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ABSTRACT OF THE DISSERTATION

Single-Shot Characterization of High Transformer Ratio Wakefields in Nonlinear Plasma

Acceleration

by

Ryan Joshua Roussel

Doctor of Philosophy in Physics

University of California, Los Angeles, 2019

Professor James Rosenzweig, Chair

We demonstrate the first single shot measurement of a multi-period, loaded PWFA wake-

field, used to conduct measurements of the transformer ratio (TR), the ratio between the

maximum accelerating and decelerating fields in a collinear wakefield accelerator, that far

exceed previous measurements. The emittance exchange beamline at the Argonne Wakefield

Accelerator was used to create a variable longitudinal drive profile with a long witness to

sample multiple wakefield periods. A TR exceeding the limit of 2 for longitudinally asym-

metric beams was observed for a linear ramp and wakefield flattening was observed for a

beam with a parabolic head. These effects are important for efficient energy transfer from

drive to witness beam, and for lengthening the interaction length of the process. Further-

more, by adjusting plasma density parameters, multi-period plasma wakefields were observed

transitioning from linear to nonlinear regimes leading to experimental verification of theo-

retical wakefield properties. 3D Particle in cell simulations are used throughout to support

the experimental findings.
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CHAPTER 1

Introduction

Discovery in physics over the past century has gone hand in hand with the development of

particle accelerators. From the first cyclotron accelerator in the 1930’s [4] to current state of

the art facilities [5], accelerating electrons and ions to relativistic energies have allowed the

discovery of fundamental physics. The largest accelerator operating today, the Large Hadron

Collider, and other similar machines have led to our understanding of the fundamental

particles and forces in the universe [6]. This follows a historical trend of fundamental physics

discoveries due to accelerators, including discovery of the electron [7], atomic nucleus [8] and

high energy x-rays [9].

Today the use of accelerators exceeds the confines of physics research. Recently they have

served as tools for studying biology, material science and chemistry. Radiation from acceler-

ated electrons, either in a synchrotron or free electron laser is used to map out the structure

of complex biological proteins [10]. High energy, coherent x-rays can also be used to conduct

pump-probe experiments in order to measure quantum mechanical processes in materials

[11]. Development of extremely short x-ray pulse lengths approaching 100s of attoseconds

[12] allows time dependent imaging of atomic and chemical processes [13]. Furthermore,

accelerators are starting to be widely used in industrial and medical applications [14].

Applications both inside and outside physics continuously push for improvement in par-

ticle accelerator technology. For high energy physics experiments, particle physicists are

interested in center-of-mass electron energies approaching 500 GeV [15]. Producing beams

with energies of this magnitude is not possible in circular machines due to energy losses via

synchrotron radiation [16], so linear accelerators must be used, resulting in extremely long

machines ∼ 31 km [17]. This becomes a problem when we consider the costs associated with

construction and operation of the equipment necessary. For example, the design report for

the International Linear Collider cites an estimated cost of about $8 billion USD [17], a figure
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which has up till now, has prevented any country from committing to hosting the facility

[18]. On the other hand, small scale medical and industrial applications need beam energies

in the 100 - 250 MeV range, but cannot afford to accommodate large ∼ 50 m conventional

accelerators. Furthermore, widespread availability of modest energy electron machines at the

university scale would allow small research groups to conduct experiments that are compa-

rable to those done at national laboratory facilities today. Advanced accelerating techniques

are needed to make accelerators at both these energy scales practical.

One strategy towards reducing cost is increasing the accelerating gradient of accelera-

tors. This would reduce the overall length of the accelerator for a given final energy target,

which in turn is expected to reduce construction and infrastructure costs. As of now, su-

perconducting radio-frequency cavities constructed out of niobium represent state of the art

accelerating structures. However, experimental demonstration of these cavities is limited to

peak electric fields on the order of 31 MeV/m [19], thus requiring ∼32 km of accelerator to

reach 1 TeV. The goal for developing the next generation of accelerator technology is reach-

ing 10’s of GeV/m in accelerating gradient, which represents several orders of magnitude in

improvement.

Advanced accelerator concepts propose to meet this goal through the use of new material

structures, often driven by collinear wakefield acceleration. In conventional structures, peak

accelerating field scales inversely with the supported electromagnetic field wavelength. At-

tempts to shorten traveling wave structures has produced X-band accelerating cavities with

an operating frequency of 9.3 GHz [20]. At these frequencies, the question of high power

electromagnetic sources at these frequencies becomes an issue. Electron beam drivers were

proposed as a method of exciting these devices using the beam’s wakefield, as the beam

decelerates in the structure [21]. An electron beam can potentially store a large amount of

energy once accelerated, and this energy can be efficiently deposited into the structure as

wakefields. In order to be used for acceleration, two bunches of electrons travel collinearly

through a structure which extracts energy from the first bunch (known as the drive) to feed

an electromagnetic wakefield that accelerates a second bunch (known as the witness1).

The next limitation for reaching higher accelerating fields is the breakdown rate, which

refers to arcing behavior inside an accelerating cavity. As field amplitude increases, electrons

1Also known as the “main”beam in the case of multistage wakefield accelerator configurations
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can jump from point to point on the inner cavity surface. This presents a hard limit for

peak electric field in the cavity because it removes all the stored energy in the cavity, thus

preventing particle acceleration. Superconducting (SRF) cavities attempt to surpass break-

down limits of copper structures at room temperature by using superconducting materials

(niobium) at 4 Kelvin [22]. Regardless, the field amplitude is still limited by surface material

properties [23].

Recent research has attempted to push material breakdown boundaries via the use of

dielectrics as supposed to metals. Dielectrics can support much higher electric fields than

metals due to their material properties [24]. Experimentally, dielectric-lined cylindrical tubes

have been shown to withstand 10 GV/m electric fields [25]. Furthermore, these devices have

already been shown to provide significant accelerating gradients in the context of a dielectric

waveguide collinear wakefield experiment [26].

To reach even higher fields we can use gases that are already ionized, plasmas, which do

not suffer from breakdown issues as they are already in an ionized state. The so called plasma

wakefield accelerator (PWFA) uses a highly charged electron beam to repel plasma electrons

in a localized area around the beam. Due to their relatively large mass, (mi/me ≈ 2000) ions

are left behind, creating a region of excess positive charge which provides a restorative force

for repelled electrons causing them to return on axis in an electron density “wave“. This

scheme has the potential of reaching TeV/m accelerating gradients with ultrashort beams

which are currently produced today [27]. Experimental wakefields have been observed to

reach upwards of 52 GV/m, effectively doubling the energy of electrons from 3-km of SLAC

accelerator in just a meter [28].

Unfortunately, full scale realization of a PWFA beam-based accelerator is far from trivial.

A number of problems unique to beam-plasma interactions, must be solved before beams

from plasma wakefield accelerators can reach parameters necessary for relevant applications.

We conduct a brief survey of them here. 1) Stable transverse beam transport through plasma:

Due to focusing forces that we will discuss in Ch. 2 the beam undergoes stable betatron

oscillations in a uniform focusing field if it is matched to the corresponding plasma density.

Transverse emittance preservation of the drive beam relies on proper design of plasma den-

sity profiles leading into and out of the plasma region [29]. 2) Efficient beam capture and

acceleration: Plasma accelerating “structure”geometries are poorly controlled when com-
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pared to static metallic or dielectric structures. The plasma response constantly evolves as

the beam travels through the plasma which makes efficient capture and subsequent acceler-

ation of electrons in the wake only possible if all beam-plasma dynamics are understood and

properly controlled. This severely limits the quality of transverse and longitudinal proper-

ties of the accelerated beam [30]. 3) Optimal parameters for multi-stage operation and the

development of technology to meet those parameters [31]. 4) Limitations in total energy

gain: If the wake is excited by draining drive beam energy, there will be a point at which the

drive is completely depleted of energy and the wakefield collapses. This maximum energy is

further limited by relativistic considerations. Once drive particles lose enough energy, they

become sub-relativistic and will slip out of phase with the interaction which travels with a

group velocity at nearly c.

To understand the relevance of these limitations, we can consider a simple back of the

envelope calculation. Observing that PWFA schemes can easily reach GV/m gradients we

can aim to create a 1 GeV electron accelerator in the soon to be built SAMURAI Lab at

UCLA2. The bunker design for this lab has 18 m of space for a beamline and accounting for

the fact that 1 GeV is 16x the design energy of 60 MeV lets say we have 15 m to work with

due to the extra radiation shielding required. We want accelerated particles to reach 1 GeV

in a 1 meter of plasma, resulting in a desired accelerating field of 1 GeV/m. To determine

how this will decelerate our drive beam we use what is known as the transformer ratio (TR)

which is defined as

R =

∣∣∣∣∣W+

W−

∣∣∣∣∣ (1.1)

where W+ is the maximum accelerating field experienced by the witness and W− is the

maximum decelerating field in the drive. We will see in subsequent chapters that R is

limited to less than 2 for symmetric drive bunches. If we assume conditions for maximum

TR are reached, the decelerating field in the drive will be 500 MV/m. Over one meter of

plasma the drive will lose energy equal to 500 MeV.

This result is quite sobering, as it tells us that to sustain the wakefield interaction over

the entire plasma column we need a drive bunch with energy of at least ∼ 525 MeV for it

to remain relativistic. For a conventional accelerator to reach the required energy, 22 m of

copper S-band cavity operating at 25 MV/m would be required, which is too long for our

2soonTM
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bunker. However, if we were able to increase the transformer ratio of our plasma accelerator,

the required drive beam energy could be significantly reduced and would shrink the required

conventional accelerator in kind.

Figure 1.1: Cartoon energy comparison between PWFA accelerator designs where the drive

beam excites a wakefield with TR is 2 (top) or 6.3 (bottom).

For example, it has been demonstrated that linearly ramped current distributions can

excite wakefields that surpass a TR of 2. Analytical calculations of wakefields in the linear

plasma regime has shown that linearly ramped bunches stretching over two plasma wave-

lengths produces a TR of 2π ≈ 6.3 [32]. If we were able to use ramped beams in our

accelerator, the drive wakefield decreases to 167 MV/m which results in a total energy loss

of 167 MeV. For the same copper RF structure as used before, and a drive energy of 192

MeV, our conventional accelerator shrinks to a reasonable 7.5 m, as seen in Figure 1.1.

Our calculation ignores a large number of physical and practical issues. Generation and

transportation of beams with the correct brightness to the plasma source while properly

shaping the beam is a major hurdle that needs to be overcome. The beams must be fo-

cused properly to successfully excite the plasma wake while remaining stable over one meter.

Efficient bunch shaping techniques also serve as a limitation of our scheme. Regardless,

this calculation reveals the benefits of increasing TR to the design and use of wakefield

accelerators.

Based on this realization, significant work has been done towards engineering beams to
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have tailored current profiles. Work done at UCLA’s Neptune accelerator used a double

bend dogleg beamline with higher order transverse corrections to demonstrate generation

of linearly ramped current profiles [33]. Another method at BNL demonstrated shaping

through the use of self-wakefields in a dielectric structure and a magnetic chicane [34].

More recently, a laser pulse shaping technique was used at PITZ in Germany to create a

temporal ramp in the laser intensity profile [35]. This was done by separating a laser pulse

into 12 smaller sub-pulses using a Solc fan filter. When recombined, these pulses are equally

spaced in the temporal axis. Intensity of each pulse can be controlled independently, thus

allowing the formation of nearly arbitrary temporal intensity distributions. In a photocha-

tode electron gun this translates directly to a beam current distribution when the laser is

incident on the cathode. Unfortunately, for high charge beams (> 1 nC) space charge forces

at the gun where beam energy is low [36] smooths out any sharp features in our current

profile, which we will show, leads to a reduction in TR.

Finally, longitudinal beam shaping can be done using an emittance exchange beamline

(EEX). This beamline consists of two dogleg sections, connected by a transverse deflecting

cavity [37]. The beamline exchanges the horizontal and longitudinal beam phase space, which

in turn maps the horizontal projection of the beam distribution into the longitudinal current

profile. The EEX method allows flexibility in generating variable beam profiles through the

use of a transverse mask. Masks are relatively easy to fabricate into precise, arbitrary shapes

and can be changed out in situ, allowing rapid testing of various profiles. Furthermore, EEX

allows the creation of long, low charge witness bunches which can sample the wakefield over

several periods in a single shot [38]. In previous measurements the witness was short relative

to the wakefield wavelength and had to be temporally scanned to sample the entire wakefield

[39], which introduces errors in the measurement due to beam jitter.

Thanks to the ramped beam generation techniques described above, measurement of the

transformer ratio from shaped beams has been possible. The emittance exchange technique

has been used to study ramped beams in planar dielectric structures [40]. Here Gao et.

al. were able to measure a transformer ratio of ≈ 5 for a ramped beam over two wakefield

periods, close to the theoretical limit of R = Nπ = 2π. In the case of plasmas, laser shaping

at the cathode was used to generate beams which were then injected into a plasma cell [41].

Here they were able to observe a maximum transformer ratio of 4.6, which is a reasonable
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for a ramped beam over 1.5 plasma periods. However, their measurement was limited to a

low charge drive beam (< 0.5 nC) and a low plasma density (2 × 1013 cm−3). They were

also limited to using a short witness beam which they could not scan to measure the entire

wakefield.

In this experiment we aim to improve on their measurement by using the technique

developed by Gao et. al. to sample the entire wakefield response, while increasing the drive

charge and the plasma density to achieve a larger wakefield. Our goals for this experiment

are as follows: (1) Measure the transformer ratio from a linearly ramped beam shaped via

EEX, interacting with a matched plasma density such that the beam length is two wakefield

periods long. (2) Characterize the a full, single shot, multi-period wakefield from a plasma

wakefield accelerator. (3) Measure the effect of perturbations on the drive beam shape on

the wakefield response. (4) Measure the effect of changing from a linear to non-linear regime

by scanning the plasma density.

During our experiment we were able to use beams shaped via the EEX technique in a

plasma source to demonstrate a maximum transformer ratio of 7.8, which is the highest

transformer ratio ever measured for a wakefield structure. We found that a linearly ramped

bunch experiences a linear, single mode, decelerating wakefield but excites a stronger non-

linear accelerating field akin to the plasma blowout regime. We also introduce a novel beam

current reconstruction technique based solely on the measured wakefield response. Analyt-

ically, the transformer ratio is maximized when the wakefield is uniformly decelerating in

the drive. We demonstrate this effect through the creation of a quadratic beam head mod-

ification to the linear ramp profile. Finally, we measure the effect of plasma density on the

multi-period wakefield structure.

1.1 Experiment Overview

The Argonne Wakefield Accelerator (AWA) facility at Argonne National Laboratory serves as

an ideal place to study wakefield acceleration and more recently has become the perfect place

to conduct transformer ratio studies. The main AWA beamline can produce extremely high

charge bunches in excess of 100 nC, through the use of a cesium-telluride cathode and a 248

nm, 15 mJ, 6-10 ps laser pulse at energies up to 75 MeV [42]. The laser spot is homogenized
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Figure 1.2: (a) Experimental beamline overview for the high TR PWFA experiment at AWA.

(b) Transverse mask used to generate a ramped current profile and long witness after EEX.

(c) Mask used to generate ramp with triangular head perturbation and long witness. (d)

Detail view of plasma beamline.

using a micro-lens array which creates a near-uniform transverse beam distribution [43].

An overview of this experiment at the AWA facility is seen in Fig. 1.2. The AWA

facility drive beamline (not shown) is used to generate a 12 nC, 40 MeV electron beam to

the experimental beamline shown here which contains 4 parts. One of two transverse masks

(Fig. 1.2(b,c)) shapes the horizontal beam projection. Second, the emittance exchange

technique is applied to the beam to transform the horizontal profile into a longitudinal current

distribution. Third (Fig. 1.2(d)), the beam is transported to the plasma cell. Finally, the

beam is then transported to a longitudinal phase space diagnostic (LPS) which measures

the longitudinal phase space of the beam with and without plasma interaction.

1.2 Dissertation Overview

This dissertation consists of chapters that explore each aspect of the experiment. We be-

gin with a discussion of general wakefield theorems and their application to plasma based

wakefields in Chapter 2. In Chapter 3 we discuss longitudinal beam shaping using emit-

tance exchange. Next, in Chapter 4 we investigate the design and operation principals of

the hollow cathode arc plasma source. Afterwards, we will look at the plasma beamline
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design which transports beams into and out of the plasma in Chapter 5. In Chapter 6 we

will discuss the analysis of wakefield measurements and the calculation of transformer ratio

from the measurements. Finally we conclude with a discussion of the results and examine

possible routes for future experimentation.
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CHAPTER 2

High Transformer Ratio and Plasma Wakefields

Collinear wakefield acceleration refers to the exchange of beam energy between two charged

particle bunches through the use of a wakefield-inducing structure or medium. This process

of energy transfer from one electron bunch to another is not new, as this technique is used

to power todays conventional accelerators. The goal of an accelerator is to produce a high

quality electron beam with high center of mass energy and high brightness. A quality beam

is produced using a photoinjector and is accelerated by radio-frequency waves supported by

tuned accelerating structures. In conventional accelerators, electromagnetic power comes

from klystrons, where low quality, high charge beams are accelerated via a kilovolt pulse and

then their energy is extracted through deceleration which produces RF waves that are then

transported to accelerating cavities [44]. A number of these accelerating stages are used to

accelerate the main beam to much higher energies in the MeV-GeV range.

The use of collinear wakefield acceleration is similar in this regard. A beam called the

drive is accelerated to a given energy and is then sent into, either a metallic, dielectric

structure or a medium such as plasma, where it deposits its energy into a wakefield. A

second beam, called the witness, is then injected collinearly behind the drive, to capture

some of the available energy.

In this chapter, we conduct a discussion of the wakefields generated by electron beams in

plasmas. We will begin with a study of fundamental wakefield concepts including the effect of

linearly ramped beams (and perturbations to the linear profile) on transformer ratio. We will

then discuss these ideas in the context of linear plasma electron response due to low charge

beams. Afterwards we will expand our results from the linear case to the nonlinear/blowout

regimes. Finally, we conclude with an examination of beam dynamics in simulations using

the particle in cell (PIC) Warp.
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2.1 Transformer Ratio Limits from Linear Wakefield Theory

2.1.1 Wakefield Acceleration for Delta Function Bunches

We begin by considering two relativistic delta function like bunches that enter an arbitrary

structure which supports a wakefield W (ξ) = eEz(ξ) in a moving frame with the bunch. In

this frame the longitudinal coordinate becomes ξ = z − ct. We assume that both bunches

travel collinearity on the z axis and are separated by a distance d which does not change

throughout the interaction. This condition is easy to satisfy, as both bunches are rela-

tivistic, they travel at the speed of light c regardless of small deviations in their central

momentum. We also assume the quasi-static approximation, where the wakefield does not

change throughout the interaction.

A cartoon of this scenario is seen in Figure 2.1.

Figure 2.1: Cartoon of two delta function type beams separated by a fixed distance with

their corresponding wakefields.

We can calculate the energy loss of the first bunch due to its self-created wakefield as

d(N1E1)

dz
= −N2

1 e
2W (0) (2.1)

where N1 is the number of particles in the first bunch, E1 is the individual particle energy

and e is the electron charge. Our witness bunch at a fixed distance behind the drive d it will

be affected by both its own self-wake and the drive wakefield

d(N2E2)

dz
= −N2

2 e
2W (0)−N1N2e

2W (d) (2.2)
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where N2, E2 are the number of particles and energy of the witness bunch.

Due to energy conservation, the total change in energy of the bunches added together

must satisfy
dE

dz
=
d(N1E1)

dz
+
d(N2E2)

dz
≤ 0. (2.3)

It is instructive to consider a case where the witness bunch absorbs all of the energy

lost by the drive. For this to be the case we assume that the bunches have equal charge

N1 = N2 and we choose a witness delay of d∗ such that there is no net field (and thus no

stored energy) behind the witness. From this we get the relation

dE1

dz
= −dE2

dz
. (2.4)

Plugging in our equations relating the wakefield to energy loss we get

W (0) = W (d∗)−W (0) (2.5)

which gives the following relationship between the wakefields

W (0) = −1

2
W (d∗). (2.6)

We see that the witness bunch sees a decelerating wakefield that is half the accelerating field

experienced by the drive. While this may seem counterintuitive, it is a direct result from

conservation of energy and the fact that no electromagnetic fields exist behind the witness.

In this case we consider the drive wake to be completely “loaded”.

If the witness bunch is not located at a position d∗ or has a different charge, such that

the net wakefield after the witness has non-zero amplitude, some energy from the drive is

not absorbed by the witness. This is where the inequality seen in Eqn. 2.3 comes into play.

