27 5.28 5.290

20

40

60

80

100

5.23 5.24 5.25 5.26 5.27 5.28 5.290

2

4

6

8

10

12

14

16
) Veto Windowπ (K n±D

5.23 5.24 5.25 5.26 5.27 5.28 5.290

2

4

6

8

10

12

14

16

5.23 5.24 5.25 5.26 5.27 5.28 5.290

2

4

6

8

10

12

14

16

5.23 5.24 5.25 5.26 5.27 5.28 5.290

2

4

6

8

10

12

14

16

) Veto Window0π π (K n±D

5.23 5.24 5.25 5.26 5.27 5.28 5.290

2

4

6

8

10

12

14

16

5.23 5.24 5.25 5.26 5.27 5.28 5.290

2

4

6

8

10

12

14

16

5.23 5.24 5.25 5.26 5.27 5.28 5.290

10

20

30

40

50

60

) Veto Window-π +π η (
c

η

5.23 5.24 5.25 5.26 5.27 5.28 5.290

10

20

30

40

50

60

5.23 5.24 5.25 5.26 5.27 5.28 5.290

10

20

30

40

50

60

5.23 5.24 5.25 5.26 5.27 5.28 5.290

5

10

15

20

25

30

35
) Veto Windowη 0

s
 (K0D

5.23 5.24 5.25 5.26 5.27 5.28 5.290

5

10

15

20

25

30

35

5.23 5.24 5.25 5.26 5.27 5.28 5.290

5

10

15

20

25

30

35

5.23 5.24 5.25 5.26 5.27 5.28 5.290

10

20

30

40

50

60
) Veto Window+π η (+

sD

5.23 5.24 5.25 5.26 5.27 5.28 5.290

10

20

30

40

50

60

5.23 5.24 5.25 5.26 5.27 5.28 5.290

10

20

30

40

50

60

5.23 5.24 5.25 5.26 5.27 5.28 5.290

5

10

15

20

25

30
) Veto Window-π +π η (

’η

5.23 5.24 5.25 5.26 5.27 5.28 5.290

5

10

15

20

25

30

5.23 5.24 5.25 5.26 5.27 5.28 5.290

5

10

15

20

25

30

Figure 4.26: Mbc distributions in all veto windows defined in this analysis. The text indi-
cates the pseudo-reconstruction used for the veto. Points with errors represent the data,
and histograms represent the expectations from continuum (blue), generic (green), and
rare (magenta) MC samples. Generic MC expectations are obtained using the scaling fac-
tors described in the text.
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Xs Mass Range (GeV/c2) B → Xsη
′ Expected Events

0.4 – 0.6 0.00 ± 0.01
0.6 – 0.8 0.00 ± 0.01
0.8 – 1.0 0.02 ± 0.02
1.0 – 1.2 0.00 ± 0.01
1.2 – 1.4 0.01 ± 0.04
1.4 – 1.6 0.00 ± 0.07
1.6 – 1.8 0.06 ± 0.13
1.8 – 2.0 0.03 ± 0.13
2.0 – 2.2 0.09 ± 0.20
2.2 – 2.4 0.46 ± 0.20
2.4 – 2.6 0.00 ± 0.21

Total 0.68 ± 0.41

Table 4.6: Expected contributions from B → Xsη
′ to the signal yield for the full data

sample.

4.5.4 Rare Background Subtraction

The expected contributions from rare backgrounds are generally smaller than

their b → c counterparts. In most cases, one or fewer events per Xs mass bin are expected

from these sources. Thus, rather than modeling them with a separate PDF, we subtract

these small yields from the yield obtained in the final fit. The method of estimating the

amount of the three identified rare backgrounds is unique to each.

B → Xsη
′

Of the rare backgrounds, the inclusive Xsη
′ decay is the easiest to handle. First,

the production of the η through a secondary decay of the η′ causes most of these events to

fail the p∗η requirement. Second, we have also vetoed the remaining backgrounds explicitly

through the η′ → ηπ+π− decay. We can see from theMbc distributions in this veto window

that there is no significant disagreement between the data andMC, sowe are confident that

we can use theMC to accurately assess the contribution of these backgrounds. We perform

fits of a Gaussian PDF plus an ARGUS background function to the B → Xsη
′ component

of the rare MC in bins ofMXs , and find the yields given in Table 4.6. The total contribution

over all bins of Xs mass is less than one event.
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Figure 4.27: Yields of Mbc fits performed in the Mγγ sideband region for the full data
sample. The errors are statistical only. This control sample is sensitive to B → Xsγ
backgrounds.

B → Xsγ

Backgrounds from radiative B decays should not peak in theMγγ distribution of

the candidate η mesons. Thus, we use the previously defined sideband region (see Figure

4.8) in Mγγ to verify our expectations from MC. We perform Mbc fits in bins of Xs mass

using the same procedure as for the final signal fit, but in the sideband region ofMγγ . In

the rare MC, this procedure gives a yield of very nearly zero in all bins. We obtain yields

in the data shown in Figure 4.27, based on individual fits that are shown in Figures 4.28,

4.29, and 4.30. The data yields are consistent with zero within errors, and therefore also

consistent with the MC expectations. Thus, we assume that the MC also correctly models

the behavior in the signal region. Because the background PDFs were not easily modeled,

we do not use fits to the MC in the signal region to estimate the contributions. Instead, we

simply count the number of events expected from the MC in the final signal sample. The

results, shown in Table 4.7, indicate contributions of less than half an event in each MXs

bin.
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Figure 4.28: Mbc fits to the Mγγ sideband data, for MXs ranges from 0.4-1.2 GeV/c2. The
points with errors represent the data, and the lines represent the combined PDF (solid
blue), signal PDF (dashed red), combinatorial PDF (dash-dotted blue), and the generic
PDF (dotted green).
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Figure 4.29: Mbc fits to the Mγγ sideband data, for MXs ranges from 1.2-2.0 GeV/c2. The
points with errors represent the data, and the lines represent the combined PDF (solid
blue), signal PDF (dashed red), combinatorial PDF (dash-dotted blue), and the generic
PDF (dotted green).
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Figure 4.30: Mbc fits to the Mγγ sideband data, for MXs ranges from 2.0-2.6 GeV/c2. The
points with errors represent the data, and the lines represent the combined PDF (solid
blue), signal PDF (dashed red), combinatorial PDF (dash-dotted blue), and the generic
PDF (dotted green).
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Xs Mass range (GeV/c2) b→ sγ Expected events

0.4 – 0.6 0.09 ± 0.04
0.6 – 0.8 0.07 ± 0.04
0.8 – 1.0 0.20 ± 0.07
1.0 – 1.2 0.07 ± 0.04
1.2 – 1.4 0.22 ± 0.07
1.4 – 1.6 0.17 ± 0.06
1.6 – 1.8 0.24 ± 0.07
1.8 – 2.0 0.17 ± 0.06
2.0 – 2.2 0.20 ± 0.07
2.2 – 2.4 0.28 ± 0.08
2.4 – 2.6 0.15 ± 0.06

Total 1.85 ± 0.2

Table 4.7: Expected contributions from b→ sγ in the signal region.

B → Xdη

Though a few exclusive modes of the B → Xdη background are measured (e.g.,

B+ → π+η), many are completely unknown. In some Belle analyses, backgrounds that

result from particle misidentification can be distinguished from the signal through their

shifted ∆E distribution. In these cases, the signal is extracted through a two-dimensional

fit toMbc and ∆E. Unfortunately, our use of ∆E in our best candidate selection causes the

∆E distributions to be biased and unsuitable for fitting.

To obtain an estimate of how much of these backgrounds to subtract, we can

repeat our analysis for B → Xsη, but replacing the charged kaon in Xs with a pion to

create the final state Xdη. We can then repeat our fitting procedure on data to determine

the yield of Xdη events. Once we know the fitted yields, we can use our dedicated MC

sample of B → Xdη events and study how these modes are reconstructed asXsη with our

normal analysis. This study results in a ratio that translates our Xdη yields into an Xsη

yield.

The results of theXdη reconstruction and fits to the data are shown in Figure 4.31,

with individual fit results for eachMXs bin in Figures 4.32-4.35. We note that for these fits

we have forced the normalizations of the generic PDFs to zero, and we do not subtract

out any possible backgrounds to the Xdη signal. Further, we use the MC study of Xs/Xd

ratios to divide the total backgrounds evenly among all bins (except for the first bin, which

84



)2 (GeV/cXM
0 0.5 1 1.5 2 2.5

 fi
t y

ie
ld

s
bc

M

0

20

40

60

80

100

120

140

Figure 4.31: Fitted yields forXdη in the data (points with errors), as well as the expectations
from theXdη components of the rare MC (red histogram).

we take from the rare MC since the B+ → π+η branching fraction is measured). Both of

these procedures represent potential sources of systematic error that we will treat in the

next chapter. Results of the MC study of Xs/Xd reconstructions are shown in Figure 4.36

and Table 4.8. These results are combined with the Xdη fit yields to give the amount of

backgrounds to ultimately be subtracted, shown in Table 4.9.

4.5.5 Control Fits

Before moving on to fitting the data, we must account for possible differences in

the fit functions between the MC data and the experimental data. These may arise from

small miscalibrations of the MC parameters relative to the experimental parameters, or

from other MC modeling or assumptions that do not describe the data exactly. We study

these by using a decay of a similar topology but a much larger branching fraction, so that

we can compare the expectations fromMCwith a data sample of high signal-to-noise ratio.

In our case, B → Dπ+ decays are appropriate, with the D reconstructed in all the modes

that we use for ourXs.
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Figure 4.32: Mbc fits for the Xdη reconstruction in data, for Xd mass from 0.0-0.8 GeV/c2.
The points with errors are the data, and the lines represent the total PDF (solid blue), the
signal Gaussian (dashed red), and the combinatorial ARGUS (dash-dotted blue).
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Figure 4.33: Mbc fits for the Xdη reconstruction in data, for Xd mass from 0.8-1.6 GeV/c2.
The points with errors are the data, and the lines represent the total PDF (solid blue), the
signal Gaussian (dashed red), and the combinatorial ARGUS (dash-dotted blue).
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Figure 4.34: Mbc fits for the Xdη reconstruction in data, for Xd mass from 1.6-2.4 GeV/c2.
The points with errors are the data, and the lines represent the total PDF (solid blue), the
signal Gaussian (dashed red), and the combinatorial ARGUS (dash-dotted blue).
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Figure 4.35: Mbc fits for the Xdη reconstruction in data, for Xd mass from 2.4-2.6 GeV/c2.
The points with errors are the data, and the lines represent the total PDF (solid blue), the
signal Gaussian (dashed red), and the combinatorial ARGUS (dash-dotted blue).
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Figure 4.36: Fitted yields for the Xdη MC sample reconstructed as Xdη (left), as described
in the text, and the same sample reconstructed as Xsη using the standard signal recon-
struction (right).

Xd,Xs Mass range (GeV/c2) Xdη Reconstruction yield Xsη Reconstruction yield

0.2 – 0.4 1166 ± 38
0.4 – 0.6 1925 ± 47 0.0 ± 0.7
0.6 – 0.8 1486 ± 42 77 ± 9
0.8 – 1.0 1036 ± 37 78 ± 11
1.0 – 1.2 822 ± 34 56 ± 9
1.2 – 1.4 565 ± 29 28 ± 10
1.4 – 1.6 432 ± 26 20 ± 8
1.6 – 1.8 255 ± 21 2.3 ± 8.0
1.8 – 2.0 131 ± 14 8.7 ± 6.9
2.0 – 2.2 162 ± 15 4.3 ± 5.3
2.2 – 2.4 89 ± 11 5.9 ± 4.4
2.4 – 2.6 35 ± 7 3.7 ± 4.2

Total 8105± 103 283 ± 25.3

Ratio of Xs toXd 0.035 ± 0.003

Table 4.8: Mbc fit yields to the B → Xdη MC sample.
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Xs Mass range (GeV/c2) B → Xdη Subtracted events

0.4 – 0.6 5.18 ± 0.39
0.6 – 0.8 1.91 ± 0.23
0.8 – 1.0 1.91 ± 0.23
1.0 – 1.2 1.91 ± 0.23
1.2 – 1.4 1.91 ± 0.23
1.4 – 1.6 1.91 ± 0.23
1.6 – 1.8 1.91 ± 0.23
1.8 – 2.0 1.91 ± 0.23
2.0 – 2.2 1.91 ± 0.23
2.2 – 2.4 1.91 ± 0.23
2.4 – 2.6 1.91 ± 0.23

Total 24.28 ± 2.33

Table 4.9: Estimated numbers of events from B → Xdη to be subtracted from the final
signal yields. The lowest mass bin is the rare MC expectation from B → πη, and the other
mass bins are the scaled expectation from the data-driven estimate of B → Xdη.

δx (MeV/c2) rσ

SVD1 0.0 1.00
SVD2 0.2 1.03

Table 4.10: Correction factors applied to the signal MC PDF parameters to obtain the final
signal PDF, as determined from control sample comparisons.

To account for differences in detector configurations, we perform Mbc fits inde-

pendently for SVD1 and SVD2. Since the signal is quite strong, we can allow the mean

and width of the signal Gaussian to float in the fit to the data as well as the MC. We then

compare the two fits to determine if there is any notable shift in the mean of Mbc, which

we denote as δx, or any fractional change in the width, denoted as rσ. The fit results are

shown in Figure 4.37 and the resulting correction factors are shown in Table 4.10. The

SVD1 samples are found to be consistent within errors for both the mean and width of

the Gaussian. The SVD2 samples show a small shift in the mean of the Gaussian, around

0.2 MeV/c2, as well as a small underestimation of width, by about 3%. These corrections

are applied to the fittedXsη signal PDF parameters when fitting to the experimental data.
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Figure 4.37: A comparison ofMbc fit results for SVD1 (above) and SVD2 (below) between
the control sample MC (left) and the data from the full reconstruction skim (right).
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Figure 4.38: Background subtracted Mbc data fit yields for each Xs mass bin. Errors are
statistical only.

4.6 Results

4.6.1 Fits to Data

The fitting procedure is performed over the data sample of 657 × 106 BB̄ pairs,

and the expected rare backgrounds are subtracted. The results of the fits are summarized

graphically in Figure 4.38 and numerically in Table 4.11. Individual fits corresponding to

each bin ofMXs are shown in Figures 4.39, 4.40, and 4.41. Even before we perform further

analysis on this spectrum to determine an MXs dependent branching fraction, we note a

few features. First, the known Kη and K∗η signals are evident, as expected. We also see

a clear signal at higher Xs mass. Though some of this can be accounted for by the known

decaysB → K∗
0,2(1430)η, the signal above 1.8 GeV/c2 cannot be explained by these decays,

and thus does not correspond to any known decay.
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Xs Mass range (GeV/c2) Fit yield

0.4 - 0.6 60.2 ± 12.4
0.6 - 0.8 15.3 ± 8.8
0.8 - 1.0 250.0 ± 19.2
1.0 - 1.2 84.2 ± 13.8
1.2 - 1.4 146.3 ± 17.2
1.4 - 1.6 137.0 ± 17.6
1.6 - 1.8 127.7 ± 18.4
1.8 - 2.0 64.2 ± 17.8
2.0 - 2.2 85.7 ± 18.4
2.2 - 2.4 48.6 ± 17.9
2.4 - 2.6 34.8 ± 12.5

Table 4.11: Summary for the fit yields (with expected rare contributions subtracted), along
with their statistical errors for each bin.
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Figure 4.39: Mbc fits for the Xs mass bins from 0.4-1.2 GeV/c2. The points are data and
the lines are the total fit (solid blue), the signal component (dashed red), combinatorial
component (dash-dotted blue), and the BB̄ components (dotted green).
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Figure 4.40: Mbc fits for the Xs mass bins from 1.2-2.0 GeV/c2. The points are data and
the lines are the total fit (solid blue), the signal component (dashed red), combinatorial
component (dash-dotted blue), and the BB̄ components (dotted green).
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Figure 4.41: Mbc fits for the Xs mass bins from 2.0-2.6 GeV/c2. The points are data and
the lines are the total fit (solid blue), the signal component (dashed red), combinatorial
component (dash-dotted blue), and the BB̄ components (dotted green).
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Figure 4.42: Reconstruction efficiency for B → Xsη, not including B(η → γγ).

4.6.2 Efficiency & Branching Fraction

To determine a branching fraction for a given Xs mass bin, we must combine

our fitted signal yield (with expected backgrounds subtracted) with the efficiency as de-

termined from the flatXs signal model (orKη andK∗η in the appropriate mass bins). The

branching fraction is calculated as

B(B → Xsη)i =
N i

sig −N i
Xsγ −N i

Xdη −N i
Xsη′

2NBBǫiriB(η → γγ)
(4.6.1)

where the index i corresponds to an Xs mass bin, NBB̄ is the total number of BB̄ pairs

produced in the data sample (see Appendix C), ǫ is the efficiency as determined from

the signal MC, ri is a bin-dependent correction factor based on differences in efficiency

between data and MC (discussed in more detail below), and the η → γγ branching ratio

accounts for the fact that we force η → γγ in our signal MC, but in reality this decay only

occurs for ∼39% of η mesons [1].

The efficiency is calculated from fits to the signal MC. The fitted yield is deter-

mined, and the efficiency is calculated as this yield divided by the number of generated

B → Xsη decays. The bin-by-bin efficiency is shown in Figure 4.42.
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Nstandard/Nloose LR Nstandard/Nno BCS

data 0.528 ± 0.003 0.901 ± 0.005
MC 0.548 ± 0.002 0.902 ± 0.005

r (Data/MC) 0.963 ± 0.006 0.998 ± 0.007

Table 4.12: Ratios of yields for the standard and loose cuts for the requirements on con-
tinuum suppression LR and best candidate selection (BCS), calculated with the B → Dπ+

control sample in data and MC. The corresponding correction factor is calculated as the
ratio of the data/MC values.

The ri correction factors are similar to the adjustments made to the signal PDF

using the control sample in that they account for possible systematic differences between

the MC and the experimental data. Each ri is the product of eight individual correction

factors due to: π0 reconstruction, η reconstruction, K0
S reconstruction, tracking, particle

identification for charged π andK , the continuum suppression LR, and the best candidate

selection. All but the last two are taken from previous Belle studies.6 The correction factors

for the LR and candidate selection are unique to this analysis, and must be studied using

the B → Dπ+ control sample. For the LR correction, we define a set of loose LR criteria

that are relaxed by 10% across all bins of flavor tag quality. We then calculate the ratio of

yields in the control sample using the nominal LR cut and the loose LR cut. This calcula-

tion is done for both MC and data, and the data ratio divided by the MC ratio is our LR

correction factor. We follow a similar procedure for the candidate selection, but with our

loose cut defined as removing the candidate selection entirely. The results of these studies

are shown in Table 4.12. No correction factor is applied for the candidate selection, since

the calculated value is consistent within errors with one. All correction factors and their

sources are shown in Table 4.13.

Combining the fitted yields with efficiencies and associated corrections as per

Equation 4.6.1, we calculate a differential branching fraction as a function of Xs mass,

dB/dMXS
, as shown in Figure 4.43 and tabulated numerically in Table 4.14.

6π0 and η reconstruction efficiencies are studied using an inclusive η sample [47]; K0
S reconstruction is

studied by comparing data for D+
→ K0

Sπ+ and D+
→ K−π+π+ [48]; tracking efficiency is studied using

inclusive D∗ decays [49, 50]; particle identification for both K and π are studied using inclusive D∗ decays
in which the decay kinematics allow high efficiency identification of K± and π± without the use of the PID
systems [51].
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MXs range (GeV/c2) π0 π± ID K± ID Total

0.4 – 0.6 1.000 1.000 0.975 0.923
0.6 – 0.8 0.994 0.984 1.004 0.929
0.8 – 1.0 0.995 0.979 1.001 0.924
1.0 – 1.2 0.992 0.977 1.004 0.920
1.2 – 1.4 0.991 0.973 1.003 0.915
1.4 – 1.6 0.989 0.971 1.003 0.911
1.6 – 1.8 0.987 0.970 1.002 0.908
1.8 – 2.0 0.989 0.967 1.002 0.907
2.0 – 2.2 0.987 0.967 1.003 0.905
2.2 – 2.4 0.988 0.966 1.001 0.904
2.4 – 2.6 0.987 0.966 1.000 0.902

Table 4.13: Summary of efficiency correction factors from various sources. Those that are
identical in all bins are not shown, but are included in the total. These are: η reconstruction
(0.979), K0

S reconstruction (1.003), tracking (1.000), best candidate selection (1.000), and
continuum suppression likelihood ratio (0.963).
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Figure 4.43: Calculated differential branching fraction for B → Xsη as a function of Xs

mass. Errors are statistical only.
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MXs(GeV/c2) B(B → Xsη)(10
−6)

0.4–0.6 1.9 ± 0.4
0.6–0.8 0.9 ± 0.5
0.8–1.0 17.0 ± 1.3
1.0–1.2 7.2 ± 1.2
1.2–1.4 15.8 ± 1.9
1.4–1.6 20.8 ± 2.7
1.6–1.8 28.2 ± 4.1
1.8–2.0 24.4 ± 6.8
2.0–2.2 42.4 ± 9.1
2.2–2.4 36.8 ± 13.5
2.4–2.6 65.1 ± 23.4

Table 4.14: MeasuredMXs dependent branching fractions for B → Xsη. Errors are statisti-
cal only.

Mode Previous Belle B(10−6) This study B(10−6)

B+ → K∗+(K0π+)η 22.6+3.1
−2.9 28.2 ± 3.9

B+ → K∗+(K+π0)η 20.1+4.1
−3.9 22.7 ± 5.2

B0 → K∗0(K+π−)η 16.9 ± 1.5 19.7 ± 2.1

B0 → K∗0(K0π0)η 16.7+6.3
−5.6 16.5 ± 6.4

Table 4.15: Mode-by-mode branching fraction comparisons forB → K∗η. For the previous
Belle result, the errors are combined statistical and systematic uncertainties. For the results
of this study, the errors are statistical only.

4.6.3 Branching Fraction Cross Check with B → K∗η

A natural question that arises after the calculation of the branching fraction is

whether it is consistent with previous measurements. Although the inclusive B → Xsη

mode has not been previously measured, one of its exclusive contributions, B → K∗η, is

a known reference to which we can compare. Unlike our inclusive study, where all final

states are combined for the fit, we divide the various K∗η modes into the following four

final states to calculate branching fractions for each independently: B+ → K∗+(K0
Sπ

+)η,

B+ → K∗+(K+π0)η, B0 → K∗0(K+π−)η, and B0 → K∗0(K0
Sπ

0)η. We perform the fits

within 1.5 times the measured width of the K∗ resonance (±75 MeV/c2), and obtain the

results shown in Figure 4.44. The calculated branching fractions are compared to those

previously measured by Belle [34] in Table 4.15. All results agree within errors.
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Figure 4.44: Mbc fit results to the full data sample for the following modes: B+ →
K∗+(K0

Sπ
+)η (top left), B+ → K∗+(K+π0)η (top right), B0 → K∗0(K+π−)η (bottom

left), and B0 → K∗0(K0
Sπ

0)η (bottom right). The red dashed lines, blue dash-dotted lines,
and green dotted lines represent the signal, combinatorial background, and generic back-
ground contributions. The solid blue line is the total fit result.
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4.6.4 Direct CP Asymmetry

We can perform similar fits to measure the direct CP asymmetry of B → Xsη.

Because the efficiency for B → Xsη should be the same whether it originated from a b or b̄

decay, we can rewrite the original definition, Equation 1.3.5, as the following:

ACP =
Nb −Nb

Nb +Nb

(4.6.2)

Thus, we need only determine the asymmetry in the signal yields between the b and b̄

modes. However, the flavor of the b quark cannot be determined for all Xs modes. Thus,

we perform this measurement using only modes that have a self-tagged state (i.e., the b

quark flavor of the B meson can be completely determined from the final state). This

excludes 5 out of 18 modes that have zero net charge and include aK0
S .