For an arbitrary case where the drive and witness have different charges N1 6= N2 and the

separation is not determined, energy conservation dictates that

− (N2
1 +N2

2 )W (0)−N1N2W (d) ≤ 0. (2.7)

We can define a charge ratio between the drive and witness bunches α ≡ N1/N2 where α > 0

as N1, N2 > 0. Substituting this into the previous equation results in

−W (d) ≤ α2 + 1

α
W (0). (2.8)
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The term (α2 + 1)/α has a global minimum of two when N1 = N2, resulting in

−W (d) ≤ 2W (0) (2.9)

which is consistent with our earlier result.

In this case the energy gain per unit length of the witness bunch is limited to

dE2

dz
≤ (2N1 −N2)e2W (0) (2.10)

The drive beam will be decelerated by its wakefield resulting in an energy difference ∆E1.

This will occur over an interaction length L calculated to be

L =
∆E1

N1e2W (0)
. (2.11)

The energy gain of the witness is thus limited to

∆E2 =

∫ L

0

dE2

dz
dz ≤ ∆E1

(
2− N2

N1

)
. (2.12)

It is clear that maximizing the energy gain of the witness ∆E2 is achieved by minimizing the

ratio of witness to drive beam particles. If we follow this logic further by setting N2/N1 → 0

we see that the maximum gain in per particle energy in the witness is limited to two times the

drive particle energy. This ratio ∆E2/∆E1 is often referred to as the wakefield transformer

ratio. This does not bode well for the usefulness of collinear wakefield schemes if we consider

the practical difficulties of preparing both a quality drive and witness bunch, only to get a

factor of two in energy increase.

We can also consider the overall efficiency of the interaction η, or the total amount of

drive energy that gets transferred to the witness given by

η ≡ N2∆E2

N1∆E1

≤ N2

N1

(
2− N2

N1

)
. (2.13)

From this we see that the maximum energy transfer efficiency is achieved when N2/N1 = 1.1

This stands at odds with the optimization of our transformer ratio which requiresN2/N1 → 0.

Conceptually, if we choose to maximize the transformer ratio by having a small number of

witness particles relative to the drive then only a small portion of the energy lost by the

1Energy transfer efficiency is of course limited by energy losses to the wakefield structure and in the case
of multiple wakefield modes.
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drive will actually be translated into useful witness acceleration. When each bunch has the

same charge, the witness completely absorbs energy lost by the drive and no wakefield is

present after the witness. In between these two limits, the witness bunch receives a portion

of the drive energy lost, which reduces the wakefield amplitude afterwards and is referred to

as “loading” the wakefield.

2.1.2 Wakefield Acceleration for Finite Sized Bunches

Our results from the previous section assume that both the drive and witness bunches are

essentially zero length, ie. delta functions δ(ξ). We will now consider bunches of finite,

arbitrary shape and show that the inclusion of properly tailored drive profiles can exceed

the aforementioned limit ∆E2/∆E1 < 2. We write the wakefield response due to a delta

function driver from Bane et. al. [21] δ(ξ′) as

W (ξ) =


W0 cos(k(ξ′ − ξ)) ξ < ξ′

W0/2 ξ = ξ′

0 ξ > ξ′

(2.14)

where W0, k are the drive particle charge, wakefield coupling coefficient, and characteristic

wavenumber of the system respectively. We can generalize the wakefield response after the

bunch for an arbitrary drive current profile λ(ξ) with a convolution integral

W (ξ) = W0

∫ ∞
ξ

λ(ξ′) cos(k(ξ′ − ξ))dξ′. (2.15)

We need to describe a relationship similar to Eqn. 2.12 to account for nonuniform accelera-

tion of the witness and deceleration of the drive. We define the transformer ratio as

R =
|W+

m |
|W−

m |
(2.16)

essentially saying that the transformer ratio (TR) is the ratio of the maximum accelerating

field (W+
m) to the maximum decelerating field experienced in the drive (W−

m). If we have a

short beam as before λ(ξ) = δ(ξ) the wakefield has the form of

W (ξ) =


W0 cos(kξ) ξ > 0

W0/2 ξ = 0

0 ξ < 0

(2.17)
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and we calculate the transformer ratio R = 2 which matches our earlier analysis from Eqn.

2.12.

We now generalize the transformer ratio to any symmetric current profile, assuming that

the profile is centered at zero such that λ(−ξ) = λ(ξ) and whose full width extends in the

range [−Z,Z]. We calculate wakefields inside the bunch (ξ < Z) to be

W−(ξ) = W0

[
− cos(kξ)

∫ Z

ξ

λ(ξ′) cos(kξ′)dξ′ − sin(kξ)

∫ Z

ξ

λ(ξ′) sin(kξ′)dξ′
]

(2.18)

and outside the bunch (ξ > Z) to be

W+(ξ) = W0

[
− cos(kξ)

∫ Z

−Z
λ(ξ′) cos(kξ′)dξ′ − sin(kξ)

∫ Z

−Z
λ(ξ′) sin(kξ′)dξ′

]
. (2.19)

If we take the bunch profile to be symmetric about zero then the second term in W+ vanishes.

This means that wakefield reaches a maximum value of

W+
m = W0

∫ Z

−Z
λ(ξ′) cos(kξ′)dξ′. (2.20)

On the other hand if we calculate the wakefield at the center of the drive bunch ξ = 0 we

get

W−(0) = −W0

∫ Z

0

λ(ξ′) cos(kξ′)dξ′ = −W+
m/2. (2.21)

If W−(0) happens to be the maximum decelerating field then |W 2
m| = |W−(0)| and the

transformer ratio is 2. If it is not the maximum of the decelerating field then |W−
m | > |W−(0)|

and the transformer ratio is less than 2. This limit on the transformer ratio for symmetric

beams is often referred to as the Fundamental Theory of Beam Loading [32].

This limit of R < 2 can be surpassed by using a longitudinally asymmetric drive beam

profile. A simple example would be a linear ramp profile where the beam current increases

linearly from zero, λ(ξ) = Aξ where A is a constant. We consider a ramp extends from ξ = 0

to a discrete number of wakefield wavelengths ξ = 2πN/λ where N is an integer and is zero

otherwise. The resulting wakefield inside the bunch and after the bunch is calculated via

Eqn. 2.15 to be

W−(ξ) = −W0A(1− cos(kξ)) (2.22a)

W+(ξ) = W0AπN sin(kξ). (2.22b)

The maximum transformer ratio is R = πN in this case can exceed 2 quite easily. Wake-

fields for the linearly ramped bunch geometry are plotted in Figure 2.2. We can see that
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the transformer ratio of the linearly ramped bunch is proportional to the number of small

wakefield undulations in the drive.

Figure 2.2: Plot showing simple triangle beam current distribution and resulting, single-mode

wakefield.

It is also instructive to see how the peak accelerating field is dependent on the transformer

ratio. If we assume a fixed amount of charge in our drive bunch Q = eA(πN)2/2 then our

accelerating wakefield has a peak value W+
m ∝ 1/R. This shows that when we shape the

beam to get a higher transformer ratio, we do so by sacrificing peak accelerating field [45].

This becomes an important consideration during use of PWFA in applications.

2.2 Perturbations to the Linearly Ramped Profile

We started with a linearly ramped profile due to its simplicity. We will now investigate how

perturbations to this profile affect the resulting transformer ratio.

2.2.1 Maximizing the Transformer Ratio in a Plasma

We have seen that the transformer ratio can be increased by using a ramped current profile,

however we have yet to determine whether or not this shape gives us the maximum TR

possible. To calculate what wakefield structure gives the best transformer ratio we use the

energy conservation argument posed by T. Katsouleas [46].

A cartoon of this argument is seen in Figure 2.3. The drive wakefield causes the drive
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beam (green) to lose kinetic energy at a rate proportional to the average wakefield inside the

drive. Meanwhile, energy enters a box near the peak accelerating wakefield at a rate given

by a time derivative of the total electric field energy stored in the box.

Figure 2.3: Conceptual energy conservation argument for derivation of maximum transformer

ratio from wakefield flattening. Total kinetic energy loss of the drive beam (green) due to

an average wakefield translates directly to energy flow into the wakefield box right behind

the drive beam (red).

We calculate energy density of the wake directly behind the drive bunch to be (εW+
m)2/2

which is left in a volume A · ct where A is the cross-sectional area. Energy conservation

yields
d

dt

ε(W+
m)2

2
Act = Nbe < W− > (2.23)

where Nb is the number of particles in the drive and < W− > is the average decelerating

field in the drive which will be some fraction α of the minimum wakefield < W− >= αW−
m .

Taking the time derivative and replacing our definition for transformer ratio we get

R =
8πNbeα

W+
mcA

(2.24)

Here we have recovered our earlier finding that the peak accelerating field is inversely propor-

tional to the transformer ratio. We also see that R is proportional to α, which is maximized

when α = 1 or the minimum wakefield is equal to the average. For that to be the case,

wakefield inside the drive must be a constant.

We can make the wakefield uniform for a majority of the drive beam with the correct

choice of current profile. Bane et. al. calculated the distribution that maximized TR to be

a linear ramp superimposed with a delta function head [32]. While this profile is practically
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unrealizable, several shapes have been found to achieve a flattening of wakefields in the drive

body [32, 47]. These shapes produce a near-uniform wakefield by modifying the head of a

linear ramp as seen in Figure 2.4. We can see from Fig 2.4 that making modifications to

Figure 2.4: Uniform wakefields (orange) from variable head perturbations added to a ramped

profile (blue). Orange dashed lines show maximum accelerating and decelerating fields.

Green dashed shows < W− > inside the drive. (a) Ramped beam with no modifications.

(b) Double-triangle profile perturbation with small triangle length L = λp/4. (c) Doorstep

profile perturbation with doorstep length L = λp/4. (d) Parabolic head profile perturbation

with a parabolic region length L = λp.

the head of the linearly ramped drive can increase the transformer ratio of the generated

wakefield by up to a factor of two by making the decelerating field uniform. Depending on

head modification, the average decelerating wake < W− > approaches W−
m thus increasing

the transformer ratio.

The profiles seen in Fig 2.4 b,c are historically derived profiles which gives the highest

TR due to the fact that they produce a uniform field for a large majority of the drive bunch.

The profile seen in Fig 2.4 d shows a more recently developed profile that produces a uniform

wakefield while also being smoothly varying. This profile is relevant even without having
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the highest TR achievable because of this smoothness, which makes it easier to accurately

produce via previously discussed bunch shaping methods. We will find out why this is

relevant in the next section.

Making a uniform decelerating wakefield also maintains the drive beam profile throughout

the interaction. In a case where the beam particles uniformly lose energy, beam energy

spread remains constant inside the plasma. This prevents particles in the beam from losing

too much energy and becoming sub-relativistic, which will cause them to lag behind and slip

out of phase with the interaction. Beam particles that have the same energy also oscillate

transversely at the same frequency, which reduces emittance growth in a uniform focusing

channel (see Section 2.4.2).

2.2.2 Effects of Profile Sharpness on TR

One feature that all high transformer ratio profiles share is a sharp cutoff after the ramp

area. We can view this requirement by considering a beam loading argument. We imagine

that the stored energy in the wakefield adds up slowly over the beam current ramp. If we

want to maximize the accelerating wakefield experienced by a witness beam, it is important

that the wakefield energy is not absorbed by trailing particles in the drive. Any particles in a

“tail” behind the ramp cutoff load the wakefield and reduce the peak accelerating gradient.

A demonstration of this effect is seen in Fig. 2.5. To simulate the development of a tail,

we multiply the ideal linear ramped profile by the function

F (ξ) =
1

e(ξ−L)/T + 1
(2.25)

where L is the overall drive length and T is a parameter that controls the tail length. For

T → 0 we recover a discontinuity at the linear ramp end which matches the ideal profile.

As T increases the tail lengthens and the transformer ratio suffers due to a reduction in the

peak accelerating field. Unfortunately, some tail growth is unavoidable when transporting

a beam through the accelerator [48]. We will see that higher order effects in the emittance

exchange beamline and phase slippage in the plasma beamline both contribute to growth of

tails behind the linear ramp section. This smoothing effect is generally true for all sharp

features in a given distribution. This explains the particular significance of using smoothly

varying profiles, which are less dependent on maintaining sharp features in the distribution
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Figure 2.5: Plots showing effect of tail growth on the transformer ratio from a linearly

ramped drive over two characteristic wavelengths.

head when compared to the doorstep and double-triangle profiles.

2.3 Plasma Wakefields

With our understanding of beam based wakefields in hand, we are equipped to analyze wake-

fields excited in plasmas. We start by examining wakes in a 1D and quasi-3D (cylindrically

symmetric) linear plasma. We then expand our analysis to include a multi-dimensional,

non-laminar response which gives rise to a blowout plasma response, where a rarefaction re-

gion with no plasma electrons develops behind the drive. Finally, we examine particle-in-cell

simulation results to predict the actual wakefield response.

2.3.1 Plasma Wakefields in the Linear Regime

Our goal is to describe the plasma response to a drive beam and then determine wakefields

from the plasma response self consistently using analysis pioneered by Ruth et. al.[49]. We
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imagine a stationary, cold, quasi-neutral2 plasma into which we inject our electron drive

beam.

To solve for the plasma electron response we begin with Maxwell’s equations [50]

∇ · E = 4πρ (2.26a)

∇ ·B = 0 (2.26b)

∇× E = −1

c

∂B

∂t
(2.26c)

∇×B =
1

c

(∂E

∂t
+ 4πJ

)
(2.26d)

where J = ρv is the current density. By taking the divergence of ∇ × B and substituting

the differential form of Gauss’s law in for E we get the continuity equation

∂ρ

∂t
+ ρ∇ · v = 0. (2.27)

The charge particle density at any location in a beam-plasma interaction consists of plasma

electrons, plasma ions and beam electrons such that ρ = −e(ne − ni + nb). Due to their

relatively large mass, plasma ions move much slower than either electron species during

the interaction so here we assume that they are static during the interaction and simply

provide a neutralizing effect on plasma electrons. In a neutral plasma, ne = ni = n0 is the

unperturbed plasma density. We concern ourselves with small perturbations in the electron

density ne(x, t) = n0 + δn1(x, t) where δ � 1. We can also expand the plasma electron

velocity to be v(x, t) = v0 + δv1(x, t). Assuming that the plasma electrons are initially at

rest (v0 = 0) we can calculate a linearized version of the continuity equation for the plasma

response
∂n1

∂t
= −n0∇ · v1 (2.28)

where we have neglected terms O(δ2).

Evolution of the plasma electrons is determined by the Lorentz force equation for cold,

collisionless fluid elements of the plasma,

me
∂v

∂t
+mev · ∇v = −e(E + v ×B/c) (2.29)

2Term definitions are as follows. Stationary: electron and ion velocities average to zero. Cold: the rms
kinetic energy of particles in the plasma is small compared to the ionization energy. Quasi-neutral: electron
and ion densities are roughly equal over the entire plasma.
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or in the linearized form

me
∂v1

∂t
= −e(E + v1 ×B/c) (2.30)

We restrict ourselves to considering electrostatic waves (B = 0) which is implied when

electromagnetic waves in the plasma are purely longitudinal [49]. When this is the case

∂E

∂t
= −4πJ (2.31a)

me
∂v1

∂t
= −eE (2.31b)

If we take the time derivative of Eqn. 2.28 and substitute in our Lorentz force equation

we get
∂2n1

∂t2
=
en0

me

∇ · E = −ω2
p(n1 + nb) (2.32)

where ω2
p = 4πe2n0/me is the characteristic plasma frequency. Rearrangement gives a forced

wave equation for the perturbed plasma density

∂2n1

∂t2
+ ω2

pn
2
1 = −ω2

pn
2
b . (2.33)

We can assume a quasi-static approximation, where the plasma perturbation is static in a

frame traveling with the electron beam and thus is a function of the longitudinal variable

ξ = z − vbt. Through this change of variables our final linear wave equation is given by

∂2n1

∂ξ2
+ k2

pn1 = −k2
pnb (2.34)

where kp = 2π/λp = ωp/vb.

So far we have not assumed anything about the overall beam geometry. We will now

consider our beams to be rotationally symmetric and that their density profile has a sep-

arable form nb(r, ξ) = σ(r)λ(ξ). In this case, perturbations to the plasma should have a

corresponding separable form n1(r, ξ) = Σ(r)Z(ξ). Inserting this into our wave equation, we

get separable forms of the plasma response

∂2Z(ξ)

∂ξ2
+ k2

pZ(ξ) = −k2
pλ(ξ) (2.35a)

Σ(r) = σ(r). (2.35b)

Looking at this set of equations we observe that the transverse plasma response is propor-

tional to the transverse beam profile.
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To calculate the longitudinal plasma response we first examine a delta-function like beam

λ(ξ) = δ(ξ). If we integrate over ξ = 0 we find that

∂Z

∂ξ

∣∣∣0+

0−
= −k2

p. (2.36)

Outside the region where beam is present, plasma perturbation follows the solutions to the

homogeneous wave equation. Causality sets the perturbation ahead of the beam (ξ < 0) to

zero and at the beam location (ξ = 0) to 1/2. Behind the beam (ξ > 0) the solution is a

pure sinusoid, thus the longitudinal plasma response is

Z(ξ) =


0 ξ < 0

−kp
2

ξ = 0

−kp sin(kpξ) ξ > 0.

(2.37)

and the full plasma perturbation functional form is given by

n1(r, ξ) =


0 ξ < 0

−kpσ(r)

2
ξ = 0

−kpσ(r) sin(kpξ) ξ > 0.

(2.38)

and the wakefield is simply calculated from Gauss’s law

∇ · E = 4πe(n1 + nb). (2.39)

First we can consider a 1-dimensional response where the beam has no transverse density

dependence σ(r) = σ. Here our field divergence simplifies to ∇·E = dE/dξ and the resulting

wakefield is calculated to be

Wξ(ξ) =


0 ξ < 0

2πσ ξ = 0

4πσ cos(kpξ) ξ > 0.

(2.40)

This matches the wakefield response for a delta function drive beam derived in the previous

section, meaning that all our analysis about wakefields can be applied to wakes in the linear

plasma regime, including those regarding limits on transformer ratio.
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To solve for the plasma perturbation from an arbitrary current distribution, we convolve

these solutions found for a delta function with the longitudinal profile to get

n1(r, ξ) =


0 ξ < 0

−kpσ(r)

2
ξ = 0

−kpσ(r)
∫∞
ξ
λ(ξ) sin(kp(ξ

′ − ξ))dξ′ ξ > 0.

(2.41)

The wakefield is calculated from this as before to retrieve the same functional form of Eqn.

2.15

Wξ(ξ) = −W0

∫ ∞
ξ

λ(ξ′) cos(k(ξ′ − ξ))dξ′. (2.42)

Now we will take a look at the three dimensional linear wakefield response. We use our

calculated plasma perturbation (Eq. 2.41) and the cylindrical coordinate system form for

Gauss’s law to calculate the electrostatic wakefields in both z and r directions. To simplify

our analysis we introduce the electrostatic potential E = −∇Φ for which we will solve for,

and then calculate the wakefield. The potential equation in cylindrical coordinates is

1

r

∂

∂r

(
r
∂

∂r
Φ
)

+
∂2Φ

∂ξ2
= −4πe(n1 + nb) (2.43)

To analyze wakefield dependence on the transverse coordinate, we imagine a parabolic

distribution 3 for the transverse beam density and a similar delta function beam in the

longitudinal coordinate

σ(r) =


2N
πa2

(1− r2/a2) r < a

0 r > a.

(2.44)

Remembering that the plasma perturbation dependence on r is equal to σ(r), the solution

to Eqn. 2.12 behind the beam is

Φ(r, ξ) =
16eN

kpa2
sin(kpξ)


K2(kpa)I0(kpr) + 1

2
− 2

(kpa)2
− r2

2a2
r < a

I2(kpa)K0(kpr) r > a

(2.45)

where In, Kn are modified Bessel functions of the first and second kind respectively. Taking

the the cylindrical coordinate derivatives, we calculate the resulting wakefield inside the

3chosen due to solution simplicity
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beam radius (r < a) to be

Eξ = −16eN

a2
cos(kpξ)

[
K2(kpa)I0(kpr) +

1

2
− 2

(kpa)2
− r2

2a2

]
(2.46a)

Er = −16eN

a2
sin(kpξ)

[
K2(kpa)I1(kpr)−

r

kpa2

]
(2.46b)

If we consider a wide beam were kpa� 1 and we look near the beam axis where r � a,

the wakefields simplify to

Eξ ≈
−8eN

a2

(
1− r2

a2

)
cos(ξ) (2.47a)

Er ≈
16eN

a2

( r

kpa2

)
sin(ξ). (2.47b)

From this we can see that on-axis the wakefield has a sinusoidal longitudinal dependence that

matches our 1D analysis. For the transverse fields is interesting to note that it has a linear

radial dependence which provides a focusing or defocussing force on the beam depending on

the sign of sin(kpξ) as seen in Figure 2.6. The focusing and longitudinal forces are offset by

π/2 which means a region exists that is simultaneously accelerating and focusing.