To account for possible mis-reconstruction of aB in the opposite flavor, we define

the dilution factor, D,

D =
1

1 − 2w
(4.6.3)

where w is the wrong-tag fraction, the fraction of events where a B was reconstructed in

the wrong flavor. This wrong-tag fraction must be calculated using the MC. An event is

incorrectly tagged if the best candidate is reconstructed in a flavor with a b quark, but actu-

ally originated from a meson with a b quark, and vice versa. The wrong-tag fractions and

corresponding dilution factors are calculated bin-by-bin inXs mass in the signal region for

the signal MC sample for eachMXs bin. For the bins that use the PYTHIAMC samples as

signal MC, we use the flatMXs MC to determine the wrong-tag fraction. These values can

be found in Table 4.16.

Using these dilution factors, we calculate the final measured asymmetry as

ACP = DAraw
CP =

1

1 − 2w

Nb −Nb

Nb +Nb

(4.6.4)

where the raw asymmetry, Araw
CP , is determined directly from the fit. As with the branch-

ing fraction analysis, the expected backgrounds complicate our extraction of ACP. In the

presence of backgrounds with a nonzero value of ACP, we can rewrite the expression as

Atrue
CP =

Ameasured
CP Ntotal −

∑

iA
i
CPN

i
bg

Ntotal −
∑

iN
i
bg

(4.6.5)

In the lowest mass bin, effects of B → π+η backgrounds are subtracted. Since the world

average measurement of ACP for this process is −0.16 ± 0.07, we can subtract this contri-

bution from the ACP value that we determine. In the other bins, we subtract B → Xdη
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Xs Mass range (GeV/c2) Wrong-tag fraction, w Dilution factor, D

0.4 – 0.6 0.0000 ± 0.0000 1.0000 ± 0.0001
0.6 – 0.8 0.0022 ± 0.0022 1.0045 ± 0.0007
0.8 – 1.0 0.0047 ± 0.0006 1.0095 ± 0.0011
1.0 – 1.2 0.0095 ± 0.0006 1.0194 ± 0.0060
1.2 – 1.4 0.0128 ± 0.0008 1.0263 ± 0.0085
1.4 – 1.6 0.0148 ± 0.0010 1.0305 ± 0.0092
1.6 – 1.8 0.0174 ± 0.0013 1.0362 ± 0.0054
1.8 – 2.0 0.0216 ± 0.0019 1.0451 ± 0.0065
2.0 – 2.2 0.0244 ± 0.0023 1.0514 ± 0.0166
2.2 – 2.4 0.0185 ± 0.0026 1.0384 ± 0.0076
2.4 – 2.6 0.0234 ± 0.0045 1.0492 ± 0.0328

Table 4.16: Wrong tag fractions and their corresponding dilution factors as calculated from
signal MC.

events, but these do not have a known ACP. We thus assume that for theseMXS
bins, the

ACP of the subtracted backgrounds is zero. The final results for ACP as a function ofMXs

are shown in Figure 4.45 and summarized in Table 4.17. We also determine the value of

ACP for the full Xs mass range, and the mass range above the narrow kaonic resonances.

As with the branching fractions, we must incorporate systematic effects to obtain a true

estimate of our uncertainties.
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Figure 4.45: ACP values measured for the data, in bins of Xs mass. Errors are statistical
only.

Xs Mass range (GeV/c2) ACP(B → Xsη)

0.4 – 0.6 -0.35 ± 0.18
0.6 – 0.8 0.02 ± 0.40
0.8 – 1.0 -0.04 ± 0.07
1.0 – 1.2 -0.26 ± 0.15
1.2 – 1.4 -0.22 ± 0.11
1.4 – 1.6 -0.15 ± 0.12
1.6 – 1.8 -0.25 ± 0.13
1.8 – 2.0 -0.31 ± 0.26
2.0 – 2.2 0.34 ± 0.20
2.2 – 2.4 0.02 ± 0.32
2.4 – 2.6 -0.40 ± 0.36

0.4 – 2.6 -0.13 ± 0.04
1.0 – 2.6 -0.15 ± 0.06

Table 4.17: Direct CP asymmetries measured in the data, bin-by-bin inXs mass. Errors are
statistical only.
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Chapter 5

Systematic Errors

Our results from the last chapter give the nominal values for themeasurements of

this work. The uncertainties reflect only the statistical uncertainties on the fits used to cal-

culate the branching fraction and direct CP asymmetry. Until now, we have not discussed

uncertainties that could systematically affect our results. In general, these come from un-

certainties in our analysis procedures, potential discrepancies between the MC simulation

and the data, and uncertainties due to our modeling of the Xs system. We break up our

systematic uncertainties in the branching fraction into two parts: those that are related

to our modeling of the Xs system and those that are not. Since modeling effects result

in much smaller uncertainties in the direct CP asymmetry, we report all ACP systematic

uncertainties together.

In addition, we also define a significance for each measurement. The significance

is defined as

S =

√

−2 ln

( L0

Lmax

)

(5.0.6)

where Lmax is the maximum likelihood obtained from the fit, and L0 is the maximum

likelihood obtained when the parameter of interest is fixed to zero. For the branching

fraction, L0 is evaluated by fixing the signal yield to zero. For the direct CP asymmetry,

it is evaluated by fixing the fitted Araw
CP . Systematic effects are included in significance

estimates by convolving the likelihood function with a Gaussian of width determined by

the additive systematic errors.
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5.1 Branching Fraction - Non-model Systematic Uncertainties

Within the non-modeling systematic uncertainties, we further distinguish be-

tween additive and multiplicative effects. Additive effects are those that can affect the

signal yield, and arise from the fitting procedures and the rare background subtraction.

We assign systematic errors due to the PDF shapes and normalizations and each rare back-

ground subtraction.

5.1.1 PDF Shapes and Normalizations

Uncertainties due to PDF parameters that are fixed in the fitting procedure are

estimated by determining an uncertainty on these parameters, then repeating the fitting

procedure and examining how the final fit yields are affected. The details are different

depending on the PDF of interest.

Signal PDFs

In Section 4.5.5 we used a B → Dπ+ control sample to estimate possible differ-

ences between signal PDF parameters in data and MC. The presence of such differences

indicates a systematic error in the MC relative to the data. To account for these differences,

we repeat the fitting procedure on the data, but we allow the signal PDF parameters to

vary by plus or minus the observed differences between the control sample data and MC.

Because the SVD1 data sample was consistent with MC, we use the SVD2 differences.

BB̄ PDFs

We separate errors from the BB̄ backgrounds into two components: those due

to the fixed PDF shapes, and those due to our choices of PDF normalizations. Errors due

to the PDF shapes are obtained by performing a series of fits where each shape parameter

that was fixed in the final fit (Gaussian mean, Gaussian sigma, ARGUS shape, ratio of

Gaussian to ARGUS) is allowed to vary by the symmetric statistical errors obtained from

the fit to the MC.

Our choices of normalizations for the BB̄ PDFs are related to the χ2 procedures

discussed earlier, so they play a vital role in estimating the associated systematic uncertain-

ties. In the case of the modes B0 → D̄0η and B0 → D̄∗0η, we chose normalizations based
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Figure 5.1: Distribution of χ2 as a function of the fraction (relative to the nominal generic
MC) of “other” BB modes.

on the χ2 procedure. To estimate a systematic uncertainty related to this choice, we repeat

the χ2 procedure, but allow the normalizations for these modes to vary.1 We compare the

difference between the normalization values obtained from this minimization and those

based on the previous Belle measurement. The difference between these is the amount

that we vary the final normalizations of these modes.

We estimate effects related to the normalizations for theB → D(∗)πηmodes using

the one dimensional fits to the χ2 profile (see Figure 4.25) to estimate an uncertainty on the

obtained normalizations. This uncertainty is the amount by which these normalizations

are allowed to vary.

For the PDF consisting of all other b → c backgrounds, we perform another χ2

minimization where the normalization for these modes is allowed to vary.2 The results of

this minimization are shown in Figure 5.1. We vary the final normalization for this PDF by

the difference between the value obtained from the χ2 study, 0.94, and unity, which is the

expected value from the MC.

We summarize the various minimization results and the variations used for the

systematics in Table 5.1.

1During this procedure, we fix the the normalizations for the three body D(∗)πη modes to their nominal
values.

2During this minimization, all other BB̄ modes are fixed to their nominal values.
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Background mode χ2 Result Nominal Variation Source

B0 → D̄0η 0.87±0.12 1.07 ±0.20 χ2 / Belle difference
B0 → D̄∗0η 1.31±0.37 0.79 ±0.52 χ2 / Belle difference

B0 → D(∗)−π+η 0.00+0.02 0.00 +0.02 χ2 minimum error

B+ → D̄(∗)0π+η 0.39±0.04 0.39 ±0.04 χ2 minimum error
Other b→ c decays 0.94±0.03 1.00 ±0.06 χ2 / MC difference

Table 5.1: Summary of scaling factors for b→ cmodes, as obtained from the χ2 procedure
and the nominal values used in the fit, as well as the variations used for systematic studies
and their sources.

MXs (GeV/c2) Sig. shape BB shape BB norm. Sub total Sub total (%)

0.4–0.6 0.97 0.18 0.04 0.98 1.63%
0.6–0.8 0.71 0.31 0.04 0.77 5.06%
0.8–1.0 3.46 1.01 0.15 3.61 1.44%
1.0–1.2 1.82 1.33 0.18 2.26 2.69%
1.2–1.4 2.94 1.64 0.23 3.37 2.31%
1.4–1.6 2.49 2.76 0.81 3.80 2.77%
1.6–1.8 1.89 4.77 1.75 5.42 4.24%
1.8–2.0 1.53 7.74 3.33 8.56 13.33%
2.0–2.2 1.44 5.24 1.91 5.76 6.72%
2.2–2.4 3.27 6.05 1.82 7.11 14.64%
2.4–2.6 1.29 4.33 0.73 4.57 13.14%

Table 5.2: Positive systematic errors related to fitting. All entries are in number of events,
except for the last column, which are percentages relative to the nominal yields.

Summary

Using the methods described above, the fits are repeated and the differences from

the nominal values are used to assign systematic uncertainties on the fitted yields. These

are summarized independently for positive and negative errors in Tables 5.2 and 5.3. The

subtotals for fitting uncertainties are determined by adding the individual errors (in num-

bers of events) in quadrature.

5.1.2 Rare Backgrounds

The subtracted rare backgrounds are also subject to uncerainties, and should be

reflected in the final result. For both theXsη
′ andXsγ modes, we conservatively allow the
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MXs (GeV/c2) Sig. Shape BB Shape BB Norm. Sub Total Sub Total (%)

0.4-0.6 1.10 0.07 0.04 1.10 1.83%
0.6-0.8 0.71 0.43 0.04 0.83 5.46%
0.8-1.0 3.77 1.06 0.15 3.92 1.57%
1.0-1.2 1.96 1.37 0.18 2.40 2.85%
1.2-1.4 3.19 2.25 0.23 3.92 2.68%
1.4-1.6 2.78 3.04 0.81 4.20 3.07%
1.6-1.8 2.09 4.55 1.75 5.31 4.16%
1.8-2.0 1.60 6.91 3.37 7.85 12.22%
2.0-2.2 1.60 6.22 1.97 6.71 7.84%
2.2-2.4 3.22 6.16 1.79 7.18 14.78%
2.4-2.6 1.43 6.02 0.78 6.24 17.92%

Table 5.3: Negative systematic errors related to fitting. All entries are in number of events,
except for the last column, which are percentages relative to the nominal yields.

amount of each background to vary by ±100%. For the former, this variation reflects the

large uncertainty in the known branching fraction.

The sources of uncertainties on the subtractedXdη backgrounds vary byMXs bin.

For the lowest bin, which is expected to contain only contributions from B+ → π+η, we

vary the amount of the subtraction by ±30%, the relative disagreement between the data

fits and the MC expectation (as seen in Figure 4.31). For the other bins, where the MC

expectation is not based on a measured branching fraction, we must use our data-driven

procedures to estimate the uncertainties. As mentioned previously, these estimates did not

include potential backgrounds to B → Xdη modes, so our fitted yields can be considered

upper limits. As such, we allow the subtractedXdη contributions to vary by −100% in all

bins.

For the positive variation, we quantify the uncertainty arising from the assump-

tion of a uniform distribution of events throughout all Xs mass bins. To do this, we per-

form a study of the dedicated Xdη MC sample, in which we determine a relationship be-

tween the reconstructed Xs mass and generatedXd mass, shown in Figure 5.2. Using the

fractional distributions shown in the lower part of the figure, we can recalculate how the

Xd events migrate into Xs mass bins. We determine the difference in number of events

in this estimate versus the estimate in which the events are uniformly distributed. For

the systematic variation, we use the larger of this difference and the uncertainty in the

uniformly distributed values. These results are summarized in Table 5.4.
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Figure 5.2: Reconstructed Xs mass versus generated Xd mass in the signal region for the
B → Xdη PYTHIAMonte Carlo sample, represented as a scatter plot (upper left), a profile
histogram with a linear fit (upper right), and numerically (bottom).
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MXs (GeV/c2) NXd
(standard) NXd

(weighted) δNXd
+ δNXd

−
0.4–0.6 5.18 5.18 1.55 1.55
0.6–0.8 1.91 0.36 0.23 1.91
0.8–1.0 1.91 1.86 0.23 1.91
1.0–1.2 1.91 2.69 0.78 1.91
1.2–1.4 1.91 2.28 0.37 1.91
1.4–1.6 1.91 1.88 0.23 1.91
1.6–1.8 1.91 2.71 0.80 1.91
1.8–2.0 1.91 2.01 0.23 1.91
2.0–2.2 1.91 1.87 0.23 1.91
2.2–2.4 1.91 1.72 0.23 1.91
2.4–2.6 1.91 1.75 0.23 1.91

Table 5.4: ExpectedXdη backgrounds using the standard method, the weighting based on
theXd → Xs study, and the final variations used for systematics.

The final systematic uncertainties due to rare BB̄ backgrounds are the combina-

tion of each of the three backgrounds in quadrature. These are summarized in Table 5.5.

5.1.3 Multiplicative Uncertainties

The final class of non-model related uncertainties are due to factors that multiply

the efficiency in the denominator of Equation 4.6.1: the efficiency correction factors, the

branching fraction of η → γγ, and the total number of BB̄ pairs.

The uncertainties from the correction factors forK0
S reconstruction, π0 reconstruc-

tion, η reconstruction, chargedK and π identification, and tracking all come from the same

Belle studies used to estimate these correction factors [47, 48, 49, 50, 51]. For those that we

calculated using our control sample (LR and candidate selection), we assign an uncertainty

based on the difference between our correction factors and one. The uncertainty due to the

branching fraction of η → γγ is based on the world average measurement uncertainty.

Finally, the uncertainty on NBB̄ is based on dedicated measurements for each experiment

number, explained in more detail in Appendix C. Since all these terms are multiplicative,

we combine the uncertainties by adding the relative errors in quadrature. The values for

each term, and the combined total, are shown in Table 5.6.
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MXs NXsγ NXsη′ NXdη NXdη Subtotal Subtotal Sub Total Subtotal
(GeV/c2) (±) (±) (+) (−) (+) (−) (+%) (−%)

0.4–0.6 0.09 0.00 1.55 1.55 1.56 1.56 2.58% 2.58%
0.6–0.8 0.07 0.00 0.23 1.91 0.24 1.91 1.57% 12.51%
0.8–1.0 0.20 0.02 0.23 1.91 0.30 1.92 0.12% 0.77%
1.0–1.2 0.07 0.00 0.78 1.91 0.78 1.91 0.93% 2.27%
1.2–1.4 0.22 0.01 0.37 1.91 0.43 1.92 0.29% 1.31%
1.4–1.6 0.17 0.00 0.23 1.91 0.29 1.92 0.21% 1.40%
1.6–1.8 0.24 0.06 0.80 1.91 0.84 1.93 0.66% 1.51%
1.8–2.0 0.17 0.03 0.23 1.91 0.29 1.92 0.45% 2.99%
2.0–2.2 0.20 0.09 0.23 1.91 0.32 1.92 0.37% 2.24%
2.2–2.4 0.28 0.46 0.23 1.91 0.59 1.98 1.21% 4.09%
2.4–2.6 0.15 0.00 0.23 1.91 0.28 1.92 0.79% 5.50%

Table 5.5: Systematic errors related to subtraction of rare backgrounds.

MXs K0
S π0 π± K± Tracking Total

(GeV/c2) (±%) (±%) (±%) (±%) (±%) (±%)

0.4–0.6 1.08 0.00 0.00 0.74 0.77 5.07
0.6–0.8 1.07 0.40 0.37 0.70 1.60 5.29
0.8–1.0 1.08 0.38 0.38 0.72 1.81 5.36
1.0–1.2 1.06 0.57 0.49 0.76 2.04 5.47
1.2–1.4 1.03 0.65 0.59 0.80 2.35 5.61
1.4–1.6 1.02 0.70 0.68 0.84 2.62 5.74
1.6–1.8 1.01 0.74 0.78 0.87 2.92 5.91
1.8–2.0 0.92 0.62 0.92 0.88 3.25 6.07
2.0–2.2 0.96 0.72 0.93 0.92 3.20 6.07
2.2–2.4 0.95 0.75 0.97 0.95 3.31 6.14
2.4–2.6 0.89 0.76 0.98 0.97 3.40 6.19

Table 5.6: Systematic errors related to factors that multiply the efficiency. Errors that are
identical in all bins are not shown, but are included in the total. These are: η reconstruc-
tion (2.69%), continuum suppresion likelihood ratio (3.68%), candidate selection (0.75%),
B(η → γγ) (0.51%), and NBB̄ (1.36%).
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5.2 Branching Fraction - Modeling Systematic Uncertainties

Until now, we have not investigated the effects of our assumption of signal model.

Our assumption of a flat Xs mass spectrum may affect our final results, and these effects

should be included in our uncertainty. Further, our use of the PYTHIA generator to per-

form the hadronization of theXs systemmay also introduce some bias.

5.2.1 SpectrumModel

We investigate the effects of our flatMXs MC by generating two other MC mod-

els. The first uses an Xs system that has a mass distribution based on the QCD anomaly

model [18]. The second assumes a three body decay of the type B → (u, d)s̄η to calculate

the η momentum, then uses conservation of momentum to assign an appropriate recoil

mass. The mass spectra generated by these models, as well as the corresponding calcu-

lated efficiencies, are shown in Figure 5.3. The bin-by-bin efficiencies for each model are

not significantly different, a result that is not surprising considering that the same PYTHIA

fragmentation is used in each model, resulting in similar final state distributions for each

MXs bin.

Despite the similarities in efficiency, the different mass distributions are con-

nected to another problem: the migration of events betweenMXs bins. To quantitatively

estimate an uncertainty due to this effect, in each reconstructed mass bin we utilize mass

migration matrices for each model. An example for the model with flat Xs mass is shown

in Figure 5.4 (the results for the other models can be found in Reference [40]). For each

MXs bin, we take the difference between the total reconstructed efficiency and subtract

the correctly reconstructed efficiency (the elements along the diagonals). We then use the

average of this value over the three PYTHIA models. This value represents a bin-by-bin

systematic error percentage.

5.2.2 PYTHIA Fragmentation

The use of PYTHIA to hadronize the Xs system into final state particles intro-

duces a potential mismatch of final states observed in MC versus the data. If there is a

significant disagreement between these final states, the efficiency will be calculated in-

correctly and an error will be introduced into the branching fraction measurement. We
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subdivide potential errors due to fragmentation effects into those introduced by the frac-

tion of total Xs modes that are unreconstructed (also called “missing” modes) and those

that are reconstructed.

We determine the fraction of missing modes for each MXs bin by using the sig-

nal MC. For modes that are missed because they have a K0
L, but would have otherwise

been reconstructed, we assign no systematic error, since these should be produced sym-

metrically with the corresponding K0
S modes. For all other missing modes, we allow the

fraction to vary by ±30%. This error is not applied to the Kη and K∗η bins, since they are

based on exclusive MC samples that do not use PYTHIA.

For the distributions of reconstructed modes, we can use the data directly to ver-

ify that PYTHIA is producing a proper distribution of final states. We divide the recon-

structed states into the following categories: charged and neutral B modes, modes with

and without a π0, modes with aK0
S and those with aK+, and modes with one or two total

π’s and those with three or four total π’s. We compare the relative yields of these cate-

gories in data with the expectations from the PYTHIA-based MC. The results can be seen

in Figure 5.5.3 All mode categories agree within errors between the data and MC, except

for the observed deficit of π0 modes.

To account for this potential discrepancy in final state distributions, we assign a

systematic uncertainty based on the following procedure. We perform fits ofMbc in bins of

Xs mass, individually for modeswith a π0 and again for modes without a π0, and calculate

the following quantity:

fπ0 =
Nπ0

Nno π0 +Nπ0

=
Nπ0

Ntotal
(5.2.1)

where theN values represent the signal yield from the appropriate fit. We do the same for

the PYTHIA-based signal MC with the flat Xs mass distribution. A comparison between

data and MC is shown in Figure 5.6. We can rewrite the above expression for fπ0 in terms

of the reconstruction efficiency, ǫ, as:

fπ0 =
Nπ0

ǫNgenerated
(5.2.2)

where Ngenerated is the total number of Xsη events in the signal MC sample. Rearranging

this expression gives another formulation for the efficiency.

ǫ =
Yπ0

fπ0Ngenerated
(5.2.3)

3Full Mbc fits for each category can be found in Reference [40].

115



±
B

0
B/

0
B

0 π 0 π
N

o 

0 S
K

±
K π

1,
2 π

3,
4

P
Y

T
H

IA
 M

C
 / 

Y
da

ta
Y

0.2

0.4

0.6

0.8

1

1.2

1.4

1.6

1.8

Figure 5.5: Ratio of expectedMbc fit yields between data and MC, divided by mode cate-
gory. The first errors are statistical only, while the second include systematics due to fitting,
K0

s reconstruction, π0 reconstruction, chargedK/π identification, and tracking.

116



)2 (GeV/cXsM
0.5 1 1.5 2 2.5

0 πf

0

0.05

0.1

0.15

0.2

0.25

0.3

0.35

0.4

Figure 5.6: Fraction of yields in modes with a π0 as a function of Xs mass, for data (red
crosses) and PYTHIAMC (blue circles).

We can compute the efficiency for signal MC first directly. We then use the above expres-

sion with fπ0 determined from the data and both Nπ0 and Ngenerated from the signal MC

to compute an expected efficiency with an fπ0 determined from data. We do this for each

bin ofMXs and determine the difference in this recalculated efficiency and the original ef-

ficiency. The difference between the ratio of these two efficiencies and unity is used as the

systematic error due to the PYTHIA fragmentation.

As with the missing mode systematic, this error is not applied to theKη andK∗η

bins, since these signal models are not dependent on the fragmentation model.

5.2.3 Modeling Error Summary

The uncertainties introduced by the mass spectrum assumption and the PYTHIA

fragmentation are summarized in Table 5.7. The relative errors are added in quadrature to

determine a total error.
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MXs Mass migration Missing modes PYTHIA PYTHIA Total
(GeV/c2) (±%) (±%) (+%) (-%) (%)

0.4–0.6 0.70 0.00 0.00 0.00 ±0.70

0.6–0.8 2.20 0.07 9.62 0.00 +9.87
−2.20

0.8–1.0 2.82 0.00 0.00 0.00 ±2.85

1.0–1.2 3.06 3.63 0.00 18.26 +4.75
−18.87

1.2–1.4 4.54 4.47 0.00 2.64 +6.37
−6.90

1.4–1.6 5.68 7.25 0.00 9.56 +9.21
−13.28

1.6–1.8 5.30 10.24 0.00 18.39 +11.53
−21.70

1.8–2.0 7.01 13.21 0.00 27.99 +14.95
−31.74

2.0–2.2 5.76 16.33 0.00 10.85 +17.32
−20.43

2.2–2.4 8.46 18.89 0.00 33.40 +20.69
−39.29

2.4–2.6 7.35 21.06 0.00 37.37 +22.31
−43.52

Table 5.7: Systematic errors related to the signal model, including mass migration, missing
modes, and PYTHIA fragmentation.