Figure 2.6: Plot showing the longitudinal and transverse wakefields on-axis from a parabolic

transverse and a delta-like longitudinal distribution.
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2.4 Plasma Wakefields in the Nonlinear Regime

If we increase the overall density of our beam relative to the unperturbed plasma to be

on the same order of magnitude or greater, the electronic response will grow such that the

perturbation to plasma density will no longer be small relative to the background plasma.

This regime is especially interesting when the beam is dense enough that it creates a rarefied

region behind the drive where no plasma electrons remain. In this region the electrostatic

fields are particularly appealing for preserving beam quality as the accelerating field is in-

dependent of transverse position and radial fields confine beam particles similar to a linear

focusing magnet [51] .

Initial investigation in one dimension was carried out by Dawson [52] and Ahkiezer and

Polovin [53] in the 1950’s. Dawson in particular examined 1D oscillations of uniform charge

“sheets” in plasma. His analysis found that electron sheets will oscillate with a simple

harmonic motion until the oscillation amplitude increases such that the sheets begin to

intersect with one-another and linear oscillation analysis breaks down. This oscillation limit

corresponds to an electric field known as the “wave-breaking” limit given by

EWB =
mecωp
e

. (2.48)

Further analysis of nonlinear 1D oscillations note that the waveform of these wakefields are

steepened due to higher harmonics and that when the particle velocities become relativistic

periodicity of their oscillations increases [54].

However, before accessing nonlinearities described above, transverse motion of the plasma

particles dominates [51]. Plasma electrons are expelled completely from the beam axis while

ions are left behind (due to their relatively high mass) creating a region of uniform ion

density with no plasma electrons behind the beam. This is often referred to as the plasma

blowout. Eventually electrons expelled from the axis collapse back onto the axis, creating a

significant spike in electron density that can be a few orders of magnitude higher than the

unperturbed density.

Until recently, little analytical theory has been found that completely describes the three

dimensional plasma response in the nonlinear regime. This is due to complexities created

by the regime’s electromagnetic nature, relativistic mass increases of plasma electrons and

non-laminar flow. Thanks to work done by Lu et.al. [55] we can describe certain aspects of
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the rarefaction response in the first accelerating “bucket” before phase mixing occurs.

2.4.1 Transitioning to the Blowout Regime

Establishment of a transverse region where no plasma electrons exist is the central aspect of

nonlinear behavior in response to an electron beam. The so called “ion column” that remains

in this region gives rise to characteristic uniform accelerating and focusing fields that we will

examine later. We explore the formation of this regime using a simple sheet crossing4 model

discussed previously by Dawson [52]. In a similar way to Dawson’s analysis we will consider

a breakdown in laminar flow ie. sheet crossing as the metric for defining the beginning of a

nonlinear response.

We start by considering a rotationally symmetric system as before, with an array of

plasma electrons spaced equally apart from one another at different radii. We also imagine

the same moving frame of reference for a relativistic beam as before, where the longitudinal

coordinate becomes ξ = z − ct. A plasma particle starts at ξ = 0 with a radius of r(0) = r0

and moves in the positive ξ direction due to being still in the stationary frame. If these

particles evolve in such a way that their trajectories r(ξ, r0) do not cross, then the flow is to

be considered laminar and a particle who starts at a radius r0 > 0 will always see electrons

on either side of it. If trajectories do cross, then there is going to be a particle that does

not see any plasma electrons beneath it i.e. no particles in the region < r∗(ξ, r0) where r∗

represents the trajectory that satisfies our condition for blowout.

We start with a restatement of Maxwell’s equations in the same moving coordinate system

as before, ξ ≡ z − ct and in the Lorentz gauge,

−∇2
⊥A =J (2.49a)

−∇2
⊥φ =ρ (2.49b)

∇⊥ ·A⊥ =− ∂ψ

∂ξ
(2.49c)

where we have separated the longitudinal and transverse components of the vector fields and

introduced the pseudo-potential ψ = φ− Az, ∇⊥ ≡ x̂∂/∂x+ ŷ∂/∂y.

The evolution of plasma electrons can be shown [56] to evolve simply due to the Lorentz

4in cylindrical coordinates this ends up being a ring
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force equation
d

dξ
p⊥ = − 1

1− vz
[E⊥ + (v ×B)⊥] (2.50)

where the vector subscript ⊥ denotes transverse components only. We have also normalized

time to ω−1
p , distances to c/ωp, masses to me, charge to e, potentials to mc2/e, fields to

mcωp/e, charge density to en0 and current density to en0c.

The pseudo-potential ψ obeys a modified Poisson-like equation

−∇2
⊥ψ = ρ− Jz (2.51)

where the continuity equation becomes

∂

∂ξ
(ρ− Jz) +∇⊥ · J⊥ = 0. (2.52)

From this is magnetic and electric fields can be calculated as

Ez =
∂ψ

∂ξ
(2.53a)

Bz =(∇⊥ ×A⊥) (2.53b)

E⊥ =−∇⊥φ−
∂A⊥
∂ξ

(2.53c)

B⊥ =∇⊥ × (Az ẑ) +∇z ×A⊥ (2.53d)

and we see that the longitudinal electric field Ez(r, ξ) is simply equal to the longitudinal

derivative of the pseudo-potential.

If we assume that the plasma particles are non relativistic vz << 1 then induced magnetic

fields due to plasma particle motion is negligible. We can also approximate the transverse ve-

locity as v⊥ ≈ dr/dξ. These assumptions lead us with plasma electron trajectories dependent

on electrostatic forces
d2r

dξ2
= −E (2.54)

from plasma electrons, plasma ions and beam particles. We now follow cylindrical sheet

analysis put forward by Dawson [52]. If we assume that the electric field is solely a function

of the charge inside our sheet then the electric field is simply calculated using the integral

form for Gauss’ law, giving the equation of motion

d2r

dξ2
= −

[r
2
− c(r0, r, ξ)

r

]
(2.55)
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Figure 2.7: Plots of plasma electron trajectories with three different beam distributions

(shown as background shading). (a) A bi-Gaussian distribution with σz = 1, σr = 0.1, and

a peak density of nb0 = 2. (b) A bi-Gaussian distribution similar to (a) but with a peak

density of nb0 = 10. (c) A transverse Gaussian with σr = 0.1 and a linear ramp for λ(ξ) with

a length of L = 2π and a peak density of nb0 = 10.

where the first term is due to the uniform ion density, and the second is due to electron

charge. Net electron charge per unit length inside the trajectory r(ξ) from both the plasma

and the beam is given by

c(r0, r, ξ) =
1

2
r2

0 +

∫ r

0

r′nb(r
′, ξ)dr′. (2.56)

where nb is normalized to the unperturbed plasma density n0. Substituting this into our

equation of motion we get

d2r

dξ2
= −

[r
2
−

1
2
r2

0 +
∫ r

0
r′nb(r

′, ξ)dr′

r

]
. (2.57)

This differential equation can be solved numerically with the initial conditions r(0) = r0 and

dr/dξ = 0 for a plasma electron. If we assume a beam distribution with the form

nb(r, ξ) = nb0 exp
[
− r2

2σ2
r

]
λ(ξ) (2.58)

where nb0 is the peak beam density at r = 0 we can plot plasma electron trajectories for

different longitudinal distributions as seen in Fig. 2.7.

The plots here show the transition from non-trajectory crossing (linear) regime to tra-

jectory crossing (nonlinear) regime. When the peak bunch density is up to two times the

background plasma density (Fig. 2.7a), the trajectories are perturbed, but no rarefaction

occurs. When the peak beam density is nb0 = 10n0 (Fig. 2.7b) trajectory crossing occurs, re-

sulting in a rarefaction region behind the bunch that lasts roughly half a plasma wavelength.
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In the presence of a linearly ramped beam with a peak density of nb0 = 10n0 (Fig. 2.7(c))

trajectory crossing does not occur during the first half of the ramp due to the low charge in

the beam head. We will see later that this internal regime change in the beam will effect how

different slices of beam get accelerated and focused differently, leading to asymmetries in the

longitudinal wakefield and in transverse oscillations during propagation in a plasma. We

also observe a second oscillation in the rarefaction boundary, due to the beam being longer

than a single wavelength. It is instructive to note that for the examples here, particles far

off-axis experience a linear perturbation that retains their laminar behavior. This is due to

screening effects of the plasma electrons closer to the axis.

The next step in our analysis is to investigate the geometry of rarefaction boundary

as a function of beam distribution. This is important because we expect the evolution of

beam particles to differ significantly depending on their location, either inside or outside of

the rarefaction region, due to the contribution (or lack thereof) of plasma electrons to the

particle motion.

The bubble boundary dictates the on-axis longitudinal wakefield. Lu et. al.[55] employs

a step model to fit the electron sheath boundary. From this, they are able to calculate the

pseudo-potential for r ≤ rb to be

ψ(r, ξ) =
r2
b (ξ)

4
(1 + β(ξ))− r2

4
(2.59)

where

β(ξ) =
(1 + α2) ln(1 + α2)

(1 + α2)− 1
− 1 (2.60a)

α ≡∆

rb
=

∆L

rb
+

∆s

rb
. (2.60b)

The constants ∆ ≡ ∆L + ∆s corresponds to the high density sheath thickness observed in

PIC simulations at the bubble boundary plus a linear response region with a plasma wave

number thickness. Generally ∆s/rb << 1 except near the back of the bubble where this

thickness starts to approach the blowout radius.

We calculate the rarefaction region boundary rb(ξ) using a differential equation found by
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Figure 2.8: Numerical calculations of blowout radius and on-axis electric field due to linearly

ramped beams of varying peak density.

Lu et. al.

A(rb)
d2rb
dξ2

+B(rb)rb

[drb
dξ

]2

+ C(rb)rb =
λ(ξ)

rb
(2.61a)

A(rb) =1 +
[1

4
+
β

2
+

1

8
rb
dβ

drb

]
r2
b (2.61b)

B(rb) =
1

2
+

3

4
β +

3

4
rb
dβ

drb
+

1

8
r2
b

d2β

dr2
b

(2.61c)

C(rb) =
1

4

[
1 +

(
1 +

β

4
r2
b

)−2
]

(2.61d)

where λ(ξ) =
∫ r>>σr

0
r′nb(r

′, ξ)dr′ is the beam longitudinal current density. We expect errors

in the calculated blowout radius at the rear of the blowout as the blowout radius approaches

∆s. The set of equations can be solved numerically, and once the profile rb(ξ) is known, the

longitudinal wakefield inside the bubble region r < rb(ξ) can be calculated as

Ez(r, ξ) =
∂

∂ξ
ψ(r = 0, ξ) =

d

dξ

[1

4
rb(ξ)

2(1 + β(ξ))
]
. (2.62)

Numerical solutions for the blowout radius and on-axis electric field are seen for varying

current profiles in Fig. 2.8. We can see the dramatic scaling of the blowout bubble size as

we increase the peak beam density. This in turn increases the peak electric field strength at

the back edge of the bubble region, where a suitable witness bunch would be placed.

It is interesting to note that the longitudinal wakefield is Ez ∝ rb(ξ)
′rb(ξ) where ′ denotes

d/dξ. From this we can see that field has zero crossings at the longitudinal location of bubble

maxima as r′b = 0. This is particularly evident in the blowout calculation seen in Fig. 2.8 for
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nb0 = 0.1 as the bubble has three local extrema and thus has an accelerating region midway

through the beam profile. To prevent this from happening, we must excite the bubble such

that it is monotonically increasing inside the drive region.

To understand why the bubble boundary partially collapses we consider how strongly

the driver beam expels electrons from the axis. In the limit where maximum blowout radius

is rm << 1 we consider the plasma electrons expelled by the beam to be non-relativistic,

conversely if rm >> 1 the electrons are considered ultra-relativistic. To provide insight into

these two limits we examine key features in what contributes to the wakefield inside the

bubble. We consider three regions that contribute to the on-axis pseudo-potential: the ion

channel inside the bubble, the high density electron boundary and a linear response region

outside the bubble. By integrating Eqn. 2.51 we get

ψ(0, ξ) =

∫ ∞
0

dr

r

∫ r

0

(ρ− Jz/c)r′dr′ (2.63a)

=

(∫ rb

0

+

∫ rb+∆s

rb

+

∫ ∞
rb+∆s

)[
dr

r

∫ r

0

(ρ− Jz/c)r′dr′
]

(2.63b)

= ψion + ψs + ψlinear (2.63c)

where ψion, ψs, ψlinear represents the contributions from each region respectively. As the

only charge in the blowout region is the static uniform background ion charge ψion = r2
b/4.

The charge contained in the sheath is generally small compared to the charge in the bubble

for most ξ so the contribution ψs is equally small when compared to the ionic contribution.

The linear term is due to the plasma response within roughly (r < c/ωp) as the perturbation

is screened due to plasma electron motion. The relevance of the ψlinear term is dependent

on the relative size of the bubble region. In the non-relativistic limit, the bubble is small so

this term dominates, otherwise in the relativistic limit the ionic term is much larger.

The interpretation of this analysis can be extended to explain the blowout geometry

dependence on beam charge seen in Fig. 2.8. When nb0 = 0.1 the maximum blowout radius

is rm < 1 or in the non-relativistic limit. Here, the linear region outside the bubble dominates

and plasma electrons return to the axis after roughly one half oscillation period. When the

bubble is large rm > 1 the plasma electrons are relativistic and the forces that cause the

linear plasma response no longer dominates. Furthermore, we observe that the electric field

oscillation period inside the drive increases with increased blowout. Since the electric field

directly correlates to the periodicity of plasma electron motion, we can infer that the plasma
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oscillation period increases as well. This matches with one of the main predictions from

1D nonlinear theory as it was found that the relativistic mass increase of plasma electrons

contributes to a modification of oscillation frequency [54].

These observations present a good case for using ramped beams in the blowout regime

to achieve high transformer ratios. In the non-relativistic limit, analysis discussed here and

previous work using PIC simulations [57] have shown that the wakefield response in the drive

can be approximated as a linear, single mode response. This approximation breaks down

after the drive however, with a nonlinear response due to the final collapse of the bubble that

results in a sawtooth-like wakefield in this region. In the ultra-relativistic case, we see that

the drive wakefield has become roughly uniform due to the plasma electron’s relativistic

motion, which is also shown in PIC simulation results [58]. As we have seen previously,

uniformization of the drive wakefield in the linear regime requires finely tuned changes to

the linearly ramped profile of the drive beam. Here though, this effect is achieved just by

increasing the response nonlinearity, either by increasing beam density or decreasing plasma

density. This bodes well for real-world application, as complex beam current distributions

are difficult to produce and this presents a viable alternative.

2.4.2 Transverse Forces

To calculate transverse forces inside the bubble we use Eqns. 2.51 and 2.53c. In the electro-

static approximation A = 0 so that the equation for transverse electric field is

E⊥ =−∇⊥ψ = − ∂

∂r

r2

4
(2.64a)

=− r/2 (2.64b)

thus the electric field inside the ion region acts as a focusing force on the beam. In practical

units the focusing strength is given by

K ≡ − eEr
γremec2

=
2πren0

γ
. (2.65)

This parameter dictates the transverse rms envelope of the beam σr as it travels through the

plasma according to [59]

σ′′r +Kσr =
ε2

σ3
r

(2.66)
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where ′ denotes a derivative with respect to path coordinate s and ε =
√
< r2 >< r′2 > − < rr′ >2

is the conserved transverse geometric emittance of the beam. The betatron function is de-

fined as β = σ2
r/ε, once substituted into the above equations gives

β′′ + 2Kβ =
1

β

[
β′

2
+ 2

]
. (2.67)

For stable (equilibrium) propagation through the plasma βeq = const,β′′ = β′ = 0 resulting

in βeq = K−1/2 as a solution. If a beam enters the plasma with a corresponding transverse

size of

σeq =
√
βeqε =

[
ε√

2πren0γ

]1/2

(2.68)

it will remain at that size throughout the interaction. If the beam is not at the correct size,

we expect its betatron envelope to oscillate through the plasma interaction [60]. Significant

work has been done exploring how to match beam size effectively into the plasma to prevent

unwanted emittance growth [61, 62, 63]. It has been found that tuning the plasma density

profile from zero to peak density adiabatically ie. the plasma density rises over several

betatron oscillation periods, matches the beam to the final plasma density without growth

in the emittance.

This is complicated by the long beam we use to create high transformer ratio due to its

length relative to the plasma wavelength. We have discussed previously, that the blowout

region does not start immediately due to the low charge at the head. This means that the

beam head is focused differently compared to the main body of the beam and it develops

into three distinct regions [64]: a freely expanding head, a pinch region where the plasma

electrons have had time to respond to fields from the beam, and a body region which feels the

full focusing forces in the ion column as discussed previously. These differences throughout

the beam result in several transverse instabilities in a long beam [65]. Further complications

evolve from the finite energy spread induced in the drive beam by the wakefield. During

betatron oscillations, particles with different energies will oscillate with varying frequencies.

The projected phase space envelope will eventually be filled by the different slices of the beam

if it undergoes oscillations. This can be reduced by better beam matching that prevents

betatron oscillations.
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Parameter Value Unit

Beam Charge 1.8 nC

Drive Charge (Witness Charge) 1.78 (0.02) nC

Beam Energy 40 MeV

σr 200 µm

εr,n 100 mm.mrad

Drive Ramp Length 6 mm

Witness Delay 500 µm

Witness Length 4 mm

Plasma Density 1.3× 1014 cm−3

Table 2.1: Ramped beam and plasma parameters for Warp simulations.

2.4.3 3D PIC Simulations

With our understanding of the central principals of wakefield acceleration and its relevance

to plasma wakes, we can now employ simulation tools to examine the specific dynamics in our

experiment. For this we employ the use of a 3D particle in cell (PIC) developed by Berkley

called WARP [66]. This code simulates the time dependent beam-plasma response using

a collection of macro-particles and calculates the self-consistent electromagnetic fields in a

discretized cylindrical coordinate system. For accurate simulations, the cell size was scaled

to the unperturbed plasma wavelength 5. Simulations were run on an eight core parallel

processor to reduce computation time.

To simulate the dynamics expected in our experiment beam and plasma parameters where

chosen in accordance with prior measurements of the beam and plasma separately. These

parameters are seen in Table 2.1. For simplicity, we assume that the beam is focused by

a density ramp that the beam experiences as it enters the plasma region. This profile is

poorly characterized (see Chapter 4) so we set up our simulation to be a uniform plasma

density and account for the focusing by reducing the input beam size. The results of our

simulation are seen in Fig. 2.9. We show three transverse profiles of the beam and plasma

distribution at different locations along the interaction. Before entering the plasma, our

beam has a gaussian transverse profile and a linearly ramped current distribution (as seen

520 cells per λp for low accuracy and up to 200 cells per λp for highest accuracy
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by the green line in the figure) with a small tail, consistent with simulated beams going

through our plasma beamline (see Chapter 5). A witness bunch with a low charge is placed

behind the drive to sample the wakefield response 6.

Figure 2.9: Transverse distribution of beam and plasma electrons calculate at several points

throughout the interaction.

We observe a significant change in the beam distribution as it propagates further into

the plasma. As discussed previously the beam experiences transverse focusing from the

displacement of plasma electrons. The beam head is not focused significantly due to the low

beam charge in this region. It also takes time for the plasma electrons to react the beam

electrons, thus in this region the plasma remains mostly uniform in nature. This leads to

a freely expanding beam head, which is indicated by the overall loss of near-axis particles

(orange line).

The beam body on the other hand, does experience a strong focusing force until the

6It should be noted that the witness bunch here has significantly less charge than what we expect from
experiment. Simulations shown here are solely used to explore unloaded wakefield effects.
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beam density exceeds the plasma density, contributing to nonlinear effects in the on-axis

wakefield. Further back from the head, the plasma electrons are off-axis resulting in a net

focusing force which compresses the transverse size of the beam. We observe that initially,

the on-axis longitudinal wakefield resembles a sinusoidal, linear response. However, once the

beam is focused more downstream, the beam density on axis exceeds the plasma density,

and starts to produce a rarefied plasma region. Resulting nonlinearities from the plasma

electron collapse back on-axis creates a nonlinear wakefield and we observe the development

of a sawtooth like structure evident from the addition of higher harmonics in the wakefield

response.

We also observe that our plasma blowout is non-relativistic, as evidenced by the small

blowout radius compared to k−1
p . As we discussed previously, the on-axis wakefield inside the

bubble is dependent on potentials from the bubble region, the sheath region, and the linear

region outside the bubble. In our simulations we see that the bubble radius is roughly 100

µm, which is significantly less than the plasma wavelength at this density (∼ 3 mm). Thus,

the on-axis wakefield in the drive beam is dominated by the linear plasma response outside

the bubble, not the rarefied region. This is consistent with the simulated wakefield inside the

drive, as it resembles a linear,single-mode response. Conversely, wakefields behind the drive

are strongly dominated by the high density sheath collapsing back onto the axis, giving rise

to the nonlinear response after the drive. We term this beam-plasma interaction as quasi-

nonlinear, because it shows characteristics of both linear and nonlinear plasma wakefields.