5.3 Branching Fraction - Summary and Significance

We tabulate all uncertainties related to the fit yields in Table 5.8, as well as the

significance of each yield including these systematic effects. We also calculate yields and

significances for two larger regions: the fullXs mass range, which has a significance of 23,

and a high mass region,MXs > 1.8 GeV/c2, which has a significance of 7. It is important

to note that although the branching fraction measurements suffer from large uncertainties,

primarily due to modeling effects, the significance is only affected by those uncertainties

related to the fitted yields. Thus, both our total result and the high mass excess can be

regarded as statistically significant.

We also list the branching fractions and their final systematic uncertainties for

each MXs bin in Table 5.9. In addition, we calculate a cumulative branching fraction for

each Xs mass bin by adding together the results from various bins. For these cumulative

branching fractions, we add uncorrelated errors (such as the statistical errors) in quadra-

ture, and add correlated errors (such as the modeling error) linearly.

5.4 Direct CP Asymmetry Systematic Uncertainties

In the branching fraction, we find that the largest components of the systematic

errors are typically due to our modeling of theXs system and the resulting uncertainties in
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Xs Mass range (GeV/c2) Fit yield S
0.4 - 0.6 60.2 ± 12.4 +1.8

−1.9 5.7

0.6 - 0.8 15.3 ± 8.8 +0.8
−2.1 1.9

0.8 - 1.0 250.0 ± 19.2 +3.6
−4.4 14.0

1.0 - 1.2 84.2 ± 13.8 +2.4
−3.1 6.6

1.2 - 1.4 146.2 ± 17.2 +3.4
−4.4 9.2

1.4 - 1.6 137.0 ± 17.6 +3.8
−4.6 8.1

1.6 - 1.8 127.7 ± 18.4 +5.5
−5.6 7.2

1.8 - 2.0 64.2 ± 17.8 +8.6
−8.1 3.5

2.0 - 2.2 85.7 ± 18.4 +5.8
−7.0 4.6

2.2 - 2.4 48.6 ± 17.9 +7.1
−7.4 2.7

2.4 - 2.6 34.8 ± 12.5 +4.6
−6.5 2.7

0.4 - 2.6 1054 ± 54 +16
−18 23

1.8 - 2.6 233 ± 34 +13
−15 7

Table 5.8: Summary ofMbc fit yields (with expected rare contributions subtracted), along
with their statistical and systematic errors and significance (including systematics) for each
bin.

MXs (GeV/c2) B(B → Xsη) (10
−5) Cumulative B(B → Xsη) (10

−5)

0.4 – 0.6 0.19 ±0.04 ±0.01 +0.00
−0.00 0.19 ±0.04 ±0.01 +0.00

−0.00

0.6 – 0.8 0.09 ±0.05 ±0.01 +0.01
−0.00 0.28 ±0.06 ±0.02 +0.01

−0.00

0.8 – 1.0 1.70 ±0.13 +0.09
−0.10

+0.00
−0.00 1.99 ±0.15 ±0.11 +0.01

−0.00

1.0 – 1.2 0.72 ±0.12 +0.04
−0.05

+0.03
−0.14 2.71 ±0.19 ±0.15 +0.04

−0.14

1.2 – 1.4 1.58 ±0.19 ±0.10 +0.10
−0.11 4.29 ±0.26 ±0.24 +0.14

−0.25

1.4 – 1.6 2.08 ±0.27 +0.13
−0.14

+0.19
−0.28 6.36 ±0.38 +0.36

−0.37
+0.33
−0.52

1.6 – 1.8 2.82 ±0.41 ±0.21 +0.33
−0.61 9.19 ±0.55 ±0.54 +0.66

−1.14

1.8 – 2.0 2.44 ±0.68 +0.36
−0.34

+0.37
−0.78 11.63 ±0.88 +0.76

−0.75
+1.03
−1.91

2.0 – 2.2 4.24 ±0.91 +0.38
−0.43

+0.73
−0.87 15.87 ±1.26 +1.03

−1.05
+1.76
−2.78

2.2 – 2.4 3.68 ±1.35 +0.59
−0.61

+0.76
−1.45 19.55 ±1.85 +1.35

−1.37
+2.52
−4.22

2.4 – 2.6 6.51 ±2.34 +0.95
−1.28

+1.45
−2.83 26.06 ±2.99 +1.91

−2.11
+3.97
−7.05

Table 5.9: Summary of the branching fractions in each bin of Xs mass along with their sta-
tistical, systematic, and modeling errors. The last column shows the cumulative branching
fraction, if all bins including and below the given mass are added.
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efficiency. The situation is quite different in the direct CP asymmetry. Since the efficiencies

for the b and b̄ modes are expected to be almost identical, we can calculate ACP without

making use of the efficiency. As a result, we define only a single systematic uncertainty.

Part of the uncertainty can be determined from the raw asymmetry and the dilu-

tion factor as,

δACP(syst.) =
√

(Araw
CP )2(δD(syst.))2 +D2(δAraw

CP (syst.))2 (5.4.1)

The uncertainties on thewrong-tag fractions dilution factors are somewhatmodel

dependent. To account for this, we compare the nominal value calculated from the flatMXs

MC and compare to that obtained from the QCD anomaly MC and the three-body MC.

We use the maximum difference between these values and the flat MXs MC to assign an

uncertainty on the wrong-tag fraction, w. We combine this systematic error in quadrature

with the statistical error on w to give the systematic error on D. Uncertainties on the raw

fitted asymmetry are estimated by repeating the fitting procedure and allowing all fixed

PDF parameters to vary by amounts that are determined in the same way as those for the

branching fraction fits. We also add another term based on the observed deviation of ACP

from zero in the signal MC sample, shown in Figure 5.7, which is guaranteed to have a

null asymmetry.

To account for possible bias in the detector or the analysis procedure, which is

not included in Equation 5.4.1, we measure the ACP in the B → Dπ+ control sample

data, which is expected to exhibit only a small asymmetry. We find a value of −0.014 ±
0.004, consistent with the previous Belle measurement [52], but inconsistent with zero. The

deviation from zero is added in quadrature to the errors described above.

Finally, we account for the subtracted backgrounds, which may have their own

non-zero asymmetries. For the lowest mass bin, where we have a known background from

B+ → π+η, we vary the assumed value of ACP(B+ → π+η) by the errors on the world

average of the measured asymmetry. For all other Xs mass bins we allow the asymmtery

of the subtracted backgrounds to vary from -1 to 1, to account for all possible asymmetry

values.

5.4.1 Direct CP Asymmetry - Summary and Significance

We summarize the final values of ACP, including systematic uncertainties, in Ta-

ble 5.10. For the measurement over the full mass range, we calculate a significance, taking
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Figure 5.7: ACP values of the signal MC sample as a function ofMXs , using the standard
cuts (black), and with the LR cut removed (red). The latter was studied to identify any
possible bias due to the LR cuts.

into account all uncertainties, of 2.6. This corresponds to a non-zero direct CP asymmetry

at over 99% confidence, and is a strong hint of direct CP violation in B → Xsη.
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MXs (GeV/c2) ACP(B → Xsη)

0.4 – 0.6 -0.35 ± 0.18 ± 0.02
0.6 – 0.8 0.02 ± 0.40 ± 0.13
0.8 – 1.0 -0.04 ± 0.07 ± 0.02

1.0 – 1.2 -0.26 ± 0.15 +0.03
−0.04

1.2 – 1.4 -0.22 ± 0.11 +0.02
−0.03

1.4 – 1.6 -0.15 ± 0.12 +0.02
−0.03

1.6 – 1.8 -0.25 ± 0.13 +0.02
−0.03

1.8 – 2.0 -0.31 ± 0.26 ± 0.06

2.0 – 2.2 0.34 ± 0.20 +0.04
−0.03

2.2 – 2.4 0.02 ± 0.32 ± 0.05

2.4 – 2.6 -0.40 ± 0.36 +0.07
−0.12

0.4 – 2.6 -0.13 ± 0.04 +0.02
−0.03

1.0 – 2.6 -0.15 ± 0.06 ± 0.03

Table 5.10: Direct CP asymmetries in bins of Xs mass. The first errors are statistical and
the second are systematic.
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Chapter 6

Summary and Conclusion

The final results, including all systematic uncertainties, for both the branching

fraction and direct CP asymmetry are shown graphically in Figure 6.1, and can be found

numerically in Tables 5.9 and 5.10 in the previous chapter. Over the full mass range,

0.4 GeV/c2 < MXs < 2.6 GeV/c2, we find a branching fraction of B(B → Xsη) =

(26.1 ± 3.0(stat)+1.9
−2.1(syst)+4.0

−7.1(model)) × 10−5. The measured MXs dependent branching

fractions are consistent with the known B → Kη and B → K∗(892)η processes. In the

high mass region, 1.8 GeV/c2 < MXs < 2.6 GeV/c2, which is above any significant con-

tributions from previously measured exclusive processes, we observe a signal with 7σ sig-

nificance. The specific origin of this signal is unknown, and may be clarified by future

exclusive measurements targeting this mass region. We also measure the CP asymme-

try of B → Xsη, both as a function of MXs and for the full mass range, where we find

ACP = −0.13± 0.04+0.02
−0.03 . The significance of the asymmetry measurement is 2.6σ, indicat-

ing that if the errors can be reduced, it may be a good candidate for future observation of

direct CP asymmetry. The results of this analysis have been condensed into a manuscript

that will be published in Physical Review Letters. The paper can be found in Appendix A.

The precision of our branching fraction measurements for the Xsη process are

limited primarily by systematic errors on the modeling of the Xs system. Regardless, we

can still draw some conclusions from the observed rate and mass spectrum: the similarity

in spectral shape to B → Xsη
′ and the lack of strong suppression of the B → Xsη branch-

ing fraction relative to the η′ mode imply that the origin of the large contribution in the η′

mode is also common to the η mode [24], and disfavors singlet-specific mechanisms, such

as an intrinsic charm component of the η′ or the QCD anomaly coupling [17, 18]. We hope

that this measurement will help to guide future theoretical work, ultimately resulting in
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Figure 6.1: (Left) Final differential branching fraction of this study, as a function of MXs .
From the smallest to largest error bars, the first include statistical effects only, then add
systematic effects, then add modeling effects. (Right) Final direct CP asymmetry of this
study, as a function ofMXs . The first set of error bars includes statistical effects only, and
the second set includes systematic effects.

more precise predictions for both the η and η′ modes. Such predictions may also allow

more accurate modeling of theXs system in experimental studies, ultimately reducing the

potential systematic errors of future analyses. If these decays continue to become better

constrained both theoretically and experimentally, it will be clearer whether they can be

explained within the SM, or whether they may be indicative of new physics.
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M. Bračko,22,15 M.-C. Chang,5 Y. Chao,29 A. Chen,27 K.-F. Chen,29 P. Chen,29 B. G. Cheon,8 C.-C. Chiang,29

I.-S. Cho,50 Y. Choi,39 J. Dalseno,23, 42 M. Danilov,14 Z. Doležal,2 A. Drutskoy,4 S. Eidelman,1, 33 N. Gabyshev,1, 33
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We report a first measurement of inclusive B → Xsη decays, where Xs is a charmless state with
unit strangeness. The measurement is based on a pseudo-inclusive reconstruction technique and uses
a sample of 657×106 BB̄ pairs accumulated with the Belle detector at the KEKB e+e− collider. For
MXs

< 2.6 GeV/c2, we measure a branching fraction of (26.1±3.0(stat)+1.9
−2.1(syst)+4.0

−7.1(model))×10−5

and a direct CP asymmetry of ACP = −0.13±0.04+0.02
−0.03 . Over half of the signal occurs in the range

MXs
> 1.8 GeV/c2.

PACS numbers: 13.25.Hw, 13.30.Eg, 14.40.Nd

Decays of B mesons involving the b → s transition
are an excellent tool for searches for physics beyond the
Standard Model (SM). Theoretical treatments of these
decays into exclusive hadronic final states, however, suf-
fer from large uncertainties in the hadronization process.
The uncertainties can be effectively reduced by leaving
some of the final states in the calculation at the quark
level, which corresponds to a measurement of an inclusive
hadronic state Xs of unit strangeness.

Among such b → s decays, those involving the η and
η′ mesons exhibit unique properties due to interference
between their underlying SU(3) octet and singlet com-
ponents [1]. The CLEO collaboration reported the first
measurement of inclusive B → Xsη

′ with an unexpect-
edly large branching fraction and an Xs spectrum that
peaks at high Xs mass [2], a result confirmed in im-
proved, higher-statistics measurements [3, 4]. Explana-
tions included a large intrinsic cc̄ component of the η′

[5], the QCD anomaly mechanism [6] that couples two
gluons to the flavor singlet component of the η′, and
also new physics sources [7]. The first is disfavored by
the lack of an enhancement of B → ηcK relative to
B → J/ψK [8], while the second is disfavored by a
measurement of Υ(1S) → η′X [9], which indicates an
η′gg form factor that cannot explain the enhancement.
A recent treatment [10] using soft collinear effective the-
ory suggests that a measurement of the complementary
process B → Xsη can elucidate the possible contribu-
tion from nonperturbative charm-penguin amplitudes or
higher-order gluonic operators to both the η and η′ pro-
cesses. CLEO performed the only previous search with
an upper limit of B(B → Xsη) < 4.4 × 10−4 [2].

In this Letter, we report a measurement of B → Xsη
using a sample of 657 × 106 BB̄ pairs accumulated with
the Belle detector at the KEKB e+e− collider [11]. The
Belle detector is a large solid-angle magnetic spectrome-
ter and is described in detail elsewhere [12].

We reconstruct candidate B mesons using a pseudo-
inclusive method, with the Xs composed of a K+ or
K0

S(→ π+π−) and up to four pions, of which at most
one is a π0(→ γγ). This gives a total of 18 reconstructed
channels and their charge-conjugates [13]. Charged pi-
ons and kaons are selected based on information from
the time-of-flight, aerogel Cherenkov, and drift chamber
dE/dx systems. Typical efficiencies to correctly identify
kaons (pions) are above 88% (98%), with misidentifica-
tion rates for pions as kaons (kaons as pions) below 12%
(4%). K0

S candidates are required to have an invariant
mass within 16 MeV/c2 (4σ) of the K0

S mass and a dis-
placed vertex from the interaction point. For π0 candi-
dates, each daughter photon is required to have energy
greater than 50 (100) MeV in the barrel (endcap) region
and a shower shape consistent with a photon. The invari-
ant mass of the photon pair must be within 15 MeV/c2

(2.5σ) of the π0 mass. The π0 momentum is recalculated
using the nominal π0 mass. To suppress combinatorial
backgrounds, we require π0 candidates to have labora-
tory momenta greater than 300 MeV/c. Pions and kaons
are combined to form an Xs.

Candidate η mesons are reconstructed in the η → γγ
mode from photons with Eγ > 200 MeV. The invariant
mass of the γ-pair is required to lie between 520 MeV/c2

and 570 MeV/c2, or within 2σ of the nominal mass. We
veto an η candidate if either of its photons can be com-
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bined with another photon in the event to form a candi-
date π0. To suppress background from radiative B de-
cays, we require the energy asymmetry of the two pho-
tons, defined as |Eγ1

− Eγ2
|/|Eγ1

+Eγ2
|, to be less than

0.6. The η mass constraint [14] is used to refit the mo-
menta of the daughter photons. To suppress secondary
η-mesons from b → c → η chains, we retain only η can-
didates whose center-of-mass (CM) momentum satisfies
|p∗

η| > 2.0 GeV/c.

B meson candidates are formed from combinations of
an Xs and an η. A beam-constrained mass, Mbc =
√

E2
beam/c

4 − |p∗
B|2/c2 and energy difference, ∆E =

EB − Ebeam are calculated, where Ebeam, p
∗
B, and EB

are the beam energy, B momentum, and B energy, all in
the CM frame. The signal is obtained using fits to Mbc

with |∆E| < 0.1 GeV.
We use a simulated signal Monte Carlo (MC) sam-

ple [15] consisting of B → Kη for MXs
< 0.6 GeV/c2,

B → K∗η for MXs
∈ [0.8, 1.0] GeV/c2, and B → Xsη

in all other mass regions (MXs
∈ [0.6, 0.8] GeV/c2, and

MXs
> 1.0 GeV/c2). For the B → Xsη component, frag-

mentation of the Xs system into hadrons is simulated by
PYTHIA [16], assuming a model in which the Xs mass
spectrum is flat from the Kπ threshold up to 3.2 GeV/c2.
We find an average of approximately nine B candidates
per event, with 10% of events having more than 20 can-
didates. We select the candidate with the lowest χ2, with
χ2 defined as the sum of χ2

∆E = (∆E/σ∆E)2, where the
resolution σ∆E

is estimated separately for each recon-
structed mode, and, if available, a reduced-χ2 of a vertex
fit that includes all Xs daughter charged tracks except
those used as part of a K0

S candidate. The resolution in
∆E is asymmetric. It also varies by mode, with the most
significant differences between modes with and without
a π0. For modes without (with) a π0, typical ∆E reso-
lutions are 62 (76) MeV for ∆E < 0 and 29 (31) MeV
for ∆E > 0. After applying this procedure and applying
continuum suppression cuts (described below), we select
the correctly reconstructed B in 56% of simulated events.

The dominant background to B → Xsη comes from
continuum production of quark pairs, e+e− → qq̄ (q =
u, d, s, c). These events have a jet-like topology, and are
suppressed relative to the spherical BB̄ events using a
Fisher discriminant [17] formed from event shape vari-
ables [18, 19]. Further suppression is obtained by com-
bining this Fisher discriminant with the cosine of the B
flight direction in the CM frame and, when available, the
displacement between the signal B and the other B in
the event. This suppression is optimized as a function of
b-flavor tag quality [20], and is approximately 34% effi-
cient for the signal modes while suppressing over 99% of
the continuum background.

Decays of the type B → Xcη and B → Xc → Xsη,
where Xc is any state containing charm mesons, may
have final states identical to the signal mode. We search
among the candidate B decay products for combinations

consistent with selected charm meson decays and veto
the candidate if the mass of the reconstructed combina-
tion is within ±2.5σ of the known mass. The modes
and their veto widths are: D0 → Knπ±(π0), 13.5
(44.5) MeV/c2; D+ → Knπ±(π0), 12.5 (31.3) MeV/c2;
D0 → K0

Sη, 31.3 MeV/c2; D+
s → ηπ+, 29.3 MeV/c2;

and ηc(1S) → ηπ+π−, 85.0 MeV/c2. We also veto events
with an η′ → ηπ+π− candidate with an invariant mass
Mηππ within 100 MeV/c2 of the nominal η′ mass.

Signal yields are obtained using an extended unbinned
maximum likelihood fit to Mbc in 200 MeV/c2 bins of
Xs mass up to 2.6 GeV/c2. The probability density
function (PDF) for the signal is taken as a Gaussian,
with the mean and width determined from the appropri-
ate signal MC sample (Kη, K∗η, or Xsη) for the mass
bin. The mean and width are calibrated for small dif-
ferences between the data and MC using a B → Dπ±

control sample, with D reconstructed from a K and one
to four π, with at most one π0. All reconstructed modes
are combined for the fit, and no attempt is made to sepa-
rate correctly reconstructed B candidates and those with
some missing or incorrectly attributed B daughters (self-
cross-feed). Shapes for the charm contributions remain-
ing after the vetoes are assigned based on a MC sample
of generic b → c processes. Four separate PDFs are as-
signed for the largest charm backgrounds as identified in
MC: B0 → D̄0η, B0 → D̄∗0η, B0 → D(∗)−π+η, and
B+ → D̄(∗)0π+η. All other b → c backgrounds are com-
bined into another PDF. Each charm PDF consists of
a Gaussian component to describe the peaking in Mbc,
and an empirically determined parameterization (AR-
GUS function) [21] to describe non-peaking combinato-
rial contributions. The shape parameters are taken from
the appropriate background MC sample. Normalizations
of the modes B0 → D̄(∗)0η are based on the previous
Belle measurement [22]. The branching fractions for the
decays B → D(∗)πη are unknown, so their normalization
is determined by a simultaneous χ2 minimization based
on the difference between the expected and observedMbc

distribution of the events in all eight veto windows. The
normalization scaling of D−π+η is assumed to be the
same as of D∗−π+η. A similar assumption is used for the
D(∗)0πη modes. The χ2 technique is verified by repeat-
ing the optimization over the B0 → D̄(∗)0η modes, for
which the results are consistent with the previous Belle
measurement. This χ2 is also used to study systematic
errors on the normalizations of all charm PDFs. Normal-
ization for the PDF that includes all other b → c modes
is fixed to the MC expectation. The remaining combi-
natorial qq̄ backgrounds are modeled with an ARGUS
function. For the final fit, the signal yield and both the
yield and shape parameter of the qq̄ ARGUS PDF are
allowed to vary.

Rare B decay backgrounds are studied with a dedi-
cated MC sample, and include contributions from B →
Xsη

′, B → Xsγ, and B → Xdη. These expected yields
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are subtracted from the fit yield to give a final yield.
The expected yields for B → Xsη

′ and B → Xsγ are
based on the known branching fractions, and are found
to be less than 0.5 events in each Xs mass bin. The
B+ → π+η branching fraction is also known, and the ex-
pectation is 5.2 events in the lowest bin of Xs mass. We
estimate the contribution from other B → Xdη modes
by repeating the reconstruction and the fitting proce-
dure but replacing the K+ candidate of Xs with a π+

candidate. Performing these fits on data and using a
dedicated Xdη MC sample to estimate the rate to misre-
construct Xd as Xs, we estimate a total contamination
of 19.1 ± 2.3 events from Xdη, distributed uniformly in
the range MXs

∈ [0.6, 2.6] GeV/c2.
The fit to the full mass range,MXs

∈ [0.4, 2.6] GeV/c2,
is shown in Fig. 1(a), and gives a background-subtracted
yield of 1054 ± 54+16

−18. We also define a high mass re-
gion, MXs

∈ [1.8, 2.6] GeV/c2, where the summed yield
is 233±34+13

−15. Significances are determined in each mass
bin by convolving the likelihood function with a Gaus-
sian of width determined by the systematic errors on the
yield. The maximum likelihood, Lmax, and the likelihood
at a signal yield of zero, L0, are used to determine the
significance, which is defined as

√

−2 ln(L0/Lmax). The
significance is 23 (7) for the full (high) Xs mass range.

)2 (GeV/cbcM
5.23 5.24 5.25 5.26 5.27 5.28 5.29

)2
E

ve
nt

s 
/ (

2 
M

eV
/c

0

100

200

300

400

500

)2 (GeV/cbcM
5.23 5.24 5.25 5.26 5.27 5.28 5.29

)2
E

ve
nt

s 
/ (

2 
M

eV
/c

0

100

200

300

400

500
(a)

)2 (GeV/cXsM

0.5 1 1.5 2 2.5

))2
 / 

(0
.2

 G
eV

/c
-5

 (
10

X
s

dB
/d

M

0

2

4

6

8

10
(b)

FIG. 1: (color online). (a) The Mbc distribution for the full
mass range, MXs

∈ [0.4, 2.6] GeV/c2. The points with errors
correspond to the data, while the curves correspond to the
overall fit PDF (solid red), the signal PDF (dashed magenta),
the sum of all b → c background PDFs (dotted green), and
the combinatorial background PDF (dash-dotted blue). (b)
Differential branching fraction, dB/dMXs

, for B → Xsη. The
error bars correspond to statistical error and total error. Error
bars on the first two bins are smaller than the points.

Reconstruction efficiencies in bins of Xs mass range
from 6.5% to 0.1%, not including the branching frac-
tion for η → γγ; these results are based on the signal
MC and assume equal production of B+B− and B0B̄0

at Υ(4S). Efficiency losses are monotonic with an av-
erage of 30% efficiency loss with each increase in MXs

bin. Figure 1(b) shows the differential branching frac-
tion as a function of MXs

. Table I gives the final re-
sults for each Xs mass bin. For the full MXs

range,

TABLE I: Measured background-subtracted signal yields
(NS), branching fractions (B), and CP asymmetry (ACP ),
for each MXs

range. Uncertainties on NS are statistical. Un-
certainties on B are statistical, systematic, and modeling, re-
spectively. The uncertainties for ACP are statistical and sys-
tematic.