This change in the nature of the plasma response is beneficial to maximizing transformer

ratios, as we can see by the difference in wakefield amplitude between the drive and witness

regions.
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CHAPTER 3

Longitudinal Shaping Using Emittance Exchange

3.1 Methods for Longitudinal Bunch Shaping

Precise control of the longitudinal current distribution inside an electron bunch has been a

re-occurring challenge in accelerator physics. This stems from the fact that electron beam

bunch lengths are generally on the scale of picoseconds long, much faster than any type of

controllable mechanical or electronic process. Control of the bunch length out of a photo-

cathode electron source is determined by the laser pulse length used to stimulate the electron

emission from the cathode. Temporal duration of the laser pulse is often either compressed or

expanded based on dispersive path differences, due to an introduced energy chirp in the laser

pulse. A similar technique can be used to scale the bunch length of an electron beam using

an RF cavity to introduce a longitudinal energy chirp in the beam and a chicane to create

an energy dependent path length difference to compress the bunch. These techniques only

serve to scale the overall length of the bunch whose precise shape is often poorly controlled.

An ideal technique for beam shaping would be able to shape the electron bunch at the

picosecond scale, be able to create sharp features necessary to excite a high transformer

ratio wakefield and work at high bunch charge (> 1 nC), with minimal bunch loss. For

this specific experiment it is also desirable that the method is flexible enough too quickly

investigate multiple bunch profiles and be tunable in-situ, as a response to changes in machine

performance.

Motivated by increasing the transformer ratio of wakefield drive bunches, several tech-

niques have been identified to finely control the current distribution inside an electron bunch,

with a linearly ramped drive bunch as a central goal. The use of a dogleg chicane with sex-

tupoles to create a linear ramp was investigated by J. England [33] at the Neptune Accelerator

at UCLA. The use of a corrugated, dielectric wakefield structure to induce an energy chirp
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in the beam paired with a chicane was used at BNL to create a linear ramp [34]. While these

schemes are able to generate the required distribution, they lack tunability and flexibility in

quickly altering the tailored profile.

More recently, a laser based method using pulse stacking to shape the temporal laser

pulse shape was used in a similar PWFA wakefield experiment. This method split a single

pulse into 12 micro pulses spaced equally on the temporal axis. Micro-pulse intensity can be

independently controlled to create a linear ramp drive and witness laser pulse [35]. Another

laser pulse shaping method is the use of a transverse mask in a dispersive section [67]. This

acts to shape the beam in Fourier space which is then translated back into the real time axis

through an inverse dispersive process. For low charge electron beams laser shaping methods

are ideal because the laser pulse directly corresponds to the temporal beam profile without

the need for extra beamline elements. However this method does not work for high current

drive bunches, whose space charge forces at low energies in the photo-injector dissolve any

sharp profile features.

A flexible longitudinal bunch shaping method at relativistic beam energies, where space

charge forces are not dominant, is transverse to longitudinal emittance exchange (EEX).

First purposed as a way of improving control over beam quality for FEL applications [68],

the emittance exchange beamline takes the horizontal and longitudinal phase spaces and

exchanges them while leaving the vertical phase space to evolve as a drift. The application

to longitudinal beam shaping was realized by placing a transverse mask in the beamline to

shape the horizontal beam projection prior to EEX [37]. Through emittance exchange this

projection is mapped onto the temporal profile of the beam.

In this chapter will discuss the first order process by which this exchange happens in

detail. Then we discuss effects of higher order terms and collective forces on the final temporal

beam shape. Finally, we will consider how this allows precise shaping of the longitudinal

current profile and show optimization with simulations.

3.2 Emittance exchange

The EEX beamline (Fig. 3.1) consists of two dispersive doglegs separated by a transverse

deflecting cavity. We consider a single particle with the initial coordinate xi in transverse
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and longitudinal phase space

xi =


xi

x′i

zi

δi

 (3.1)

Figure 3.1: Emittance exchange layout.

We consider only the horizontal and longitudinal coordinates as the beam evolves in the

vertical direction according to a simple drift and does not take part in the shaping process.

This will become relevant later, as it becomes important for propagating the longitudinal

profile after the EEX beamline.

The single particle evolution through the EEX beamline is given by the 4x4 transport

matrix, given by

MEEX = MDMTDCMD (3.2)

where MD,MTDC are the linear 4x4 transport matrices of the dogleg and transverse deflecting

cavity respectively. Each dogleg consists of two rectangular bends with a length Lb and a

bend angle of α, separated by a drift D. The transport matrix for a single dogleg is thus
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given by

MD =


1 L 0 η

0 1 0 0

0 η 1 ξ

0 0 0 1

 (3.3a)

L =
2 cos(α)LB + LDL

cos2(α)
(3.3b)

η =
LDL + 2 cos(α)LB − cos2 α(2LB + LDL)

sin(α) cos2(α)
(3.3c)

ξ =
2 cos(α) sin(α)LB + sin3(α)LDL − 2LBα cos2(α)

sin(α) cos2(α)
(3.3d)

where L is seen as the drift length through the dogleg, η is the longitudinal dispersion in

the dogleg and ξ is the momentum compaction factor.

The transverse deflecting cavity (TDC) that separates the two doglegs is a three cell

pillbox style cavity that uses the TM110 mode to apply a longitudinally-dependent transverse

kick to the beam. The E and B fields near the symmetry axis of the cavity are given by [69]

Ex = E0
k

4
(a2 + x2 − y2) sin(kz) cos(ωt) (3.4a)

Ey = E0
k

2
xy sin(kz) cos(ωt) (3.4b)

Ez = E0x cos(kz) cos(ωt) (3.4c)

cBx = E0
k

2
x cos(kz) sin(ωt) (3.4d)

cBy = E0
1

k

((ka)2

4
− 1 +

k2(x2 − y2)

4

)
cos(kz) sin(ωt) (3.4e)

cBz = −E0y sin(kz) sin(ωt) (3.4f)

where a is the scale radius of the cavity E0 is the peak electric field and ω,k are the angular

frequency and wavenumber of the TM110 mode. For this we can clearly see that for particles

completely on-axis (x=y=0) they will experience a deflection from the Ex and By fields which

are completely out of phase from on another. If we assume that the bunch arrives at the

cavity center z = 0 at t = 0 then the magnetic field component goes to zero. Furthermore,

if we assume that the bunch is short relative to the cavity wavelength, ie. kσz << 1 then

41



the transverse kick from the cavity is given as

Ex(z) = E0
(ka)2

4
z (3.5)

This creates a correlation between the longitudinal position and transverse momentum of the

beam. Further calculation of the fields’ effect on the beam yields the 4x4 transport matrix

for a single particle, given by

MTDC =


1 LC κLC/2 0

0 1 κ 0

0 0 1 0

κ κLC/2 κ2LC/4 1

 (3.6)

where the geometric kick strength is κ = (eV/pc)(2π/λ) (pc is the mean momentum, V is

the deflecting voltage and λ is the wavelength of the cavity) and LC is the cavity length. For

our first order calculation we use the thin lens approximation of MTDC by setting LC = 0.

We can now calculate the full 4x4 matrix for the emittance exchange beamline. The full

matrix is given by

MEEX =


1 + κη 2L(1 + κη) κ(L+ LD) η + κξ(L+ LD)

0 1 + κη κ κξ

κξ η + κξ(L+ LD) 0 2ξ(1 + κη)

κ κ(L+ LD) 0 (1 + κη)

 (3.7)

where LD is the drift length between the dogleg and deflecting cavity. If we apply what is

known as the “emittance condition” ie. 1 + κη = 0 then the matrix reduces to

MEEX =


0 0 κ(L+ LD) η + κξ(L+ LD)

0 0 κ κξ

κξ η + κξ(L+ LD) 0 0

κ κ(L+ LD) 0 0

 (3.8)

From this matrix we can see the process of emittance exchange. As the block matrix has no

nonzero diagonal components, the final beam phase space in the z direction only depends

on the initial phase space in the x direction and vice versa. If we apply this matrix to the

initial particle position we get the final location in the z direction given by

zf = {κξ + Si(η + κξ(L+ LD))}xi (3.9)
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where Si = x′i/xi is the position-momentum correlation in the transverse plane. Thus, the

final z position has an explicit dependence on the initial horizontal coordinate of the particle.

Given a perfectly collimated beam (Si = 0), zf is only dependent on xi.

3.2.1 Conceptual Understanding of Emittance Exchange

It is worthwhile to understand what mechanisms take part in the emittance exchange process,

specifically those that are not immediately evident from Eqn. 3.8. In order to do this we

will examine the momentum and position separately, as the emittance exchange beamline

can be split into separate parts respectively. We follow the conceptual explanation from Ha.

et. al. [70].

We first examine the momentum exchange, which happens in the first half of the beamline.

We consider the 4x4 single particle transport for the first dogleg to the end of the transverse

deflecting cavity. Using equations for a single dogleg Eqn. 3.3 and transverse deflecting

cavity Eqn. 3.6 with the thin lens approximation (LC = 0) we see that the transport matrix

for these elements are as follows:

MPEX =


1 L+ LD 0 η

0 1 + κη κ κξ

0 η 1 ξ

κ κ(L+ LD) 0 1 + κη

 (3.10)

Assuming the same single particle coordinates as before, xi = (xi, x
′
i, zi, δi)

T the momentum

coordinates, x′2, δ2 at the end of this EEX beamline section are

x′2 = (1 + κη)x′i + κzi + κξδi (3.11a)

δ2 = κxi + κ(L+ LD)x′i + (1 + κη)zi (3.11b)

If we take a close look at the first two terms in the equation for x′2 we see x′i, which is

simply the initial transverse momentum and κηx′i which is a result of the dogleg and TDC.

For particles with a nonzero initial transverse momentum, the dogleg creates a path length

difference relative to the reference particle (see Eqn. 3.3) which causes it to arrive late in

the TDC. This results in a transverse kick in the deflecting cavity giving rise to the term

κηx′i. If we tune the deflecting cavity kick strength such that κ = −1/η we can cause this

kick to cancel out the initial transverse momentum. Thus, the final momentum is only a
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function of (zi, δi) and has been “exchanged“. Similar logic is used to interpret the terms in

the equation for δ2. It should be noted that the particle still needs to traverse through the

second dogleg but the remaining beamline elements have no first order effects on particle

momentum x′2, δ2.

We now examine the position exchange which is said to happen in the second half of

the EEX beamline from the TDC to the second dogleg end. We again calculate the 4x4

transport matrix for this beamline

MEEX =


1 + κη L+ LD κ(L+ LD) η

0 1 κ 0

κξ η 1 + κη ξ

κ 0 0 1

 (3.12)

And again assuming the same form for single particle coordinates at the beginning of this

section (x1) we get equations for the final position coordinates as

xf = (1 + κη)x1 + κ(L+ LD)z1 + ηδ1 + (L+ LD)x′1 (3.13a)

zf = κξx1 + ηx′1 + (1 + κη)z1 + ξδi (3.13b)

If we tune the beamline to meet the same condition as before (κ = −1/η) we can see

removal of the x1, z1 terms from the final coordinate equations. The TDC applies an x-

dependent longitudinal kick, which then creates a change in the final transverse position due

to dispersion in the dogleg, canceling any initial transverse offset in the TDC. Note that

while the finial positions in x,z have a dependence on x′, δ we can still claim that position

exchange has happened, due to the removal of initial position dependent terms.

3.2.2 Suppressing Second Order and Collective Effects

The picture of emittance exchange beam shaping presented here is an optimistic one. For

a perfect translation of horizontal beam projection to longitudinal current, the divergence

of all beam particles must be exactly proportional to their horizontal offset such that Si is

a constant. This corresponds to a zero emittance beam, which is of course not practicably

realizable. Since the beam particle divergence has some rms spread, the resulting beam

current profile will be smoothed. However, at the Argonne Wakefield Accelerator the first
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order emittance contribution to the profile was found to be negligible [70] due to the low

emittance photoinjector.

We also considered the transverse deflecting cavity to be zero length (thin lens approx-

imation). We also neglected collective beam effects, such as coherent synchrotron radiation

(CSR), which is especially prevalent due to the number of bends in the EEX beamline.

These realities in practice negatively affect the quality of our linear ramp, which results in

a corresponding drop in transformer ratio. This can be corrected through the use of second

order sextapole magnets, but these were not included in the current iteration of the EEX

beamline at AWA. However, a procedure called the “slope-control” method was developed

to correct for these second order terms [70]. This method involves changing the horizontal

phase space “slope” or the central x-x’ correlation such that it minimizes changes to the ide-

alized profile. To mitigate collective effects, it was found that the use of an asymmetric EEX

beamline such that each dogleg has a different momentum compaction factor was effective.

Further experiments suppressing CSR is planned by installing variable gap metallic plates

in the dipoles [71].

3.2.3 Applying EEX to Longitudinal Bunch Shaping

We can now apply this first order theory to creating longitudinally shaped bunches. As we

have seen, particles after the EEX beamline have a longitudinal position dependent on the

initial transverse location. This can be extended to a full bunch distribution as follows

λzf (zf ) = Aλxi(xi) (3.14)

where λzf , λxi are the linear beam densities in the longitudinal and transverse direction

respectively and A is a scaling coefficient. From this our goal is clear, shape the transverse

projection of the beam distribution into the desired form of the final current distribution.

The most straightforward method of doing this is by using a transverse mask to scatter

undesired particles. We will calculate the mask profile by backtracking from a given longi-

tudinal current distribution λzf and assume the transverse beam profile before the mask as

a 2D Gaussian

ρ(x, y) =
1

2πσxσy
exp

(
− x2

2σ2x
− y2

2σ2y

)
(3.15)
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We will simply multiply this distribution to a masking function given by

f(x, y) =


1 −v(x) ≤ y < v(x)

0 otherwise

(3.16)

where v(x) is an equation that defines the mask profile across the entire mask. The final

transverse projection then is given by

λxi(x) =

∫ ymax

−ymax
ρ(x, y)f(x, y)dy (3.17)

Inserting the masking function into this yields

λxi(x) =

∫ v(x)

−v(x)

ρ(x, y)dy (3.18)

and adding in our 2D Gaussian and considering the vertical symmetry of the distribution

gives

λxi(x) =
1

πσxσy
exp

(
− x2

2σ2
x

)∫ v(x)

0

exp
(
− y2

2σ2
y

)
dy (3.19)

Inverting this function to solve for v(x) results in

v(x) =
√

2σyerfinv
[
− σxλxi(x) exp

( x2

2σx

)]
(3.20)

We desire a linearly ramped drive to create the drive and a long witness to sample the

resulting wakefield so our desired transverse profile has the following form

λxi(x) =



ax+ a(ld + lg/2) −ld − lg/2 ≤ x < −lg/2

0 −lg/2 ≤ x < lg/2

b lg/2 ≤ x < lg/2 + ld

0 otherwise

(3.21)

where ld is the length of the drive/witness, lg is the gap length between the drive and witness

bunches, a is the slope of the drive ramp and b is the linear charge density of the witness.

This mask shape can be quite complex and requires careful tuning of beam size and location

on the mask in order to successfully create the correct final profile.

An easier method, shown to be effective in shaping the bunch into a variety of profiles

[72], was to create a uniform transverse beam distribution before the mask. In this case the

mask shape is trivial as it is just a scaled version of the desired current profile. The only
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Figure 3.2: Masking mechanism inserted before the EEX beamline. The vacuum actuator

contains three selectable masks (a) Single triangle drive with large witness, (b) Single triangle

drive with small witness (c) Double triangle drive with large witness.

consideration that remains is making sure the beam size overlaps the cut out mask profile

appropriately. A uniform beam was created by making a uniform laser distribution on the

cathode, using a micro-lens array [43].

Ideally, the mask would be as thin as possible to scatter particles as a function of position

only (thicker masks scatter particles as a function of position and divergence) while still being

able to successfully scatter unwanted particles. Normally, tungsten masks are used due to

their high density but it was observed experimentally that stainless steel masks were also

viable. The EEX beamline has a small enough phase space acceptance that particles only

need to be scattered a small amount to not make it through the EEX beamline.

Masks developed using these considerations are shown in Figure 3.2. The masks were

fabricated from 2 x 2 inch tungsten/stainless steel plates which were laser cut and mounded

on a 1D vacuum actuator. This allowed them to be exchanged in-situ which enabled rapid

testing of different profiles. Each drive beam triangle was designed such that the beam

out of EEX was two wavelengths long for a 110 Ghz wakefield structure. The double-

triangle mask added a quarter wavelength smaller triangle to the drive head using a second,

overlapped mask (laser cutting was not available for this mask) to ensure sharp corners in

47



the distribution.

Transverse beam distributions after masking for masks (a) and (c) are seen in Figure 3.3.

We see that the beam does have some variation in transverse density on the order of 10-20%.

Despite this the horizontal projection of the beam distribution is close to ideal. A slight

curve in the beam head (-x direction) attempts to correct for higher order terms, resulting

in a closer to ideal current ramp after EEX. We also see that when using mask (c) we are

able to create a second small triangle at the beam head.

Figure 3.3: Measured transverse beam distributions after masking using masks (a)(left) and

(c)(right) from Figure 3.2. Normalized horizontal beam projection is shown in red.

3.3 Drive and EEX Beamline Optimization

We begin with optimization of parameters of the beamlines already constructed at the AWA

facility. Parameters inside of the EEX beamline are already set to establish the emittance

exchange condition 1 + κη = 0 so they are not able to be changed. The drive beamline does

have a number of variables to choose, as seen in Fig. 3.4. Our goal is to produce the ideal

longitudinal beam profile with minimum transverse emittance and low energy spread at the

end of EEX. The latter two goals become important for focusing into the plasma source as a

small spot size is critical for the beam to interact properly with the plasma. Both emittance

growth and energy spread increases the minimum spot size achievable due to the betatron

envelope of the beam and chromatic aberrations.

Careful choice of simulation code is necessary as the beams are subject to collective
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effects including space charge forces at low energy near the gun and coherent synchrotron

radiation forces from strong bending angles in the EEX beamline. The Laminarity parameter

ρ determines the dominance of thermal (emittance based) beam envelope evolution over space

charge (electron to electron repulsive forces) dominated evolution [73]. This parameter is

given as

ρ =
I

2IAγ

σ2

ε2n
(3.22)

where I is the beam current, IA = 17 kA is the Alfve’n current and γ is the relativistic

parameter. For ρ < 1 the beam is emittance dominated, particle trajectories do not cross

and the beam behaves like a laminar fluid. As ρ ≈ 1 space charge forces become dominant.

For the AWA gun these parameters are 12 nC in 6 ps or I = 2.0 kA, spot size on the cathode

is 4σ = 10 mm, and transverse emittance is 100 mm.mrad. In this case ρ ≈ 1 for an energy

of about 19 MeV; before reaching this energy the beam is space charge dominated, roughly

the first half of the drive line.

To gain a sense of the effects of coherent synchrotron radiation we can calculate the power

lost to radiation in one EEX bend. The power lost is given by [16]

∆Pcoh ≈
Q2c

ε0ρ2/3σ
4/3
t

. (3.23)

where Q is the total beam charge, ρ is the bend radius and σt is the temporal bunch length.

This induces an average momentum loss and spread in the bunch that is independent of

the beam energy for relativistic beams. Since this energy loss takes place in a dispersive

region, it results in a modification to the beam phase space in the bend plane, which in

turn increases emittance in that direction [74]. This effect is the dominant cause of large

horizontal emittance after EEX, due to high bunch charge and strong bending angle.

The code OPAL [75] was chosen to model the drive and EEX sections of the beamline

as it is able to model space charge and CSR effects. It also has an advantage of having a

built-in genetic optimizer which is ideal for optimizing a large number of variables (as seen

in Fig. 3.4) and offers flexibility in evaluating complex fitness functions.

Beamline parameters for the emittance exchange beamline, which remain fixed, are given

in Table 3.1. The genetic optimizer was used to tune the drive beamline parameters to

minimize the beam’s transverse emittance, energy spread and particle loss coming out of

the EEX beamline. Results from the optimization are seen in Figure 3.5. The optimized

49



Figure 3.4: Major components of the drive beamline with optimization variables available

(red).

Beamline parameter Value Unit

α1,2 20.0 Degree

LB 0.31 m

LD 2 m

LC 0.48 m

LD1,D2 0.5 m

Table 3.1: Design parameters for EEX beamline at AWA.

solution maximized transmission through the transverse mask used for shaping, by choosing

the gun solenoid focusing strength. Energy spread and emittance growth are minimized by

choosing an off-crest linac phase. The quadrupole are set such that the minimum vertical

spot size inside the EEX beamline is at the deflecting cavity, thus minimizing energy spread

due to a longitudinal kick for off-axis particles in the vertical direction. We also see a

partial emittance exchange where the final transverse emittance approximates the initial

longitudinal emittance. Incomplete exchange is due to CSR in the bends.

To verify the validity of our simulation results we conducted a quadrupole scan in a triplet

arrangement and measured the energy spread after the emittance exchange beamline. The

focusing strength of quadrupoles 1 and 3 were set to be equal and quadrupole 2 was set to

negative two times the focusing strength of Q1. The strength was then scanned for Q1 while

maintaining the same ratio for the others. Energy spread was measured in a spectrometer

positioned after the EEX by subtracting the rms beam size with the spectrometer on/off

and then subtracting the rms off beam size from the on beam size in quadrature. The beam
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Figure 3.5: Simulated transverse beam properties as it propagates through the optimized

AWA beamline up to the end of EEX. Left: Plot of the transverse size and beam transmission

(dotted line) of the beam through the drive beamline and EEX. Masking is located at s =

15 m. Right: Plot of transverse and longitudinal normalized beam emittance.

size near the transverse deflecting cavity in the EEX beamline was also measured for each

quadrupole setting. Results from this scan are seen in Figure 3.6. We clearly see a direct

correlation between energy spread and beam size in the deflecting cavity.

After optimization we also compared transverse distributions of the measured beam after

EEX with results from simulation, as seen in Figure 3.7. The measured beam shows moderate

agreement with simulation results. We note that the beam projection in the vertical direction

should remain constant throughout EEX. In both cases we clearly see a contribution from the

witness bunch, which has a sharp cutoff in the y-direction due to its rectangular shape and is

roughly uniform in density. The horizontal beam profile, which changes substantially due to

the exchange, is fairly consistent in size and geometry between simulation and measurement.

This beam distribution is used as the input for plasma beamline simulations, discussed in

Chapter 5.
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Figure 3.6: Measured beam size near the transverse deflecting cavity in EEX plotted and

a measurement of the rms energy spread of the beam after EEX plotted as a function of

quadrupole triplet strength.

Figure 3.7: Transverse beam profiles out of EEX from simulation (a) and YAG screen mea-

surements (b).
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CHAPTER 4

Hollow Cathode Arc Plasma Source

In this chapter we will focus on the plasma source for the experiment. Our goal is to create a

uniform plasma column of a density that closely matches achievable beam parameters from

the emittance exchange beamline at the Argonne Wakefield Accelerator. It is also necessary

to have the ability to tune the plasma density in-situ in order to characterize the effect of

different plasma densities on similar electron beam profiles.

There are several different types of plasma sources used today for both LWFA and PWFA

experiments. These sources generally fall into three categories, laser beam, electron beam

and discharge ionization sources. All start with a choice of neutral gas in a vacuum chamber

at pressures anywhere between mTorr and several atmospheres (760 Torr). The resulting

plasma density depends on the gas pressure and the ionization fraction of the gas

n0[m−3] =
NA

22.4[L]

p[Torr]

760[Torr]
η (4.1)

where NA is Avagadro’s Constant, p is the gas pressure and η is the ionization fraction. If

we change this equation to convenient units we get

n0[cm−3] = 3.52× 1016p[Torr]η. (4.2)

We can see that plasma densities in wakefield experiments can range from 1013−1019cm−3. As

discussed in Chapter 2 the plasma density dictates the overall scaling of the accelerating fields

and the beam size. So it is important to match plasma characteristics to the injected beam to

properly enhance the transformer ratio. To match the beam size we want the characteristic

plasma frequency to be near 110 GHz. From the equation for plasma angular frequency

fp[GHz] = 8.9× 10−6
√
ne[cm−3] the plasma density should be roughly 1.5× 1014 cm−3.

As evident from their respective names, the different plasma source types differ in their

method of neutral gas ionization. Laser ionization occurs when a powerful laser pulse is in-

jected into the gas and the laser field magnitude is high enough to ionize the gas atoms. This
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requires a TW class laser system in order to create the intensity necessary (> 1012 W/cm−2)

in a large enough spot size (∼ 1 mm) to accelerate a moderately sized beam [76] in a lithium

vapor. Beam based ionization of neutral gases is similar to this method as a few nC beam

can produce transverse electric fields that reach GV/m scales [77]. The downsides of these

methods are that the laser/beam used to create the plasma can rarely be used for other

purposes during an experiment, despite the amount of effort required to produce them. The

advantage of these methods is that they allow complex and finely tailored plasma profiles

[78], sometimes with multiple gas species in tandem [79].

Discharge methods by contrast offer a much simpler method of creating plasmas, while

giving up precise control over the plasma density profile. A neutral gas is ionized via a

capacitive discharge, powered by an external circuit. Its relatively simple ionization makes

it ideal for experiments unconcerned with precise plasma distribution control, and as such

is used in this experiment.

This chapter begins with a discussion of the relevant physics behind discharges with a

particular focus on the requirements for formation. We will then apply this knowledge to our

particular type of device, the hollow cathode arc plasma source. Finally we will conclude

our source discussion with plasma measurement techniques and a characterization of the

plasma used in this experiment. Part of the goals for this chapter is to have it serve as a

reference guide for the plasma source used in this experiment, as useful references for the

unique characteristics of this device are scarce.

4.1 Physics of Plasma Discharges

We start with an examination of the different plasma discharge regimes, as discussed in the

helpful book “Fundamentals of gaseous ionization and plasma electronics” [1]. We consider

a vacuum chamber containing neutral gas at a given pressure p. Inside the chamber there

are two planar electrodes separated by a distance d and a voltage V is applied externally to

the electrodes creating a uniform electric field Ez = V/d. The current that travels between

the two electrodes for a given voltage is determined by a number of physical processes and

is captured in Fig. 4.1. There are three main regimes, based on the observable phenomena

in each. We start with the voltage below what is known as the breakdown voltage. In
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Figure 4.1: Typical voltage-current relation of a gaseous gap, for neon gas at 1 Torr with

disk electrodes of 2 cm diameter and separation of 50 cm. Adapted from [1].
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this regime, ions and electrons are created via random processes (external radiation such as

photoemission or radioactivity) on the cathode and anode. These ions are accelerated by

the electric field until they reach the opposing electrode. Current in this case is extremely

low so nothing is visible to the eye, which is where this “dark” regime gets its name.

Once electrons are emitted from the cathode they travel towards the anode and have a

chance of colliding with neutral gas molecules in the inter-electrode space. Average distance

particles travel between collisions, or the mean-free path, is inversely proportional to the

gas density and determines the energy gain in-between collisions, due to the electric field.

Eventually, accelerated electrons have enough kinetic energy to liberate one extra electron

from collisions with subsequent gas particles. These liberated electrons are also accelerated

by the electric field and can then go on to liberate more electrons from other gas particles

in what is called a Townsend avalanche/discharge. This creates an exponential growth in

current from the cathode to the anode.

Ionized gas particles from collisions with electrons are simultaneously accelerated towards

the cathode. At a given voltage their impacts on the cathode release secondary electrons

from the surface. Depending on the frequency of electron emission from these results in

an over-exponential growth current and the discharge becomes self sustaining, as long as

a minimum voltage known as the “sustaining voltage“, which is lower than breakdown, is

applied. The resulting current in this regime becomes dominated by the electrode geometry

and neutral plasma density. At this point the current is high enough to make the plasma

visible to the eye, hence referred to as the “glow regime“. The breakdown voltage required

for a given gas pressure ρ and inter-electrode distance d is found using Paschen’s Law [80]

given by

VBD =
Bpd

ln(Apd)− ln(ln(1 + 1/γ))
(4.3)

where A = σ/kBT and B = UIσ/ekBT are calculated from characteristics of the plasma

discharge. The avalanche is characterized by electron-ion collisional cross section σ, the

probability of an ion releasing a secondary electron from the cathode γ and the energy

necessary to ionize a neutral particle UI . These parameters account for the three processes

that govern the discharge, 1) the mean free path of electrons inside the neutral gas, 2)

the energy gained by particles traversing that path relative to the collisional ionization

energy, 3) emission of electrons and ions from electrode surfaces. Typical values for air
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at room temperature and stainless steel electrodes are A = 1.5 mTorr−1m−1, B = 36 V-

mTorr−1m−1 and γ = 0.02. A plot of the breakdown voltage as a function of pressure times

electrode separation pd is seen in Fig. 4.2. As we can see, the breakdown voltage required

is often several kV which creates a significant technical challenge for long discharges at high

pressures. We also observe a minimum voltage for discharge is required regardless of pd

which is dependent solely on the gas parameters. Finally, we see asymptotic behavior in the

discharge voltage when pd→ log(1 + 1/γ)/A this limit corresponds to a lack of available gas

particles to sustain the discharge current.

Figure 4.2: Plot of the minimum breakdown voltage as a function of pd for a discharge with

A = 1.5 mTorr−1m−1, B = 36 V-mTorr−1m−1 and γ = 0.02. Vertical dashed line shows limit

of asymptotic behavior when pd→ log(1 + 1/γ)/A.

If we establish the glow regime successfully, we can increase the voltage significantly

beyond the sustaining level to reach the plasma arc regime. At this point ion bombardment

of the cathode now heats the cathode surface. This results in two effects, it heats the

surrounding neutral gas, allowing multiple liberated electrons per collision, and the heated

cathode starts to emit electrons thermally. The thermal emission of electrons is described

by Richardson’s law [81]

J = AGT
2e−W/kBT (4.4)
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where AG = λRA0 or a constant A0 = 1.20173 × 106 Am−2K−2 times a material specific

correction λR. W is the material work function and T is the temperature. These two

effects add a considerable number of free electrons to the inter-electrode space, significantly

increasing the current and reducing the voltage needed to maintain the discharge. This

regime is referred to as the arc, due to the extremely high plasma current, which is only

limited by the external voltage circuit and electrode health. In most configurations plasma

sources that operate in this regime are powered by two separate power supplies in tandem.

A high voltage, low current starter is used to reach the arc regime and a low voltage, high

power supply is used to sustain the plasma at a low voltage and allow current increase to

desired levels.

4.2 The Hollow Cathode Arc Plasma Source

We now use these principals to investigate a specific subset of arc discharge plasma sources,

known as the Hollow Cathode Arc (HCA) plasma sources. Progress on HCA development

and fundamentals of operation was collected into a seminal paper by Delcroix and Trindade

[3] and we reference their work here. These sources can be varied in geometry but have

one thing in common, a cathode, into which the plasma region extends as seen in Figure

4.3. This assures a large area which the plasma strongly interacts with the cathode surface,

Figure 4.3: Basic structure of a hollow cathode arc plasma source showing ionized particle,

neutral particle and plasma sheath regions.

which is the key to efficiently reaching the arc regime. It also increases the probability

that emitted and liberated electrons collide with neutral particles before reaching the inter-
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electrode space. Due to this, the resulting current from a hollow cathode is greater than a

planer one. Work on hollow cathode arcs over a wide range of parameters such as electrode

configuration, cathode materials, gas species and operational parameters found that an ideal

the hollow cathode arc based source with a tantalum cathode and argon gas creates a pure

plasma without contamination from cathode material, with a density of 1013 − 1014 cm−3

and is highly ionized (up to 95%) while maintaining a long cathode lifetime even at high

currents (I < 300 A) and high temperatures (T < 2500 K).

We can separate operation of hollow cathode arc devices into several working regimes

based on their pressure P , gas inlet flow rate Q and discharge current I as seen in Table

4.1. As is expected from its name, the normal regime has the optimal parameters for main-

Name P Q I

Normal regime (N) < 0.1 Torr > 10−2 cm3 STP > 10 A

Low gas-flow regime (LQ) < 0.1 Torr < 10−2 cm3 STP > 10 A

Low current regime (LI) > 0.1 Torr Indifferent > 10 A

High-pressure regime (HP) > 1 Torr Indifferent Indifferent

Table 4.1: Working regimes in a HCA plasma source. Adapted from [3].

taining discharge quality and cathode lifetime. In this regime the observed hot spot from

ion bombardment is stretched over a large wall area as the plasma penetrates inside the

cathode as supposed to smaller hot spots observed on planer cathodes. The requirement

for gas pressure inside the hollow cathode is such that it allows for a high probability for

wall-emitted electrons to collide with neutral particles and generate ions that heat the inner

cathode wall. The hot spot location inside the hollow cathode can be controlled via the gas

flow rate, as it decreases the plasma penetrates deeper into the cathode, thus pushing the

hot spot due to ion bombardment deeper as well. This acts to raise the overall discharge

voltage and accelerate the electrons more inside the cathode, where each emitted electron

can undergo several ionizing collisions resulting in an increased discharge current.

The other regimes of HCA operation are to be avoided in order to successfully discharge

the plasma and maintain long cathode lifetime. As we saw in the normal regime, if we

decrease gas flow the discharge voltage rises. At some point the gas flow will be unable to

maintain the pressure gradient required to sustain heating of a small region and sufficiently
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higher voltages are required to achieve discharge. If on the other hand, if discharge current

is too low then the ion bombardment is not sufficient to heat the cathode wall to create an

internal positive column. In this case the hot spot is unstable, vaporization and damage to

the cathode is expected due to instabilities. Finally, in the high pressure limit the hot spot

becomes extremely localized regardless of the discharge current or location due to gas flow;

damage of the cathode due to vaporization is also expected in this case.

The final parameter that effects plasma discharges is the application of an axial magnetic

field. Charged particles in plasma generally have significant velocities associated with them.

In the presence of a magnetic field they tend to spiral around magnetic field lines with the

Larmour gyroradius of

rg =
mv

|q|B
. (4.5)

The radius decreases with magnetic field such that the charged particles can be confined to

a localized region in a high magnetic field. For example, if a hollow cathode has a diameter

of 1 cm and the plasma was created with a 150V discharge, the inter-electrode electrons

would be confined to a column with the same radius using a magnetic field of 4 mT. This

has been found to modify the discharge voltage required for a given current, dependent on

the gas flow rate. The magnetic field can thus be used to increase or decrease the plasma

confinement, which in turn allows easy modification of the plasma density during accelerator

operations.

4.3 The UCLA Plasma Source

The specific hollow cathode arc plasma source used in this experiment has several differences

from the previously described HCA design, but fundamentals of operation are the same. A

partially cut out view of the UCLA plasma source is shown in Figure 4.4. Beams enter the

plasma source from the top right, they travel through the hollow cathode (which is resistively

heated by an external high current power supply) into the plasma region and then through a

ring anode. Large solenoids outside the plasma chamber generate an on-axis magnetic field

that acts to confine the plasma. In this section we discuss the design and operation of each

subsystem in detail.
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Figure 4.4: Partially cutout 3D image of the main components in the plasma source.

4.3.1 Mechanical Subsystem

The plasma discharge gap is formed by a simple ring anode and a hollow cathode which is

comprised of three concentric tantalum tubes seen in Figure 4.5. Tantalum is the material of

choice for the cathode surface due to its low conductivity, high temperature resistance, and

historically good performance in previous hollow cathode arc experiments [3]. The central

tube (colored blue in Figure 4.5) is supported on either side by two high current (I < 1000

A), low voltage (V < 10 V), water cooled electrical vacuum feedthroughs. Cathode arm A is

welded to a set of small vacuum bellows and is attached to an external movement mechanism,

which allows small changes in the front arm position in-situ. The ability to tune the tube

location is necessary to accommodate any deformations in tube geometry due to repeated

heating and cooling cycles. The other cathode arm is welded in place and can only be slightly

rotated due to a rotatable flange. The tube is attached to the arms via compression on the

flayed out portions on either end of the tube. It should be noted that this tube is the only

electrical connection between the two cathode arms, a distinction that becomes important
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Figure 4.5: Partially exploded view of the hollow cathode assembly used in the UCLA plasma

source.

when discussing the electrical subsystem.

The smallest tube (seen in green) is press fit into a gas diffuser mechanism (to be discussed

in the next subsection) that is then attached to cathode arm B. It is secured in place with a

number of long set screws which doubles as a holder for the central tube. A copper collar is

then put in place around the cathode arm and gas diffuser to maintain alignment between

the two pieces. This tube has a inside diameter of 11.4 mm which allows only a sub-mm gap

in between the two central tubes. It is critical that these tubes are aligned properly 1 such

that they do not come in contact with one another. It has been observed that these tubes

can “weld” to each other if they come into contact, thus reducing overall external heating

and prevents high current discharging.

The largest tube (seen in red) serves as a blackbody radiation shield. When the central

tube is heated it gives off a significant amount of blackbody radiation. This is the main source

of energy loss from the center tube which reduces the tube temperature, as conduction energy

loss is limited towards the tube ends and convective losses are nonexistent in a vacuum. To

reduce energy loss due to blackbody radiation the third tube is added to reflect this energy

1Experience says that the smallest tube axis should have a slight upward angle with the center tube axis,
to take into account future droop due to heating.
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back onto the central tube. It is important that this tube is long enough to reflect energy

back onto the central tube but not come in contact with both cathode arms as to provide

another path for heating current to travel along. In cases where contact does occur, this

tube can deform, which leads to discharge problems.

4.3.2 Electrical Subsystem

The full electrical subsystem is shown in Figure 4.6. It consists of three main power systems,

external heating, discharge, and solenoid.

Figure 4.6: Schematic showing electrical systems of the UCLA Plasma Source

A unique feature of the UCLA plasma source is that the cathode tubes are heated ex-

ternally prior to striking the discharge. As discussed in Section 4.1, the arc regime requires

heating of the cathode surface and the nearby gas. Normally, this is achieved through ion

bombardment when the electrode potential difference is on the order of 1 kV. To circumvent

this limit, the tubes are resistively heated by an external power source supplying 1000 A

seen in the electrical schematic in Fig. 4.6. Cathode arm (A) (as seen in Figure 4.5) is set

to ground voltage as it will serve as the direct cathode for arcing, while Cathode arm (B)
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can be raised up to 7 volts. Based on the measured potential difference and current across

the tubes we can estimate the power delivered to the tubes. An optical pyrometer was used

to measure the tube temperature as a function of power output from the supply as seen in

Figure 4.7. It should be noted that monitoring the supply voltage is also a good way of

monitoring cathode health as large deviations in resistivity outside of thermally dependent

changes in resistance are a sign of damage.

Figure 4.7: Left: Measurement of tube temperature and calculated thermionic current from

Richardson’s Law as a function of supply power. Right: Camera image of heated cathode

at low power.

At a peak power output of ≈ 4.5 kW the tube temperature was roughly 2025 K while

overall the temperature scaled linearly with supply power. From the camera image, we can

clearly see that the innermost tube is heated significantly, despite it not receiving any direct

electrical current. This is most likely due to radiation heating from the central cathode tube.

Water cooling was used to maintain low temperatures in components exposed to the heater

current of 1000 A. Water was pumped into a manifold which had separate hoses for each

cathode arm, copper leads for high current wires and solenoids (discussed in Section 4.3.4).

Nominal operational flow rate during plasma discharges was 4 gal/min. A collection of 4

0000 gauge wires (each rated for up to 300A) were used to connect the power supply to the

plasma source.

Once the cathode is heated, the plasma is able to be discharge capacitively. As seen in

Figure 4.8 a set of large capacitors with net capacitance of 48 mF was charged to 150V using
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Figure 4.8: Schematic showing electrical circuit for plasma discharge box.

a DC power supply. A high power, solid state switch with an external trigger was used to

discharge these capacitors across the plasma gap. As these capacitors store up to 0.5 kJ of

energy when fully charged, a bleed resistor (R = 574 Ω) was connected in parallel to the

capacitors to prevent charge build up when the plasma is not being discharged. Also in

parallel with the capacitor bank was a pair of resistors to serve as a voltage divider (x 1/15)

to safely monitor capacitor voltage.

The plasma discharge switch was triggered with a 200 µs, 5 V TTL pulse. Due to

switch power constraints this is the maximum pulse length for a 150 V, < 300 A pulse at a

repetition rate of 1 Hz. As discussed previously, during an arc discharge, the plasma current

is determined by external circuit characteristics. In this case a high power, tunable resistor

with R = 0.0 − 1.0 Ω was used to control the discharge current. The approximate current

expected from tuning this resistor value is I = (V − 50)/R due to a 50 V potential drop

across the plasma. With a capacitance of 48 mF and a resistance of 0.5 Ω, the discharge

time constant τ = RC is 24 ms. This is substantially longer than the discharge pulse length

of 200 µs which means we can assume that the voltage applied to the discharge is a constant

150 V over the pulse duration.

4.3.3 Gas Subsystem

Prior to arcing, argon gas is injected into the chamber in between the central HCA tubes.

Without gas injection, the nominal chamber pressure is P ≈ 1×10−6 Torr under continuous

pumping using the attached turbo and scroll pumps. Assuming an ionization fraction of
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at least 10%, the gas pressure in the inter-electrode region for a plasma density of n0 =

1.5× 1014 cm−3 should be about 10−1 Torr.