MXs
(GeV/c2) NS B(10−6) ACP (10−2)

0.4–0.6 60 ± 12 1.9 ± 0.4 ± 0.1 ± 0.0 −35 ± 18 ± 2

0.6–0.8 15 ± 9 0.9 ± 0.5 ± 0.1+0.1
−0.0 2 ± 40 ± 13

0.8–1.0 250 ± 19 17.0 ± 1.3 ± 1.0 ± 0.0 −4 ± 7 ± 2

1.0–1.2 84 ± 14 7.2 ± 1.2 ± 0.5+0.3
−1.4 −26 ± 15+3

−4

1.2–1.4 146 ± 17 15.8 ± 1.9 ± 1.0+1.0
−1.1 −22 ± 11+2

−3

1.4–1.6 137 ± 18 20.8 ± 2.7+1.3
−1.4

+1.9
−2.8 −15 ± 12+2

−3

1.6–1.8 128 ± 18 28.2 ± 4.1 ± 2.1+3.3
−6.1 −25 ± 13+2

−3

1.8–2.0 64 ± 18 24.4 ± 6.8+3.6
−3.4

+3.7
−7.8 −31 ± 26 ± 6

2.0–2.2 86 ± 18 42.4 ± 9.1+3.9
−4.4

+7.3
−8.7 34 ± 20+4

−3

2.2–2.4 49 ± 18 36.8 ± 13.5+5.9
−6.1

+7.6
−14.5 2 ± 32 ± 5

2.4–2.6 35 ± 13 65.1 ± 23.4+9.5
−12.9

+14.5
−28.3 −40 ± 36+7

−12

0.4–2.6 1053 ± 54 261 ± 30+19
−21

+40
−71 −13 ± 4+2

−3

1.0–2.6 728 ± 48 241 ± 30+18
−20

+40
−71 −15 ± 6 ± 3

1.8–2.6 233 ± 34 169 ± 29+15
−18

+33
−59 0 ± 14 ± 5

we sum the individual contributions and find the fol-
lowing partial branching fraction B(B → Xsη;MXs

∈
[0.4, 2.6] GeV/c2) = (26.1 ± 3.0+1.9

−2.1
+4.0
−7.1) × 10−5, where

errors are statistical, (model-independent) systematic,
and decay modeling. A large fraction of the inclu-
sive signal occurs in the high mass region, where we
find B(B → Xsη;MXs

∈ [1.8, 2.6] GeV/c2) = (16.9 ±
2.9 (stat)+1.5

−1.8 (syst)+3.3
−5.9 (model)) × 10−5.

The direct CP asymmetry is defined as ACP = (B− −
B+)/(B− + B+), where B+(B−) is the partial branch-
ing fraction for B+ or B0 (B− or B̄0). We measure
this asymmetry in the subset of reconstructed modes in
which the B flavor can be inferred from the final state
(13 out of 18 modes). We adjust the fitted CP asym-
metry to account for events that are reconstructed with
the wrong B flavor by multiplying the raw fitted asym-
metry by a correction factor. This factor is estimated
from the signal MC, and ranges from unity to 1.05. The
bin-by-bin results, as well as the results of separate fits
for ACP over the full Xs mass range and the range above
the narrow kaonic resonances (MXs

∈ [1.0, 2.6] GeV/c2),
are shown in Table I. For MXs

∈ [0.4, 2.6] GeV/c2, we
find ACP = −0.13±0.04+0.02

−0.03, with a significance of 2.6σ
relative to a null asymmetry. All ACP results that in-
clude the range MXs

∈ [0.4, 0.6] GeV/c2 are calculated
with the assumption that the B+ → π+η backgrounds in
this region contribute a CP asymmetry consistent with
the existing measured world average [14].

Systematic errors on the fitted signal yield are domi-
nated by PDF uncertainties. Uncertainties in the signal
PDF parameters are studied using a B → Dπ control
sample, while those due to normalizations and shapes
for the b → c backgrounds are estimated by using com-
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parisons between the veto window χ2 procedure and one
of the following: a repeated χ2 procedure with relaxed
assumptions, MC expectations, or, when available, previ-
ous measurements. Errors from the background subtrac-
tions are dominated by uncertainties in the estimate of
backgrounds from B → Xdη. Our estimates of these
backgrounds may have included other small contribu-
tions, such as those from B → Xsη, so we allow these
estimates to vary by −100%. Positive uncertainties are
estimated from the difference in expected yields assuming
a flat distribution of Xd events in Xs mass versus those
obtained from a MC study of cross-feed from Xd mass to
Xs mass. In all cases the systematic uncertainties on the
background-subtracted signal yields are at least a factor
of two smaller than the statistical errors.

The model-independent systematic error includes con-
tributions from the signal yield, the selection efficiency,
the number of BB̄ pairs, and the η → γγ branching
fraction [14]. For Xs mass bins above 1.8 GeV/c2, the
errors on the signal yields from uncertainties in the PDF
shapes (primarily for the charm PDFs) dominate with a
contributed relative uncertainty of 7-18%. For the lower
Xs mass bins, the efficiency error is the largest contri-
bution with a relative uncertainty of 5-6%. This error is
the combination of individually determined contributions
from control sample studies of the following: tracking,
reconstruction of π0, η, and K0

S, particle identification,
continuum suppression, and candidate selection.

We define an additional error due to modeling of theXs

system, which is studied in three parts. The first is due to
the fraction of unreconstructed modes (e.g., modes with
more than a total of four π’s, more than one π0, or more
than one K). We vary these fractions by ±30% of the
PYTHIA expectation and use the differences in efficiency
to estimate an MXs

bin-dependent uncertainty that rises
with Xs mass from zero to ±21.1%. The second is due
to differences in the observed frequency of decay modes
and those expected from PYTHIA. We find good agree-
ment between data and MC in the relative amounts of
charged and neutral B modes, modes with K0

S and those
with K+, and modes with one or two total π’s and those
with three or four total π’s. However, we find a signifi-
cant excess of modes without a π0 over those with a π0,
which we attribute to inaccuracies in the PYTHIA frag-
mentation. To quantify this uncertainty, we re-estimate
the PYTHIA efficiencies with the fraction of π0 modes
adjusted to match data, and use the difference between
this value and the nominal efficiency to assign an error.
This error is usually only negative, due to the higher re-
construction efficiency for modes without a π0, and is as
large as −37% in the highest Xs mass bin. The final
component of the modeling uncertainty is due to the as-
sumed Xs mass spectrum. We study the efficiencies of
other MXs

signal MC samples where the spectrum rises
toward high mass and assign errors based on the differ-
ences from the flat MXs

MC. Using these samples, we

also study the fractions of self-cross-feed candidates that
are reconstructed with an incorrect Xs mass. These ef-
fects are small compared to the first two components of
the modeling error.

The systematic error on ACP includes contributions
due to: uncertainties in the PDF parameters; possible
detector and measurement biases are estimated from the
measured ACP of the B → Dπ control sample and the
signal MC, respectively; uncertainty due to the signal
model is studied by checking the fractions of events with
incorrectly identified flavor using alternative MXs

spec-
tra; and possible contamination due to B → πη (B →
Xdη) decays is estimated by varying their ACP by the
measured uncertainty [14] (±100%).

In summary, we report the first measurement of the
inclusive process B → Xsη, and find a partial branch-
ing fraction of B(B → Xsη;MXs

∈ [0.4, 2.6] GeV/c2) =
(26.1±3.0(stat)+1.9

−2.1(syst)+4.0
−7.1(model))×10−5. The mea-

sured MXs
dependent branching fractions are consistent

with the known B → Kη and B → K∗(892)η processes
[23]. In the high mass region, MXs

∈ [1.8, 2.6] GeV/c2,
which is above any significant contributions from pre-
viously measured exclusive processes [24], we observe
a signal with a 7σ significance. We also measure the
CP asymmetry of B → Xsη, both as a function of
MXs

and for the full mass range, where we find ACP =
−0.13 ± 0.04+0.02

−0.03, consistent with rough theoretical ex-
pectations [10]. No theoretical prediction is currently
available for the shape of the MXs

spectrum. However,
the similarity in spectral shape to B → Xsη

′ and the lack
of strong suppression of the B → Xsη branching fraction
relative to the η′ mode imply that the origin of the large
contribution in the η′ mode is also common to the η mode
[10], and disfavors η′ specific mechanisms [5, 6].
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Appendix B

Beam Energy Calculation

For studies of B mesons at Belle, the primary process of interest is

e+e− → Υ(4S) → BB̄

In the CM frame, the two B mesons are produced with equal energy and equal and op-

posite momentum. As a result, the nominal energy of each B meson is half of the total

mass of the Υ(4S). Though the central value of this mass is known with high precision,

10.5794±0.0012 GeV/c2, the width of the Υ(4S), 20.5±2.5 MeV/c2 [1], coupled with drifts

in the KEKB accelerator conditions, limit our a priori knowledge of the beam energy.

We can improve the determination of the beam energy by utilizing known B de-

cays for calibration. Recalling Equation 4.3.2, the beam-constrained mass, Mbc, can be

calculated from theB three-momentum and beam energy in the CM frame: p∗
B and Ebeam,

respectively. Mbc peaks at the B mass, assuming that the beam energy is correctly calcu-

lated. However, throughout a given set of experimental data, the operating conditions at

KEKBmay cause shifts in the beam energy away from the nominal value of∼ 5.29 GeV/c2.

Despite changes in the beam energy, the boost to the CM frame remains the same.

To see why, consider an arbitrary four-momentum and the boost necessary to move to the

CM frame. To simplify, we choose a system of coordinates such that the three-momentum

is aligned entirely in one-spatial direction. This gives




γ −βγ
−βγ γ









E

|p|



 =





E∗

0



 (B.1)

where β = v/c and γ = 1/
√

1 − β2. This gives us a relation for β,

β =
|p|
E

(B.2)
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that depends only on the magnitude of the three momentum and the energy, both in the

original frame of references. In our electron-positron system, these quantities are given by

|p| =
√

E2
HER + E2

LER − 2EHERELER cos θ

E = EHER + ELER

(B.3)

wherewe assume, to very good approximation, that the electron and positron are massless.

By inspection, it is evident that as long as the energy of the high energy (electron) ring and

low energy (positron) ring change by the same fraction, then the β (and therefore γ) for the

boost will remain constant. We can also verify that the boost direction does not change. In

the lab frame, the three-momentum of the e+e− system, peē, is given by

peē =









EHER sin θ

0

EHER cos θ − ELER









(B.4)

We can see that the x and z components will scale identically provided that, as before,

EHER and ELER scale together. Under normal KEKB operation, we assume that these

energies are always scaled together, so the boost vector remains constant.

Because the boost vector does not change over time, the calculation of p∗
B is un-

affacted by beam energy changes. This means that we can use the quantityMbc −E∗
beam to

calibrate the beam energy. To do so, we use the following equality:

(E∗
beam)2nominal − (Mbc)

2
nominal = (E∗

beam)2calibrated − (Mbc)
2
calibrated (B.5)

where “nominal” indicates the values using the nominal beam energy and “calibrated”

indicates the values for the calibrated beam energy. Thus, (E∗
beam)nominal is 5.29 GeV/c2,

(Mbc)nominal is obtained from data using the nominal beam energy, (E∗
beam)calibrated is the

value to be determined, and (Mbc)calibrated is the known B meson mass (∼ 5.279 GeV/c2).