To inject Argon gas into our chamber at the appropriate density and flow rate, a hybrid

constant flow-pulsed gas system was developed, as seen in Figure 4.9. The vacuum pumping

system cannot operate at the given pressure above for extended periods of time so in order to

reduce load on the turbo-molecular pump and prevent beam scattering from the gas, it was

injected using a fast solenoid, triggered by a short TTL pulse. Once the solenoid is opened

it takes some time T to travel into the chamber, depending on the vacuum feedthrough tube

length so the discharge pulse is delayed relative to the solenoid opening pulse time. To evenly

Figure 4.9: Top: Schematic showing the gas flow subsystem. Bottom Left: 3D detail view of

gas diffuser. Bottom Right: Timing of voltage trigger pulses for gas solenoid and discharge

with a sketch of pressure in the chamber over time.

disperse gas through the annular region between the inner and central tubes a gas diffuser

was designed. It consists to two separate parts which are screwed together and then the
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inner tube is press-fit into the central hole. When inserted into Cathode arm (B), as seen in

Figure 4.9, it accepts gas input and then disperses it into the annular region via a number

of smaller channels, evenly spaced around the inner tube.

Ideally gas would only be injected during the arcing period, but a solenoid valve with

sub-ms opening/closing time is prohibitively expensive, which means another layer of control

is needed to reduce gas flow into the plasma chamber. Our solenoid valve takes roughly 4 ms

to open or close. If the chamber was exposed to the Argon source bottle pressure of 30 - 60

PSI for this time, the chamber pressure would destroy the pumps used to maintain vacuum.

However, pressures on this order are required to achieve a suitable gas flow rate through

feedthroughs into the cathode. To limit the total gas volume introduced into the chamber

for each pulse, a tunable gas flow meter was used to limit gas flow into the tube region before

the solenoid. Flow was set such that this anti-chamber was refilled to equilibrium pressure

in between each pulse, but not high enough that it would flood the plasma chamber while

the solenoid valve was open.

With this system in place we were able to maintain a chamber pressure as measured by

the thermocouple gauge of below 5 × 10−2 Torr during discharges. Since this measurement

happens at the turbo-pump inlet, it is expected that this is the lowest pressure inside our

chamber. The pressure should rise significantly as we approach the cathode outlet, increasing

by at least an order of magnitude to reach the target plasma density. We can roughly tune

the gas pressure in the cathode during arcing by changing the discharge pulse delay. It was

observed that for the setup at AWA the minimum pulse delay was 13 ms, before which the

arc would not discharge. This depends on the tube length and diameter between the solenoid

valve and the vacuum feed-through.

4.3.4 Solenoid Subsystem

A pair of two, water cooled solenoids was used to provide an on-axis magnetic field to confine

the plasma. An iron yoke constructed around the pair confined magnetic fields inside the

plasma source and improved flux flow through the magnetic circuit. ANSYS Electromagnetic

suite [] was used to model the magnetic fields for various coil current densities. On-axis

magnetic fields were measured using a longitudinal hall probe on a 1D translation stage to

verify simulation accuracy. This measurement, conduced for a number of different solenoid
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currents, is seen in Figure 4.10. From this measurement we can see that the magnetic field is

Figure 4.10: On-axis hall probe measurements of the longitudinal magnetic field for different

solenoid current settings compared to simulation results. Longitudinal region where the

plasma exists is highlighted.

not perfectly uniform inside the plasma region. This is not ideal as it will directly influence

the plasma density profile. However, gas density across the discharge is not uniform either,

which makes it difficult to achieve a perfectly uniform column regardless. Further intense

study of how the gas density and magnetic field interact to make an idealized plasma column.
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4.4 Plasma Diagnostics

The measurement of the plasma density and plasma electron temperature is necessary for

correctly tuning the plasma source to match simulations and incoming beam parameters.

Furthermore, the pulsed nature of the hollow cathode arc source limits the ideal measurement

scheme to ones that operate on the 100 µs timescale. A triple Langmuir probe design was

then selected to measure the time-resolved plasma density and electron temperature along

the longitudinal direction. This section starts with a brief review of basic Langmuir probe

theory for context, then it explores the theory of triple Langmuir probes and finally presents

the technical design and limitations of the device used for the plasma density measurement.

4.4.1 Plasma Sheaths

To understand the physics involved with probe measurements we must first explore the

concept of plasma sheaths. We start by assuming a Maxwellian velocity distribution for

both the plasma electrons and ions. If we introduce an isolated, metallic probe into the

plasma, electrons and ions will impact the probe surface. Due to their large mass, the ions

have a significantly lower temperature than the electrons by several orders of magnitude,

which means that electron velocities are higher by at least a factor of
√
mi/me. Significantly

more electrons than ions will impact the probe surface and the probe will become negatively

charged. Electrons inside the plasma will then be repelled from the probe surface while ions

are attracted resulting in a sheath of positive charge, an effect often referred to as Debye

shielding [82]. This creates a potential drop from the probe surface to the plasma bulk, as

seen in Figure 4.11.

We can solve for the Debye sheath condition by considering the plasma steady state

behavior near a metallic boundary at z = 0 extending in the positive direction. We assume

that particle densities outside the sheath create a quasi-neutral plasma ni = ne and that the

ion and electron temperatures are given by Ti, Te respectively. The 1-D ion velocity is given

by conservation of energy as

1

2
miu(x)2 =

1

2
miu

2
0 − eφ(x) (4.6)
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Figure 4.11: Steady-state ion sheath development around a single metallic probe inserted

into a plasma.

where u0 is the ion velocity as it enters the sheath. Conservation of particle number gives

n0u0 = ni(x)u(x). (4.7)

In equilibrium and with the presence of an external field, electron density is given by the

Boltzmann distribution [83]

ne(x) = n0 exp
(eφ(x)

kTe

)
. (4.8)

Finally, Poisson’s equation in 1-D is given by

d2φ(x)

dx2
=
e(ne(x)− ni(x))

ε0
. (4.9)

If we normalize the potential, position, and ion velocity to

χ(ξ) = − eφ

kTe
(4.10a)

ξ =
x

λD
(4.10b)

y =
miu

2
0

2kTe
(4.10c)

ne,i =
ne,i
n0

(4.10d)

where λD =
√
ε0kTe/n0e2 (or λD = 7.2 × 103(Te[eV]/n0[m−3])1/2 in practical units) is the

Debye length. Combining these definitions we can calculate the ion density to be

ni = (1 + χ/y0)−1/2. (4.11)
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Poisson’s equation can be integrated after multiplying χ′ and using the boundary conditions

χ, χ′ → 0 for ξ →∞ giving

(χ′(ξ))2 = 4y0[(1 + χ/y0)1/2 − 1] + 2(e−χ − 1). (4.12)

A solution for this equation can only be found numerically, but we can gain some information

by considering that the left side must be greater than zero due to the square. If we expand

our equation as ξ → 0 to be

(χ′)2 =
(

1− 1

2y0

)
χ2 +O(χ3) (4.13)

we find that y0 ≥ 1/2. Thus the sheath only forms if the ion velocity satisfies

v2
0 ≥

kTe
mi

(4.14)

which is known as the Bohm criterion [84]. If the ion velocity u0 at the boundary is to

small, the sheath potential will “eat” its way deeper into the bulk plasma to accelerate the

ions further. Eventually, a quasi-neutral plasma region will develop with a potential drop

V0 ∼ kTe/2e to accelerate ions such that they satisfy the Bohm criterion, as seen in Figure

4.11.

Development of this sheath will be affected if we provide a biasing potential relative to

the plasma. Electron and ion currents into a biased probe as a function of bias voltage is

shown in Figure 4.12. Several probe bias levels are of particular interest in order to use a

Figure 4.12: Electron and ion current into a biased probe as a function voltage difference

between probe tip and plasma where φ = e/kTe.

probe to measure the plasma density and temperature. When the probe voltage is set above
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the plasma space potential, all electrons in a given area near the probe are collected while no

ions have the kinetic energy to reach the probe. In this case, the total current is determined

solely by the electron density. If we continue to increase the probe voltage, the collection

region becomes so large that the probe begins to act as an anode which results in a disruption

of the plasma discharge. When the probe voltage is set to Vs such that ∆V = 0 no sheath

develops and the net current is due only to thermal particle motion, thus collecting mostly

electron current.

Once the bias voltage is reduced to below the space potential such that ions who are

accelerated meet the Bohm criterion at V0, a positive sheath develops. This acts to prevent

electrons below a certain energy threshold from reaching the probe, thus reducing the col-

lected electron current. Eventually, the sheath is strong enough to repel a significant portion

of the electrons such that no net current is absorbed by the probe. This is equivalent to the

isolated probe case discussed earlier. As the probe voltage is pushed lower no electrons have

enough energy to reach the probe surface and the electron current goes to zero. The ion

current is roughly constant when ∆V is below the sheath producing voltage difference, as the

number of ions captured by the sheath region is limited by the overall plasma density. This

limit is usually referred to as the ion saturation current. A slight deviation from constant is

observed due to a small growth in the sheath size as we push the probe voltage lower.

4.4.2 The Triple Langmuir Probe

Now that we understand how plasma electrons and ions respond to the presence of biased

probes we can use them to measure plasma temperature and density.

The single Langmuir probe is the simplest way to measure the density and electron

temperature of a plasma. It consists of a simple bare wire inserted into a plasma region

with a power supply to bias the probe relative to the plasma potential. Calculation of the

density and electron temperature is generally done by fitting the I-V curve near the plasma

space potential to determine the electron temperature and then measuring the ion saturation

current and solving for the plasma density, using the temperature calculated in the first step.

Despite its simplicity, the single Langmuir probe has several issues. Generally, the probe is

operated by automatically sweeping the applied voltage and measuring the response current

during the sweep. This requires complicated electronics to do the bias sweep and simulta-
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Figure 4.13: CAD drawing of triple probe geometry showing alumina insulating sheath and

tungsten probes.

neously measure mA scale currents from the plasma. This along with post-processing can

introduce systematic errors in the measurement. Furthermore, sweeping the voltage takes a

finite amount of time which prevents time-resolved measurements of the plasma dynamics

below the sweep period. State of the art voltage sweepers can reach only 500 µs periods,

whereas plasma phenomena can take place on a 100 MHz - 100 GHz timescale.

The triple Langmuir probe design solves the time resolution problem by making three

simultaneous measurements of the I-V curve. Simply put, the triple Langmuir probe is

a combination of three individual probes which are biased at different voltages relative to

the plasma space potential. The design was first published in a paper by S. Chen and T.

Sekiguchi [2]. Their theory and resulting design are reproduced here for reference. The

analysis contained here rests on three assumptions, (a) the electron energy distribution in

the plasma is Maxwellian. (b) The mean free path of the electrons is larger than both the ion

sheath thickness as well as the probe radius. (c) The ion sheath thickness is smaller than the

probe separation, such that the interaction effects between adjacent probes are negligible.

The first assumption is valid for most laboratory plasmas, the second and third conditions

are satisfied by probe design choices. An estimate for the mean free path λ̄ = 1/πd2n0 for

electrons in an argon gas (d = 140 pm) with a pressure of 10−1 Torr is equal to about 105

mm. The Debye length (the scale size for the ion sheath) for our plasma density is about 2

µm which is significantly smaller than the mean free path. To satisfy conditions (b) and (c)

the triple probe used in this experiment had three tungsten probes with a separation of 2.7
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Figure 4.14: (a) Electrical schematic of triple probe measurement system and (b) relative

potential of each probe due to biasing (adapted from [2]).

mm and a diameter of 0.9 mm, as seen in Figure 4.13.

An electrical schematic of the probe is shown in Figure 4.14. The outer two probes are

biased with respect to the central probe and current in the two biased probes is measured.

If the bias voltages Vd2 and Vd3 are both zero then no current flows between the probes

and their voltages become fixed at the plasma floating potential (see single Langmuir probe

section). If the bias voltages become negative with respect to the reference probe then P2

and P3 are forced below the floating potential which dictates that current flow through these

probes is mainly ion current. Conversely, if the reference probe is raised slightly above the

plasma floating potential and sees mostly electron current.

Current flowing into the probes at any instant is given by

−I1 = −SJe exp(−φV1) + SJi(V1) (4.15a)

I2 = −SJe exp(−φV2) + SJi(V2) (4.15b)

I3 = −SJe exp(−φV3) + SJi(V3) (4.15c)

φ = e/kTe (4.15d)

Je = nee(kT/2πme)
1/2 (4.15e)

where S is the probe surface area exposed to the plasma and Je, Ji are the electron and ion

saturation currents respectively. We wish to operate the probes at voltages far below the

sheath producing voltage V0 (see Figure 4.12). In this limit the ion current density is roughly

independent of the probe reference, i.e. SJi(V1) ' SJi(V2) ' SJi(V3). If we assume that
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this is indeed the case we find that

I1 + I2

I1 + I3

=
1− exp(−φVd2)

1− exp(−φVd3)
(4.16)

which gives an explicit measurement of the electron temperature Te. We can also solve for

the ion saturation current

Ji =
1

S

I3 − I2 exp(−φ∆V )

1− exp(−φ∆V )
(4.17)

where ∆V = Vd3−Vd2 = V3−V2. The three currents I1, I2, I3 are related through Kirchhoff’s

law so I1 can be determined via I2, I3. Those measurements, along with the known biasing

potentials, directly measures the electron temperature Te and the ion saturation current Ji.

As voltages of the triple probe are below the plasma voltage, we cannot directly measure

the electron saturation current and thus the plasma density. We aim to use our understanding

of sheath development to translate measurement of the ion saturation current to infer the

plasma density. We know ion saturation velocity and current at the sheath boundary must

satisfy Bohm’s criterion, thus

vis = (kTe/mi)
1/2 (4.18a)

Jis = enisvis = enis(kTe/mi)
1/2. (4.18b)

Assuming that the electron and ion densities are roughly equal in the quasi-neutral region

and the electron density is given by Eqn. 4.8 at the sheath boundary then

nis ' nes = ne exp(−φ(1/2φ)) = ne exp(−1/2) (4.19)

If we assume that the sheath boundary has nearly the same surface area S ′ as the probe S

then the ion current can be related to the plasma density

Ji = (S ′/S)Jis ' Jis = ene(kTe/mi)
1/2 exp(−1/2). (4.20)

Thus a measurement of both the ion saturation current and the electron temperature is

enough to infer the plasma density.

4.4.3 Direct-Display System

A modification to the triple probe design seen in Figure 4.6 allows an easier, direct measure-

ment of the electron temperature and plasma density. A schematic describing this modifi-

cation is seen in Figure 4.15. We disconnect P2 from the other two probes and terminate
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it with an MWresistor to prevent current flow into the probe (I2 = 0). This causes the

probe voltage to immediately increase up to the floating potential of the plasma. It also sets

I1 = I3, thus Eqn. 4.16 becomes

1

2
=

1− exp(−φVd2)

1− exp(−φVd3)
. (4.21)

From this we can calculate the electron temperature simply by measuring the voltage dif-

ference between the reference probe (P1) and our floating probe (P2). If we choose our bias

voltage Vd3 such that φVd3 >> 1 then the electron temperature is simply kTe = eVd2/ ln(2).

If we plug these currents into the equation for saturation current Eqn. 4.20 and use Eqn.

4.21 we get

Ji = (I/S)[exp(φVd2)− 1] (4.22)

yielding the plasma density to be

ne =
m

1/2
i I

S

exp(1/2)

e
√
kTe[exp(φVd2)− 1]

(4.23)

In practical units, ne[cm−3], S[mm2], I[µA], Te[eV], and M (effective ion mass), and plugging

in kTe = eVd2/ ln(2) this becomes

ne = 1.05× 109M
1/2I

ST
1/2
e

(4.24)

If our argon based plasma (M = 40), has a density of ne = 1.5× 1014 cm−3, and an electron

temperature of 10 eV we expect a voltage difference Vd2 = 6.9 V and a probe current of

I ∼ 45 mA.

With this in mind we can choose the circuit parameters seen in Figure 4.15. We directly

measure the voltage difference between Vf and V+ by subtracting waveforms measured on an

oscilloscope, both terminated by 1 MW internal resistors. The probe current I is measured

using a shunt resistor with a resistance of 100 W and measuring the potential difference across

the shunt. Biasing voltage is chosen such that the potential difference Vd3 >> kTe/e, taking

into consideration the voltage drop across the shunt resistor. In order to measure voltages

relative near the plasma floating voltage the bias potential was supplied using a collection of

isolated 9 V batteries for a total voltage of 54 V, exceeding an expected electron temperature

of 10 eV [3] by at least a factor of 4.
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Figure 4.15: Overview of Triple Langmuir Probe direct display plasma density measurement.

Three electrodes (a) are inserted into the plasma region. Two of the probes are biased with

respect to one another to collect ion saturation (b) and electron current just above the floating

voltage (d). The final probe (c) is left at the plasma floating potential which collects no net

current. A simultaneous measurement of the floating potential and the current through the

biased probes yields a direct measurement of the plasma temperature and density.

4.5 Plasma Measurements

Measurements of the plasma discharge response from the pulsed voltage source are seen in

Fig. 4.16. Figure 4.16(a) shows a measurement of the modified Paschen curve due to external

cathode heating. For each chamber pressure p, the voltage was increased from 0 V until a

discharge with current of at least 1 A developed which was considered to be the breakdown

voltage VB. The measured curve shows differences in structure when compared to cold

cathode measurements. A lack of asymptotic behavior at low gas pressures is particularly

significant and is most likely due to constant thermionic electron current creating a “quasi-
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self sustaining” discharge.

Figure 4.16: Plasma discharge measurements with external heating at 5 kW and solenoid

current of 10 A. (a) Modified Paschen curve [80] of plasma breakdown voltages VB with at

least 1 A discharge current. Minimum breakdown voltage is 15.6 V at pressure p = 7.8×10−2

Torr (d = 8 cm). (b) Current traces of discharges at different applied voltages. Discharges

start at t = 0 and τp, τs are the primary and secondary formative time lags for reaching

steady state discharge.

Figure 4.16(b) shows the plasma discharge temporal evolution as a function of discharge

voltage. We observe that at low voltages the discharge current reaches a peak significantly

after the voltage is applied (orange line). This effect is known as the primary formative time

lag τp of the plasma discharge, and is influenced by the “overvoltage” applied Vo = V − VB.

If the voltage applied is precisely equal to the breakdown, Vo = 0 and the formative time

τ →∞. As overvoltage increases, the time lag decreases in an exponential manner, consistent

with previous experiments [1].

A secondary peak in the discharge current is observed once a higher applied voltage of

≈ 80 V is reached which is due to secondary electron emission mechanisms [1]. This is most

likely due to cathode emission due to positive-ion impact. As discussed before, plasma ions

are accelerated towards the cathode by the discharge potential. Once this reaches a high

enough level, impact from these ions triggers secondary electron emission. The ion drift

velocity is much slower than the electron drift and thus the secondary emission formative

time τs is greater than the primary time scale.
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Initial measurements of the plasma density were carried out at a single location. Results of

the time dependent plasma temperature and density are seen in Figure 4.17. Time dependent

measurements of the plasma temperature and density were taken during ten consecutive shots

at a frequency of 1 Hz and the average time dependent plasma parameters were calculated.

In this case we see a plasma density close to 3 × 1013 cm−3 and an electron temperature

of nearly 40 eV. The measured electron temperature is suspect, as it is at least a factor of

four larger than the majority of historical measurements for related devices [3]. There are

a number of potential systematic errors in our measurement. We began our probe analysis

assuming that the electron temperature had a Maxwellian distribution. In the case of high

gas flow and/or a large discharge voltage we could imagine that the electron velocity is

significantly anisotropic, biased towards the anode. This could allow more electrons to climb

the plasma sheath into the electrodes, resulting in a higher electron temperature. Exactly

how much error this introduces into our measurement would have to be the subject of further

study. However, if we suppose that the real electron temperature is a factor of four smaller

(10 eV) than our measurement, then the plasma density would only be off by a factor of

two. Our goal is to match the plasma density to the beam parameters by at least an order

of magnitude, so this systematic error is tolerable. Furthermore, we will have a chance to

compare these measurements with a measurement of the plasma wakefield wavelength, which

can also provide an estimate for the average density.

The triple Langmuir probe was then used to measure the on-axis plasma density. It

was mounted on a linear stage in order to map out plasma density inside and outside of

the inter-electrode region. The profile was measured for three different solenoid settings

relevant for beam-plasma experiments. These results are seen in Figure 4.18. As mentioned

earlier plasma collimation using solenoids affects the voltage required for discharge. This

prevented discharges at 150 V, so in order to achieve discharge, power to the cathode tubes

was increased to raise the tube temperature.

The triple Langmuir probe was comparable to the radius of the hollow cathode and it was

found that the probe prevented discharges when nearing the cathode exit (hollow points in

Figure 4.18). It’s reasonable to assume that the triple probe size is what prevents discharges

in this case, either due to disrupting the gas flow or discharge path. In order to characterize

this region we used direct imaging of the plasma afterglow using a CCD camera. Normally,
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Figure 4.17: Plasma temperature and density as a function of time during a plasma discharge

with solenoid current set to 40 A and probe located approximately 2 cm from the cathode.

Shading represents a one-sigma deviation from the average of 10 shots.

light from heating the cathode prevents imaging anything inside of the plasma source. To

get around this, the CCD was electronically gated to a pulse length of 20 µs and triggered

(with an adjustable delay) by the discharge TTL pulse. It captures instantaneous light from

arc, which is much brighter than the background blackbody radiation during this ultra-short

period. If we assume that the light intensity is proportional to the plasma density [85]

we can use these images to extrapolate absolute plasma density in tandem with the triple

probe measurement, as seen by the dotted lines in Fig. 4.18. Furthermore, we can see the

transverse extent of the plasma is roughly equal to the hollow cathode diameter. We have

no way of imaging the plasma profile immediately after the cathode end or inside the hollow

region of the cathode. Based on what we think the gas density is in this region we can guess

that the plasma density is at its’ highest just inside the cathode and then drops quickly to

zero at the smaller tube end, where gas density drops to zero.

This measurement gives us clues as to how the beam behaves inside the plasma region.

Without plasma present, the beam simply reaches a waist halfway through the inter-electrode

space and then expands just as in a normal drift space. With plasma present, the beam first

sees a sharp rise in plasma density which acts to non-adiabatically focus a part of the beam
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Figure 4.18: Longitudinal plasma density characterization for different discharge settings of

solenoid current Is and heater power PH . A longitudinally scaled cartoon of source geom-

etry and diagnostics. Plasma profile is extrapolated (dashed lines) through direct plasma

afterglow imaging (inset) and fitting longitudinal glow line-out. Transverse plasma density

line-out is also shown.

to match the plasma wavelength. This portion of the beam goes through several betatron

oscillations, exciting a wakefield in the plasma that modulates the beam energy. Finally,

the beam exits the plasma region, adiabatically expanding as the decrease in plasma density

is over several betatron periods. Of course we cannot verify any of this behavior directly

but we can see aspects of the interaction in longitudinal phase space measurements. Details

regarding the transverse motion of the particles is contained in the efficiency of acceleration,

as mismatched particles are lost to the walls of the accelerator and are not detected in our

diagnostic. Transverse motion can also account for a reduction in the final acceleration of

the beam, as the plasma wakefield response also depends on the beam’s transverse size. We

can attempt to characterize these plasma profiles by calculating their effective length Leff
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and the mean plasma density < np > as

Leff =
1

max(np)

∫ zmax

zmin

np(z
′)dz′ (4.25a)

< np > =
1

zmax − zmin

∫ zmax

zmin

np(z
′)dz′ (4.25b)

For a zero order calculation we assume a linear plasma ramp from the end of the extrapolation

(at z = 95 mm) region to the end of the inner cathode tube (at z = 110 mm) we calculate

these attributes for the three profiles in Fig. 4.18 in Table 4.2

Solenoid Strength (A) Heater Power (kW) Leff (mm) < np > (1014 cm−3)

40 3.47 76 0.3

50 3.47 76 0.4

60 3.89 57 1.3

Table 4.2: Calculated plasma stats for profiles in Fig. 4.18.

It’s clear from these metrics and Fig. 4.18 that an increase in solenoid field increases

the plasma density as expected from confinement calculations. Furthermore, we can see

evidence that an increase in tube temperature due to increased heater power gives rise to a

much greater increase in plasma density than the solenoid increase by itself. It is likely that

an increase in thermal electron current from the heated cathode leads to a higher ionization

fraction, as the plasma density increases without an increase in gas pressure or flow rate.
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CHAPTER 5

Experimental Beamline Optimization and Design

In this chapter we will discuss experimental beamline design issues for beam transport to the

plasma source and longitudinal diagnostics. The 6D beam distribution, as determined by

OPAL simulations (see Chapter 2), is complex due to the emittance exchange process. Care

must also be taken to preserve the current profile. Here we discuss design and simulation

of the dedicated plasma experiment beamline and the issues herein. Finally, we will discuss

the design of various critical diagnostics including beam size monitoring inside the plasma

source and longitudinal phase space measurement of the beam after plasma interaction.

5.1 Plasma Beamline Design Goals

Goals for the plasma beamline design are as follows: 1) Transport output from the EEX

beamline to the plasma source IP, where the beam size at the IP matches expected plasma

density betatron size, 2) Preserve the current profile through our beamline to the longitudinal

phase space (LPS) diagnostic, 3) Prevent emittance growth to reduce beam losses throughout

the beamline and allow resolvable measurement of the longitudinal phase space in both

energy and time.

Optimization and design of the beamline was done using the simulation code elegant [86]

which uses a simplex differential optimizer and is ideal for rapid optimization of quadrupole

elements. It also contains an accurate model for multiple scattering in materials, used

to model vacuum windows before and after the plasma source. The particle distribution

from OPAL after emittance exchange served as the starting point of the elegant simulation.

Constraints for optimization included maximum available field gradients from quadrupoles

and practical constraints pertaining to maximum beamline length (< 8 m) and minimum

distances between elements.
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5.2 Beamline Overview

Figure 5.1: Design of entire plasma experimental beamline showing major magnetic, vacuum

and diagnostic components.

The major components of the final beamline design are shown in Figure 5.1. The overall

design is as follows:

Beams coming from the emittance exchange beamline are transported through the trans-

fer line (area between final EEX dipole and the next dipole). This portion of the beamline

was kept, as it forms part of the to-be-installed double emittance exchange beamline [71].

The outgoing beam from EEX can be characterized in this region through the use of a

quadrupole or slit scan to measure the emittance. Beam charge can also be measured using

an integrated current transformer (ICT).

Beams are then focused into the first vacuum window. A 125 µm thick Beryllium sheet

is used to separate the ultra-high vacuum (UHV) drive and EEX beamlines from the plasma

source vacuum. The window also prevents particulates from reaching the clean UHV region,

as water vapor and organic compounds can destroy the sensitive cesium-telluride cathode
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and copper accelerating structures contained in the drive beamline. Window thickness is

minimized until a material strength limit is reached, as the window must be able to withstand

atmospheric pressure on one side when the plasma source is attached. Minimizing the window

thickness is necessary to prevent beam emittance growth from multi-particle scattering.

Beam particles have a chance to elastically scatter off of atoms in the window, thus strongly

deflecting the particle trajectory. If the material thickness is large enough, it is likely that

beam particles will scatter off of multiple atoms in the material. We can approximate

the interaction as an uncorrelated addition to the particle divergence ξ with a Gaussian

distribution and an rms angle of [87]

σξ = 13.6

√
X/X0

pβ
[1 + 0.088 log10(X/X0)] (5.1)

where X/X0 is the material thickness in terms of their radiation length, p is the beam

momentum in MeV/c and β is the relativistic velocity v/c. We calculate the final single-

particle divergence as

x′f = x′i + ξ. (5.2)

The final rms divergence after the window is

σ2
x′,f =< x′2f >=< x′2i > + < ξ2 >= σ2

x′,i + σ2
ξ (5.3)

where < x′iξ >= 0 because the scattering angle is uncorrelated. We see that the relative

error in the final rms divergence due to the scattering term can be reduced if the incoming

divergence of the beam is large, which is maximized by locating a beam waist at the window

location. Beam emittance in this case is given by1

ε2x = σ2
xσ

2
x′ = σ2

x(σ
2
x′,i + σ2

ξ ) (5.4)

thus the growth in emittance is proportional to the beam size at the window. Scattering

also acts to changes the beam waist if it is not located at the window itself [88].

The beam is then focused into the plasma source. To match a plasma density of 1.5 ×

1014 cm−3 we wish to focus the beam to meet the equilibrium betatron function at the beam

waist β∗ ≈ 5 mm. The betatron function in a drift near the waist is given by

β(z) = β∗ +
(z − z∗)2

β∗
(5.5)

1Note that at a waist σ2
xx′ = 0.
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where z∗ is the longitudinal location of the waist. To achieve a tight focus without losing

beam to scraping we would like to place our focusing quadrupoles as close as possible to

the interaction point to limit large beam sizes in the quadrupoles. However, to properly

align the beam going through the plasma cathode we need transverse screens to measure the

beam position before and after the plasma source. This requires significant beamline space

that prevents quadrupoles from getting closer to the waist. Balancing these needs resulted

in the modified triplets seen in the beamline overview, where the alignment screen is placed

in-between the first and second quadrupole triplet magnets.

Unfortunately, even after this design effort, the closest a quadrupole can get to the plasma

interaction point is roughly 0.25 m. To reach the desired waist size the betatron function

at this final quadrupole is β(0.25) = 12.5 m, which for beams with a normalized transverse

emittance of 400 mm-mrad corresponds to an rms beam size of 8 mm. In a final focus triplet

arrangement, the beam can grow even larger in one direction through the middle quadrupole.

This can result in significant beam losses before and after the waist location, especially if

misalignments are present in the upstream beamline leading to unexpected emittance growth

or beam scraping on the beamline walls.

Measurement of the transverse beam size at the plasma interaction point was done using

an optical transition radiation (OTR) diagnostic. When a charged particle approaches a

perfectly conducting metallic boundary at a 45 deg angle, as seen in Fig. 5.2(a), it sees an

opposite image charge traveling perpendicularity, created by rearrangement of electrons in

the metal. Due to forces from this image charge the incident electron decelerates and thus

emits radiation. The resulting radiation power at optical frequencies is given by [89]

d2I

dωdΩ
=

1

4π2c

∣∣∣ −e sin θ

1− β cos θ
+

e sin θ′

1− β cos θ′

∣∣∣2. (5.6)

For highly relativistic beams β → 1 and the radiation lobes tend to be perpendicular to the

beam axis, thus θ ≈ π/2 and θ′ << 1. In this case the first term in Eqn. 5.6 can be ignored

and sin θ′ ≈ θ′. With this limit taken into account Eqn. 5.6 becomes

d2I

dωdΩ
=

e2

4π2c

[
θ′2

(1− β cos θ′)2

]
(5.7)

if we use β = 1− 1/(2γ2) and continue our use of the small angle approximation we get

d2I

dωdΩ
=

e2

4π2c

θ′2

(θ′2 + γ−2)2
=

e2

4π2c
f(θ′). (5.8)

86



Figure 5.2: (a) Cartoon of optical transition radiation (OTR) beam interaction with metallic

foil. (b) OTR diagnostic shown inserted into the plasma source.

If we find the maximum of f(θ′) by taking the derivative and setting it to zero we find that

it reaches a peak at θ′m = 1/γ. For the design of our diagnostic we need to simply capture

this light through a camera aperture, so with our beam energy of 40 MeV, we require an

angular acceptance of 13 mrad.

The OTR diagnostic design inside the plasma source is shown in Fig. 5.2(b). The

diagnostic cannot be present in the beam path when plasma discharges are active so it is

mounted on an actuator that removes it during plasma discharges. Maintaining the surface

quality of the metal is also important, so a shield protects it during plasma discharges. In

place of a thin foil, a round Thorlabs silver coated mirror with a peak to valley surface

flatness of 5λ at 632.8 nm was used to guarantee specular reflection.

Once the beam is transported through the plasma source, it is sent into another vacuum

window which protects the longitudinal phase space diagnostic from the dirty plasma vac-

uum. To focus the beam into this window a mirrored quadrupole triplet with respect to the

plasma waist is used, symmetrizing the beam size on either side of the plasma source. Once

through the second window, a final triplet is used to focus beam into the LPS diagnostic.

The longitudinal phase space (LPS) diagnostic consists of a rotated transverse deflection

cavity and a 20 deg dipole spectrometer separated by a drift. The 6D transport matrix for

these components is given by

MLPS = Md2MDIPMd1MTDC (5.9)
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Figure 5.3: Geometry of longitudinal phase space diagnostic elements.

From this we can calculate single particle transverse coordinates at a screen are given as

xf = (C − hSd2 + hCTd2)xi + (C(d1 + d2 + d1d2hT ) + S(1/h− hd1d2 + Td2))x′i

+ k
(
Sd2 −

(1− C)(1 + hTd2)

h

)
yi

+ (Sd2 −
(1− C)(1 + hTd2)

h
)δi

(5.10a)

yf = (1− hTd2)y + (d1 + d2 + L− hT (d1d2 + d2L))y′i + κ(d1 + d2 + L− hT (d1d2 + Ld2))(cti)

(5.10b)

where h = 1/ρ0 with the dipole bend radius ρ0, L is the rectangular dipole length, (S,C, T )

are (sin(θ), cos(θ), tan(θ)) respectively, d1, d2 are the distances from the center of the TDC

to the dipole edge and the dipole edge to the screen respectively. The parameter κ is the

geometric kick strength of the transverse deflecting cavity and we have made the substitution

zi = cti. An ideal measurement of the LPS would mean that xf , yf were purely functions of

δi, zi but this is clearly not the case. For a given beamline geometry and element strength,

we want to reduce the beam emittance to improve minimum resolution of each measurement

(characterized by the absolute size of unwanted terms not a functions of δi, zi). Unfor-

tunately, due to multiple scattering in the vacuum windows our emittance is quite large,

significantly damaging the minimum resolution of our diagnostic. We can mitigate this by

using collimation, at the expense of observable beam charge. The choice of collimator de-

pended on YAG screen sensitivity and full collimation in both directions would have reduced

the overall beam charge too much. Vertical collimation with a horizontal slit was chosen

based on the importance of temporal resolution and it also removes the yi component of the

final xf equation.
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5.3 Beamline Simulation and Optimization

As discussed previously the beam distribution output form OPAL was used at the be-

ginning of an “elegant” simulation to model the plasma beamline. Optimization of the

quadrupole strengths and locations was performed with the results seen in Fig. 5.4. Five

sets of quadrupole triplets are used to achieve beam waists at the two vacuum windows,

plasma source and LPS diagnostic screen (beamline end).

Figure 5.4: Simulated beam dynamics (rms beam size σ, normalized rms. beam emittance ε

and charge) through the optimized plasma beamline design.

Despite attempts to strongly focus the beam at each Be window, the beam emittance

grows significantly. This could have been reduced by placing the second triplet closer to the

window, but this was prevented by unmovable components for the future double emittance

exchange installation. The elegant model contained hard boundaries equal in diameter to

the beamline vacuum components which removed particles that were too far off axis. Hard

boundaries for the hollow cathode arc plasma source were also included. In this optimized

simulation we see the beam experiences almost no charge losses due to scraping until the

beam reaches our LPS diagnostic horizontal slit. It is expected however, that due to real-life
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changes in the beam and misalignment issues we will lose some charge in the horizontal

direction at each size maxima.

Figure 5.5: Simulated transverse and longitudinal beam cross section at the EEX beamline

exit (a) and plasma interaction point (c). (b) Diagram showing path length difference for

off-axis beam particles. (d) Normalized beam current at measured locations for (a),(b).

As discussed in Chapter 2 the transformer ratio is strongly dependent on any tail features

after the linear ramp. Particles in the drive tail load the wakefield slightly, thus reducing

the peak accelerating field seen by the witness. Repeated focusing in the plasma beamline

might cause path length aberrations that can lead to a tail developing.

If we consider particles traveling on and off axis going through a single, thin lens, focusing

element as seen in Fig. 5.5(b) and we assume that particle deviations in the transverse

direction y are small compared to the focal length f of the element i.e. y << f , we can show

that off axis particles lag behind on-axis particles by

∆t =
∆L

c
=
f

c

y2

2f 2
=
yy′

2c
. (5.11)

For a strongly convergent beam, where ymax = 15 mm and f = 0.1 m the maximum slippage

could be up to 4 ps. Throughout, repeated focusing and defocusing this slippage can build

up to a large tail after the linear ramp that itself is only 20 ps long.
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If the longitudinal position of particles in a ramp was not correlated to either of the

transverse directions this would not be an issue. Unfortunately, as seen from the distribution

output from EEX (Fig. 5.5(a)) there is a significant z-y correlation present. This is leftover

from masking as the emittance exchange beamline is simply a drift to first order in the EEX

beamline. When masking most off-axis particles in the y-direction are at the end of the

transverse ramp and results in the largest transverse longitudinal slice of the beam at the

back of the ramp.

Figure 5.5(c) shows beam cross-sections after it propagates through three sets of quadrupole

triplets to reach the plasma interaction point. A comparison of beam current profiles be-

tween the beam before and after transport is shown in Fig 5.5(d). When compared to the

original current distribution a clear tail has developed after the ramp in (c) due to this effect.

As particle coordinates in the x-direction do not have this temporal correlation, we can

mitigate tail development by choosing the quadrupole signs properly, allowing the beam to

grow in x while keeping the beam small in y as seen in the optimized beam evolution (Fig.

5.4).
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CHAPTER 6

Experiment Analyses

In this chapter we will discuss wakefield measurements performed using the designed beam-

line described in the previous chapters. We start with beam measurements around the plasma

interaction point, including charge, transverse beam size and emittance. We then describe

calibration of the longitudinal phase space diagnostic and systematic centroid offsets due to

transverse plasma kicks. We discuss transformer ratio measurement results for two different

beam current profiles and show a method of reconstructing the beam profile at the plasma

using only wakefield results. Finally, we analyze measurements of several different plasma

densities to probe the transition from linear to nonlinear regimes.

6.1 Beam Parameter Measurement at the Plasma IP

During experimentation, several beam parameters at the plasma interaction point (IP) are

of interest to improve wakefield interaction quality, which corresponds to the peak acceler-

ation/deceleration of the wakefield and a reduction of beam losses in the plasma. Relevant

parameters include the transverse beam size, emittance and bunch charge, which all con-

tribute to making the dense beam required to excite a strong wakefield.

Jitter in the timing systems of the accelerator can lead to strong shot-to-shot variations

in beam position, charge and energy, as these attributes are strongly correlated with beam

production at the photocathode. To accommodate for this variation, each measurement in

this chapter reflects a collection of up to 100 accelerator shots. In order to reduce statistical

variation in beam measurement, an average charge was calculated for the collection, and

shots that had more than a one sigma deviation in beam charge from the average were

discarded.

Transmitted charge through the beamline was measured using integrated current trans-
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formers (ICTs). Significant losses at the emittance exchange mask, final focus triplet and

plasma source are expected. The exact charge at the interaction point was difficult to mea-

sure as ICT’s could only be located before and after the plasma source. As significant beam

losses happen between these two measurements, we can only hypothesize the beam charge at

the IP based on previous measurements, simulations and charge data collected on either side

of the plasma. Previous measurements of focusing before the plasma source was installed

and simulation of the beamline suggest that the beam loses about 25% of its charge in the

first final focus triplet and none afterwards. Measured charge before the final focus triplet

was 2.5 ± 0.2 nC and taking into account beam loss at the final focus triplet we estimate that

the charge at the IP was 1.8 ± 0.2 nC. This is consistent with measurements of the beam

charge after the post-plasma source triplet of 1.4 ± 0.1 nC as we expect further losses due

to scattered particles from the plasma interaction and clipping of the beam observed at the

YAG after the plasma source exit. As this measurement does not factor into our transformer

ratio observation directly, an order of magnitude estimate of the IP beam charge is sufficient.

As discussed in Chapter 5, optical transition radiation (OTR) was used to image our

beam in the plasma source inter-electrode space. An example beam image from the OTR

screen is shown in Fig. 6.1. The physical size of each image pixel is calculated from the

known diameter of the OTR mirror. Based on this, the rms beam size was calculated to be

σx = 900± 72µm, σy = 465± 16 µm.

The last measurement of beam properties near the IP is transverse beam emittance.

Along with a measurement of the spot size, we can use this to estimate the betatron func-

tion at the IP. As discussed previously in Chapter 2 if the beam betatron function at the

plasma interaction point β∗ = σ2
x/εx matches the equilibrium betatron function for a given

plasma density, the beam size will stays constant inside the plasma channel. This increases

stability of the longitudinal wakefield and reduces emittance growth, thus improving the

overall measurement.

We measure the beam emittance by directly measuring the beam size at the vacuum

windows. From chapter 5 if we assume that the beam waist is at the window, such that the

beam has no x-x’ correlation, then the total beam emittance is given by

ε2x = σ2
xσ

2
x′ = σ2

x(σ
2
x′,i + σ2

ξ ) (6.1)

If we further assume that emittance contributions due to the vacuum window are much larger
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Figure 6.1: Spatially calibrated OTR radiation image showing transverse beam profile on

OTR mirror. The mirror edge is seen due to Cherenkov radiation emitted from electrons

traveling through the dielectric mirror substrate.

than any other source, then we can estimate the emittance by measuring beam size at the

window. These are reasonable assumptions as the windows are thick enough to contribute

greatly to the emittance due to their 125 µm thickness. We attempted to minimize the

beam size at the window by minimizing the spot at a nearby YAG screen. However, since

the waist is located at the YAG, not the window itself, we expect that the beam size is larger

at the window location then measured at the YAG. Not only does this increase our overall

emittance growth, it also underestimates emittance after the window.