To perform this calibration, we must choose B decays for which we can easily

measure the means of their (Mbc)nominal distributions. This is done by performing fits to

each distribution, independently for each decay mode that is used. The fits use a PDF con-

sisting of a Gaussian component for signal and an ARGUS component for combinatorial

background. After obtaining the Gaussian mean from the fit procedure, the beam energy

for each decay mode can be calculated from Equation B.5. The beam energy values from

the different modes are combined using a standard weighted average:

(E∗
beam)calibrated =

∑

i((E
∗
beam)icalibrated/σ

2
i )

∑

i(1/σ
2
i )

(B.6)
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where the index i runs over the various modes analyzed, and σi is the uncertainty in any

(E∗
beam)icalibrated. This uncertainty is related to the mean of the nominal beam constrained

mass and its fitted uncertainty by

σi =
(Mbc)

i
nominal

(E∗
beam)icalibrated

δ(Mbc)
i
nominal (B.7)

The overall statistical uncertainty on the weighted mean beam energy is also determined

in the usual way,

σ =
1

√

∑

i(1/σ
2
i )

(B.8)

For the fits to the nominal beam-constrained mass distributions, all PDF param-

eters are floated. To obtain good fits under these conditions, the signal modes must have

a high signal-to-noise ratio. Originally, this calibration was performed using the decays

B− → D0π− and B− → D∗0π−(D∗0 → D0π0) decays, withD0 reconstructed in the modes

D0 → K−π+, D0 → K−π+π0, and D0 → K−π+π−π+ [53]. In 2009, an effort was un-

dertaken to implement a new algorithm for charged track reconstruction at Belle. The

new algorithm resulted in significant improvements in efficiency for charged track recon-

struction, and as a result changed the signal-to-noise ratios in some of the listed modes.

Ultimately, the entire sample of Υ(4S) data taken under SVD2 conditions (experiments

31-65), was reprocessed with this algorithm. At this time, the selection of modes used to

calibrate the beam energy was revisited.

Investigations into the beam energy calculations revealed significant differences

between the values calculated for different modes. An example of these discrepancies is

shown in Figure B.1. It was discovered that modes including neutral pions had a system-

atic offset in beam energy relative to those that included only charged tracks. It is likely

that this offset is due to fitting bias, as a Gaussian does not properly model the small en-

ergy leakage from the ECL for the π0 → γγ reconstruction. Though these offsets were

small , O(0.5 MeV), it was conservatively decided to remove these modes from the beam

energy analysis to reduce systematic errors, leaving only two B− → D0π− sub-decays in

which to measure the beam energy: D0 → K−π+ and D0 → K−π+π−π+. A further com-

plication arose in theD0 → K−π+π−π+ decay, in that the increased efficiency for charged

tracks resulted in significantly higher combinatorial backgrounds, and therefore an overall

lower signal-to-noise ratio (see Figure B.2). As the large background creates problems with

fit stability, the selection criteria were also revisited. To further improve statistics, a previ-
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Figure B.1: Beam energy values by run number for experiment 51, using the existing beam
energy procedures, for data processed with the old tracking (red bands), new tracking
(black points with errors), and new tracking with only the B− → D0π−(D0 → K−π+)
decays (blue points with errors). All error bars are statistical only.

ously unused mode was also added: B0 → D−π+(D− → K+π−π−). The final selection

criteria for the three modes used are shown in Table B.1. For all three reconstructedmodes,

in cases where multiple B candidates exist, the B candidate with its candidateD mass the

closest to the nominal D mass is selected. The addition of loose impact parameter cuts

for charged tracks resulted in the largest improvements to the signal-to-noise ratio. Sam-

ple distributions of the nominal beam-constrained mass with the final selection criteria are

shown in Figure B.3.

The beam energy was re-calculated using these new procedures for experiments

31-65. In addition to the changes in reconstruction criteria, an effort was made to add

systematic uncertainties to each beam energy measurement. These include a small bias

observed in MC in reconstructed B momentum, but are dominated by the uncertainty in

the world average of the B mass, ∼ 0.3 MeV/c2 [1]. Though the removal of the π0 modes
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Figure B.2: Mbc distributions calculated with the nominal beam energy for the decay mode
B− → D0π−(D0 → K−π+π−π+), using data from runs 357-527 of experiment 51 with the
old tracking (left) and new tracking (right). Both plots utilize the existing beam energy
reconstruction selection criteria.
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Figure B.3: Beam energy values by run number for experiment 51, using the new beam
energy procedures. The run range is the same as that used for Figure B.2. The distributions
correspond to the modes with a D reconstructed as K+π− (left), K+π−π− (middle), and
K+π−π+π− (right).
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Decay Sub-decay Criteria Comment

All decays

R2 < 0.5 qq̄ suppression
PID(K)K > 0.3 kaon ID
PID(K)π < 0.7 pion ID
dr(K,π) < 3 cm

reject bad tracks|dz(K,π)| < 5 cm

B− → D0π−

D0 → K−π+
|cosθsph| < 0.9 qq̄ suppression
|∆E| < 50 MeV
|MKπ −MD| < 16.2 MeV/c2

D− → K−π+π−π+
|cosθsph| < 0.6 qq̄ suppression
|∆E| < 40 MeV
|MKπππ −MD| < 13.3 MeV/c2

B0 → D−π+

D− → K+π−
|cosθsph| < 0.9 qq̄ suppression
|∆E| < 50 MeV
|MKππ −MD| < 16.2 MeV/c2

Table B.1: Selection criteria for the reconstructions used to calculate the beam energy. R2
is the second Fox-Wolfram moment, normalized by the zeroth Fox-Wolfram moment, and
θsph is the angle between the sphericity axis of the signal B daughters and the sphericity
axis of the other B daughters.
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Figure B.4: Beam energy values by run number for experiment 51, for data processed with
the old tracking and old procedures (red bands), and new tracking with new procedures
(black points with errors). Error bars for the old procedures are statistical only, and those
for the new procedures include systematic uncertainties.

caused an overall shift in the beam energy relative to the previously tabulated values, the

new values remain consistent with the old values within their total uncertainty. The final

results for experiment 51 are shown in Figure B.4. Results for experiments 31-65 have been

updated in the Belle beam energy database.

Since the procedure for calculating beam energy already requires fits to the nom-

inal beam-constrained mass distributions, we can also monitor the width of these distri-

butions throughout a series of runs and experiments. These widths directly reflect the

spreads in beam energy over the corresponding run ranges. Variations of up to 10% are

visible, as shown in Figure B.5. The spread in beam energies is expected to be correlated

with the bunch current of the LER. As such, we have examined these spreads as a function

of the LER current. Because we combine many runs to gain adequate statistics for theMbc

fits, we cannot ensure that the LER current was stable during any particular run range.
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Figure B.5: Fitted widths of the nominal beam-constrained mass versus experiment
number.

To avoid periods where the LER current may have been changing significantly, we restrict

the study to points where the RMS of the LER current over the run range was less than

100 mA. The results are shown in Figure B.6. An approximate correlation is seen, though

the uncertainties in both the fitted widths and the LER currents make it difficult to make a

firm conclusion. A future study in which the run ranges are chosen specifically to isolate

regions of stable beam current may be able to demonstrate this effect more dramatically.
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Figure B.6: Fitted widths of the nominal beam-constrained mass versus the average LER
current for the corresponding run range.
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Appendix C

Calculation of the Number of BB̄

Pairs

The calculation of each branching fraction at Belle requires knowledge of the

number of BB̄ pairs in the data sample. The hadronic data sample includes contribu-

tions from both e+e− → Υ(4S) → BB̄ events and e+e− → qq̄ backgrounds. The total

number of BB̄ events produed on-resonance (at the Υ(4S) energy) is thus

Non = Non
BB̄ +Non

qq̄ (C.1)

The number of qq̄ events at a given CM energy E∗ =
√
s is given by

Nqq̄ =
σ0

qq̄

s
L (C.2)

where σ0
qq̄ is the cross section for qq̄ production with the dependence on s removed and

instead written explicitly, and L is the integrated luminosity. To get a numerical estimate

of Nqq̄ component in the on-resonance data, Belle takes approximately 10% of its data off-

resonance, ∼ 60 MeV below the Υ(4S). We can define the ratio, α, of the number of qq̄

events in the on-resonance sample and the off-resonance sample.

α =
Non

qq̄

Noff
qq̄

=
Lonsoff

Loffson
(C.3)

We can use this to rewrite Equation C.1 and solve for the number of BB̄ pairs.

NBB̄ = Non −Non
qq̄

Noff
qq̄

Noff
qq̄

NBB̄ = Non − αNoff
qq̄

(C.4)
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However, the rate of fermion production should be identical whether the fermions pro-

duced are quarks or leptons, so we can relate α to the number of on-resonance and off-

resonance Bhabha or mu-pair events,

α =
Non

eē

Noff
eē

=
Non

µµ̄

Noff
µµ̄

(C.5)

In previous implementations of the NBB̄ calculations [35, 53], the value of α was deter-

mined independently for Bhabha events and mu-pair events. However, the number of

mu-pair events for data taken after experiment 27 is not considered reliable, so we must

use α only as obtained for Bhabha events.

We also have not yet included the overall efficiencies for detecting BB̄ or qq̄

events in the hadronic data samples. When these are explicitly written, we modify Equa-

tion C.4 into

NBB̄ =
Non − r(ǫqq̄)αN

off
qq̄

ǫBB̄

(C.6)

where r(ǫqq̄) is the ratio of the efficiency for qq̄ events off-resonance to the efficiency for

qq̄ events on-resonance. Through experiment 55, the values of both ǫBB̄ and r(ǫqq̄) have

been assumed constant, as estimated from early MC studies [35]. Since these studies were

potentially outdated, especially in light of the new tracking algorithms introduced for data

from experiment 61 and beyond, a new MC study was undertaken to assess the appropri-

ate values of ǫBB̄ and r(ǫqq̄).

The efficiency of the hadronic skim was tested by applying the skim to MC sam-

ples of genericBB̄ decays aswell as on-resonance and off-resonance qq̄ decays. Efficiencies

for all experiments are shown in Figure C.1. Averages for experiments 61, 63, and 65, for

which the NBB̄ calculation was to be performed, are shown in Table C.1, along with the

previously used values. Over the entire experimental range of Belle, the BB̄ efficiency

varies by roughly 0.5%, and the qq̄ efficiency by about 0.3%. Due to the significant vari-

ations, it was decided to use experiment-dependent efficiencies and efficiency ratios for

the new calculations. It is also notable that the previous qq̄ efficiencies are much lower

(over 10%) than any of those obtained from MC. The exact source of this discrepancy is

unknown, as much has changed in the Belle analysis tools and software libraries since the

value was originally calculated in 2001. However, the important parameter for the NBB̄

calculation is the efficiency ratio r(ǫqq̄), shown for each experiment in Figure C.2. Despite

the large changes in overall qq̄ efficiency, the ratio shows variations of less than 0.5%.
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Quantity Previous value
New values

Exp. 61 Exp. 63 Exp. 65

ǫBB̄ 0.9913 0.9897 0.9897 0.9893
ǫonqq̄ 0.795 0.9092 0.9093 0.9088
ǫoffqq̄ 0.792 0.9092 0.9084 0.9086

r(ǫqq̄) 0.9958 1.0001 0.9990 0.9998

Table C.1: Efficiencies and continuum efficiency ratio used for previous NBB̄ calculations.
The previous value for the off-resonance continuum efficiency is inferred from the value
of r(ǫqq̄) and ǫ

on
qq̄ .
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B
B
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qq∈
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0.908

0.91

qq Efficiencies (MC)

Figure C.1: Hadronic skim efficiencies versus experiment number for MC samples of
BB̄ events (left) and qq̄ events (right). The qq̄ efficiencies are shown for conditions on-
resonance (black filled circles) and off-resonance (red open triangles).

The final tabulated values of NBB̄ for experiments 61, 63, and 65, are shown in

Table C.2, using both the old efficiency values and the new experiment-dependent values.

The relative differences in NBB̄ between the two calculations are in the range 1% to 1.4%,

roughly the same size as the uncertainties on the calculated values.
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Figure C.2: Ratio of efficiencies of off-resonance qq̄ events to on-resonance qq̄ events versus
experiment number.

NBB̄ (106)
Exp. 61 Exp. 63 Exp. 65

Using old ǫ, r (37.87 ± 0.59) (35.90 ± 0.56) (42.21 ± 0.67)
Experiment-dependent ǫ, r (37.45 ± 0.56) (35.62 ± 0.53) (41.79 ± 0.63)

Table C.2: NBB̄ values for experiments 61, 63, and 65, using both the previous and new
efficiencies and experiment-dependent efficiency ratios. Uncertainties include statistical
and systematic effects.
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