Location σx (mm) σy (mm) εx (mm-mrad) εy (mm-mrad)

1st window 5.50 ± 0.12 5.58 ± 0.10 24.6 25.0

2nd window 2.50 ± 0.08 2.60 ± 0.20 11.2 11.5

Table 6.1: Beam sizes and corresponding emittance estimations for beams after the two

vacuum windows. Note: Emittance estimates have significantly larger unknown systematic

errors than statistical error from beam jitter.

Estimated emittance measurements after both mirrors shows a significant discrepancy

with simulation, most likely due to systematic errors in beamline tuning (beamline element
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misalignment, higher order terms in the photoinjector etc.). The large emittance measured

explains the discrepancy between simulation and experiment when looking at charge loss.

As seen in Chapter 5, we were able to tune the beamline such that no charge was lost before

the horizontal slit. However, during experiment the maximum charge transmission through

the plasma source was roughly 75%. This discrepancy is most likely due to larger beam

sizes in the plasma focusing quadrupoles, which scrape the beamline walls. Beam loss also

accounts for the lower emittance measured at the second window, as particles away from the

beam core in phase space are lost at a higher rate.

From this measurement we can estimate the betatron function size at the interaction

point using the estimated emittance and the OTR spot size measurement. We find β∗ ≈ 34

mm which exceeds the matched beta function by only a factor of five. Furthermore, if

the real beam emittance is larger than our estimation, the IP beta function shrinks and

matches better with the plasma. Having a higher emittance is obviously not ideal as it

reduces the strength of our wakefield interaction by increasing the overall size of the beam,

thus decreasing the beam density resulting in a smaller wake. This also leads to less beam

capture by the plasma bubble region, where the most dominant wakefield forces are felt. We

expect that a significant portion of the off-axis beam only weakly interacts with the plasma

wakefield, and thus remains at a constant energy and trajectory.

6.2 Wakefield Measurements

Our goal is to use the longitudinal phase space diagnostic to measure the entire beam wake-

field due to beam-plasma interaction in a single shot. Previous wakefield measurements

[39] use a number of beam shots to sequentially map out the wakefield by measuring en-

ergy change of a short witness beam whose distance behind the drive can be scanned. This

method assumes a number of experiment parameters such as beam charge and plasma den-

sity are constant shot-to-shot. While some stability of the accelerator and plasma source

can be assumed, errors in the wakefield measurement due to jitter are expected. A single

shot method on the other hand, does not have this issue, as it measures the entire wakefield

without any assumptions about stability. While the wakefield for each shot will have some

variation due to beam and plasma jitter, a single wakefield measurement can be trusted.
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Figure 6.2: Vertical centroid measurements for TDC calibration.

6.2.1 Longitudinal Phase Space Image Calibration

Before using the longitudinal phase space diagnostic, calibration of traverse screen coordi-

nates to longitudinal phase space is necessary. As discussed previously, the single particle

transport through the LPS diagnostic is given as

xf =
(
Sd− (1− C)(1 + hTd)

h

)
δi (6.2a)

yf = κ(d1 + d2 + L− hT (d1d2 + d2L))(cti) (6.2b)

where h = 1/ρ0 with the dipole bend radius ρ0, L is the rectangular dipole length, (S,C, T )

are (sin(α), cos(α), tan(α)) respectively, d1, d2 are the distances from the center of the TDC to

the dipole edge and the dipole edge to the screen respectively. Parameter κ is the geometric

kick strength of the transverse deflecting cavity. Here we neglect error terms associated with

phase space coordinates xi, x
′
i, yi, y

′
i.

Calibration of the screen in the horizontal direction is relatively simple, as all of the

terms are geometric in nature and easily measured if the beam is assumed to be centered

on the YAG screen during LPS measurement. We can also cross check this calibration

using simulation as the beam central energy is well defined based on transport through the

emittance exchange beamline. These calculations resulted in a calibration of 0.014 MeV per

pixel. The full screen is roughly 640 pixels in diameter allowing an energy acceptance of ±

4.48 MeV at the screen center.

Calibration of the screen in the vertical-direction is done experimentally by measuring
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beam deflection while scanning the TDC phase with the spectrometer dipole off. Offset

of the observed beam centroid should follow linearly with RF phase for small deviations

from the zero crossing. To ensure accurate measurement of the deflection, bunch charge was

reduced to a few pC to limit emittance growth in the EEX beamline and reduce wakefield

effects in the deflecting cavity. Results from this measurement are seen in Fig. 6.2 and the

calculated geometric kick strength is κ = 1.84 m−1. This yields a calibration of 0.084 ps per

pixel allowing beams up to 53 ps long too be imaged.

6.2.2 Characterization of Transverse Kicks from the Beam-Plasma Interaction

As we saw in Chapter 4, the plasma discharge current can be upwards of 300 A. If we

assume that the current travels through the plasma cross section while the beam is present,

then the magnetic field from the discharge current will affect the beam trajectory, if the

beam is misaligned slightly with the plasma axis. If we assume a uniform current density

cross-section in the plasma, an azimuthal magnetic field appears inside the plasma column

calculated by using Ampere’s law [50]

Bφ(r) = µ0Jzr =
µ0I0

2πR2
r (6.3)

where I0 is the total current and R is the plasma radius. This results in a radial focusing force

that can alter the centroid trajectory of the beam if it is off axis or has an incoming angle

relative to the plasma axis. As the beam goes through roughly two full betatron periods

from plasma to LPS imaging diagnostic, this kick will show up as a centroid offset on the

LPS screen.

These transverse centroid offsets from the plasma interaction must be taken into account

to accurately measure the beam energy. As our diagnostic relies on the transverse positioning

of the beam any changes to the beam centroid between plasma on and off shots will result

in a shift of the energy and temporal coordinates of the beam distribution. The horizontal

slit prevents any offset in vertical centroid as it does not move during the experiment. It

was found that the beam does shift by -0.57 mm in the horizontal direction on the straight

ahead screen when the plasma is active. Since the path length from the dipole beginning to

the detection screen is equal regardless of whether or not it is turned on, we can assume the

horizontal offset is the same.
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Figure 6.3: (a) Time dependent horizontal centroid of plasma on and off shots with spec-

trometer off. (b) Measured horizontal offset between plasma on and off shots.

6.2.3 Adaptive Windowing

To calculate the time dependent wakefield we use the LPS diagnostic to find the time de-

pendent energy centroid of the beam < E(t) >. If the beam has a phase space distribution

of ρ(t, E) this measurement is equivalent to

< E(t) >=

∫ E′
max

−E′
min

E ′ρ(t, E ′)dE ′. (6.4)

When mapped onto the transverse plane inside the LPS diagnostic this becomes equivalent

to

< x(y) >=

∫ x′max

−x′min
x′G(y, x′)dx′. (6.5)

where G(y, x) is the distribution imaged on the vertical (y) and horizontal (x) axis of the

YAG screen.

This measurement can be skewed if a significant portion of our image is background

light. Furthermore, since the screen has a round shape, influence from the background light

is weighted higher near the screen center. This is due to the vertical size of the screen being

larger in the center and thus contributing more background which averages out modulations

in the beam centroid.

A simple solution to removing the background is by simply setting a threshold level at the

average background pixel brightness and then subtracting this level from the entire image.

While this works fine theoretically, in practice choosing the threshold level is difficult and
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generally subjective. Moreover, it doesn’t completely capture the physics dynamics we are

interested in. From simulation studies seen in Chapter 2 we see that the strongest wakefields

are present in the beam center. If a significant portion of beam particles are outside of the

blowout region they will not see strong accelerating or decelerating fields. When the energy

centroid is calculated. These off-axis particles which have not seen any energy change, will

mask on-axis particle energy gain or loss. Thresholding cannot be used to fix this problem,

as it removes the most accelerated particles, which are small in number, due to strong

defocusing forces near the peak accelerating point.

Figure 6.4: A plot showing the iterative windowing procedure. The original longitudinal

phase space image is seen in gray-scale. Time dependent (x-axis) calculated energy (y-axis)

centroids for each iteration are plotted as well as the final beam image in blue-scale after

iterations converge.

To accurately represent the energy distribution of particles on axis, we implemented an

iterative method of masking the distribution in the energy direction (y)1. Starting with the

original n×m image array where each individual pixel has an integer value In,m, the initial

1To match previous ways of formatting wakefield graphics with time on the horizontal axis, beam images
here have been rotated 90 degrees.
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weighted average f0,n is calculated to be

f0,n =
∑
m

mIn,m
In,m

(6.6)

for each column. A vertical window of width 2d0 is created, where image pixels greater than

a distance d0 away from the centroid are set to zero, creating a new image array I1. The

weighted average was then recalculated for the windowed array

f1,n =
∑
m

mI1

I1

(6.7)

and the masking process was then repeated with a new distance given by

di = di−1

[
1− A

∑
n |fi,n − fi−1,n|∑

n fi,n

]
(6.8)

where A is a scaling strength parameter (set to 20 in this case) that dictates how aggressively

the window is shrunk between successive iterations. The new distance decreases fractionally

with the normalized difference between the centroid before and after the windowing step.

As fi,n starts to match fi−1,n the change in window size decreases until it no longer changes

the centroid, for which we say the windowing has converged.

An example of this process is shown in Figure 6.4. The initial beam image (shown in

gray-scale) is a raw image captured from the LPS diagnostic screen with plasma source

discharging active. The initial calculated centroid is shown in dark blue (iteration number

0). As the iterative process slowly reduces the window size we begin to observe sharper

features in the beam distribution until successive centroids converge, around iteration 8.

The final windowed image (shown in blue) ignores most of the background region by only

cutting off particles that are far off axis. We also observe that undulations in the centroids,

which correspond to changes in the slice energy centroid, increase in amplitude as off-axis

particles are cut, consistent with our predictions and simulation results.

6.2.4 Plasma Off LPS Measurement

We characterized the beam longitudinal phase space without any plasma interaction as a

background measurement. This is significant especially at AWA due to the strong coupling

between transverse and longitudinal phase spaces. Normally, temporal jitter in linear accel-

erators is easily accounted for via proper triggering, or below temporal tolerances as small
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deviations in energy from phase errors in RF systems do not create issues in accelerators

without bends. In this case though, temporal jitter leading to energy deviations causes sig-

nificant angular jitter in the plasma beamline due to the EEX process. Furthermore, during

experimentation the RF phase would drift over a time scale of about 5-10 minutes. This

required constant steering corrections in order to maintain proper alignment through the

plasma source. In order to take jitter into account, a number of shots were taken over a

short period of time during each experiment and the overall variance in shots was calculated.

Figure 6.5 shows longitudinal phase space measurement of the beam without plasma

interaction. A number of images were collected, along with corresponding beam charge at

ICT locations throughout the beamline. As mentioned earlier, shots that had measured

charge outside one sigma deviation from the mean were discarded. For each remaining

shot, the time dependent energy centroid was calculated and an average profile with time

dependent variance was found for the collection, seen in Fig. 6.5.

Figure 6.5: Charge windowed, mean time dependent energy centroid of plasma off shots (38

shots) with time dependent rms variation (shading).

From our measurement of the average time slice energy centroid we observe a longitudinal

energy chirp, which is a result of the emittance exchange process due to the longitudinal

energy kick of off-axis particles in the EEX transverse deflecting cavity. An energy hump

observed at t = 20 ps is likely a consequence of phase slippage from the ramp tail, as these

particles have similar energy to those who remain in the ramp and is observed to a lesser

extent in previous wakefield measurements [40]. This feature will be subtracted away during
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wakefield calculations as it is independent of the plasma interaction to first order2.

The shaded region in Figure 6.5 captures the rms variance in the beam centroid over

34 shots. This region characterizes the net jitter of the accelerator, capturing sources of

transverse and longitudinal jitter due to strong coupling. When compared to plasma on

shots, this in turn will be the time dependent error of the wakefield amplitude. Despite the

complexities of our experimental beamline and the large number of sources for jitter, the

measured longitudinal phase space centroid is fairly stable, which will result in small errors

for our wakefield calculation.

6.2.5 Plasma On LPS Measurement

We now turn to measurement of the longitudinal phase space when the plasma is active.

Analyses of these measurements are similar to those previously discussed. The main differ-

ence is that we consider each shot independent of one another. As we saw in the previous

measurement, taking a statistical average and spread of the centroid measured accelerator

stability. If we were to do the same for plasma “on” measurements, the accelerator jitter

would be convolved with discharge stability. As we are not interested in measuring overall

stability of the system, we treat each plasma on shot as an independent experiment and

assume that some shots will contain closer to an ideal interaction. Our long, low charge, wit-

ness beam allows us to characterize the multi-period wakefield for each individual experiment

independently, thus allowing a unique transformer measurement for each shot.

In order to accurately compare plasma on measurements to the measured centroid back-

ground (plasma “off” average) we interlaced plasma “on” and “off” shots. During exper-

imentation, various parameters of the accelerator would slowly drift over several minutes,

most notably laser timing relative to the RF phase. Normally, in dispersionless beamlines,

small drifts in the laser phase are acceptable (< 1 deg) and only lead to deviations in centroid

beam energy. Timing drift becomes more difficult to handle when dispersion is present and

when RF cavities run off crest, which results in larger energy deviations from timing errors.

This leads to transverse alignment issues, which are particularly detrimental in our beam-

line, as it contains a number of tight apertures and alignment with the plasma column is

2Higher order effects, such as differences in the transverse transport of the beam slice due to the slightly
increased energy.
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Figure 6.6: Time dependent energy centroid of single plasma “on” shot.

critical to supporting a successful wakefield interaction. Interlacing plasma on and off shots

allows experimental and background measurements to be done simultaneously, reducing drift

contributions when we subtract the plasma “off” background from our “on” shots.

An example of a plasma “on” measurement is shown in Figure 6.6. The beam energy

is clearly modulated temporally as is evidenced by the centroid energy. To calculate the

wakefield profile we will measure the energy difference between plasma “on” and plasma

“off” shots. Modulation in the beam energy from the wakefield over the interaction length

0 < z <= L can be given as

∆E(ξ) =

∫
L

eWz(z, ξ)dz. (6.9)

In the quasi-static approximation, the wakefield remains static in the moving frame over

the interaction length, thus Wz(z, ξ) = Wz(ξ) and the energy gain simply equals ∆E(ξ) =

LeWz(ξ).

The real plasma will have a somewhat different effect on the beam energy centroid due to

a non-uniform plasma density profile. In this case we cannot assume a quasi-static picture

of the wakefield as it propagates through the plasma, so measurement energy gain of the

beam is effectively an averaged wakefield contribution over the entire plasma distribution.

This is not an issue however, because we previously saw, the wakefield changes over time,

even in an uniform plasma region due to beam profile evolution. Furthermore, this method

of wakefield measurement is closer to applicable systems as we are concerned with the final
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Figure 6.7: Top: Time dependent energy centroid background and plasma on shot plotted

together. Bottom: Plasma energy gain calculated by subtracting background centroid from

plasma “on” centroid.

energy distribution of the beam anyways.

The averaged wakefield is thus calculated by

< eWz(t) >= (< E(t) >plasma on − < ykick >)− < E(t) >plasma off (6.10)

where < ykick > is the average centroid offset due to the discharge current focusing kick. A

comparison between the background time dependent energy centroid and a plasma on shot

is shown in Fig. 6.7. In this case the single triangle mask was used and the solenoid current

was set to 50 A. Based on triple Langmuir probe measurements from Chapter 4 we expect

an average plasma density of 0.4× 1014 cm−3.

The measured centroid energy perturbation to the plasma on beam can be used as a

check for consistency in our longitudinal phase space analysis. We observe that the beam

head experiences no energy gain or loss which is consistent with causality arguments laid out

in Chapter 2. This is a check on correctly subtracting horizontal offsets due to transverse

kicks by the beam-plasma interaction. Errors in this regard would show up as a non-zero
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offset in the energy gain at the beam head.

We can also use the wakefield to estimate the average plasma density. The periodic

structure of the wakefield should match the plasma frequency ωp =
√
n0e2/4πm∗ε0 which,

in the linear case where the effective mass m∗ = me, only depends on the plasma density

n0. However, if the plasma electrons in the wakefield become relativistic, their effective mass

will increase, thus reducing the modulation frequency. While we cannot exactly measure the

relativistic factor of plasma electrons in our interaction, based on our analysis of simulations

shown in Chapter 2 we can guess that deviation from the linear frequency due to this effect

is small.

6.2.6 A Note Regarding Beam Current Measurement

At first examination, it seems trivial to use the LPS diagnostic to measure the beam current

profile simply by looking at the projection of the beam distribution onto the temporal axis.

Our use of slitting means that we only see a small portion of the beam projected onto the

diagnostic screen. This would not be an issue normally, as the beam current is roughly

uniform transversely. However, as we saw in Chapter 5 the beam we are dealing with has a

strong z-y correlation. Most particles that contribute to our beam having a ramped profile

are actually off axis and do not make it through the horizontal slit. This prevents an accurate

measurement of the beam current due to this correlation.

An example of this effect is seen in Figure 6.8. Here we see a collection of beam current

measurements using a projection of the beam image at the LPS diagnostic onto the vertical

(time) axis. For both cases we see the development of a long tail after the drive ramp, such

that the beam current does not completely go to zero in between the drive and witness beams

which is consistent with predictions from beamline simulations (see Chapter 2). Looking at

the plasma “off” case, we see a strong shot-to-shot variation in the measured drive beam

current when compared to variation seen in the witness. We also see a reduction in the

ratios of peak current in the drive and witness bunches when compared to the transverse

beam projection from the EEX mask from about 4 to 2. Asymmetry between the drive

and witness bunch current reduction and variation could be attributed to several factors, all

due to the larger transverse beam size of the drive beam relative to the witness. We could

imagine that as the beam centroid jitters transversely as it travels through the beam pipe or
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Figure 6.8: Density of beam current measurements for 50 plasma “off” and 50 plasma “on”

shots. The vertical axis for each graph is normalized by the same factor and the time axis

is shifted to match Figure 6.7.

at the horizontal mask, then the large drive bunch will lose more particles than the smaller

witness.

We can also compare the beam currents between when the plasma is on or off. We observe

a significant difference in the witness current when the plasma is active. The minima observed

at t ≈ 34 ps corresponds to the negative zero crossing in Figure 6.7. This current reduction

be explained by on-axis defocusing fields when the secondary bubble collapses as seen from

simulation results.

In the drive beam, we also can see a qualitative change in the beam current distribution.

The drive shows a distinct, linear region near the peak current density, regardless of measure-

ment jitter. One potential explanation for this effect is due to particles exiting the plasma

bubble during the beam-plasma interaction. Particles that exit the rarefaction region do

not experience any transverse focusing forces and can be lost during beam transport to the

diagnostic. This particle loss is in addition to losses experienced by a beam not interacting

with the plasma. We can also observe a slight overall increase in total drive bunch charge
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(as each graph is normalized by the same factor) when the plasma is on. This might be due

to slight focusing created by the beam-plasma interaction. Further study would be required

to measure and verify hypothesis stated here.

6.2.7 Current Reconstruction

From analysis in the previous section, it is unlikely that a measurement of the beam current

at the LPS diagnostic correctly predicts the beam profile at the plasma interaction point.

Nevertheless, we would like a different method of predicting the beam current profile in order

to provide context for our wakefield measurements.

We can try to get a reconstruction of the longitudinal beam profile by using the measured

wakefield response in the linear regime. We previously calculated a linear perturbation to

the plasma density from a symmetric electron bunch in Section 2.1. The plasma response is

given by Eqn. 2.34
∂2n1

∂ξ2
+ k2

pn1 = −k2
pnb (6.11)

where we found the plasma perturbation to be

n1(r, ξ) =


0 ξ < 0

−kpσ(r)
∫∞
ξ

sin(kp(ξ
′ − ξ))dξ′ ξ > 0.

(6.12)

It can be shown that for any given transverse beam distribution σ(r) that is rotationally

symmetric, the transverse electric field on axis is Er(r = 0, ξ). From this, Gauss’s law on-axis

reduces to

∇ · E =
dE(0, ξ)

dξ
=

e

ε0
(nb + n1) (6.13)

We can then combine this equation with Eqn. 2.34 and remove the radial form factor to get

dE(ξ)

dξ
= − e

ε0k2
p

d2n1

dξ2
(6.14)

Integrating from −∞ to ξ gives

dn1(ξ)

dξ
= −

k2
pε0

e
[E(ξ)− E(−∞)] = −

k2
pε0

e
E(ξ) (6.15)

where E(−∞) = 0 because of causality (wakefield is zero before beam starts at ξ = 0).

Integrating again we get

n1(ξ) = −
k2
pε0

e

∫ ξ

−∞
E(ξ′)dξ′ (6.16)
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plugging this in and then solving for the beam density in Eqn. 6.13 we get

nb(ξ) =
ε0
e

[
dE(ξ)

dξ
+ k2

p

∫ ξ

−∞
E(ξ′)dξ′

]
(6.17)

The resulting equation for beam density (up to a radial form factor) is solely a function of

our observed wakefield. Verification of this method was done though a numerical calculation

using several different drive beam current profiles seen in Fig. 6.9. For each case, the

wakefield was calculated according to linear wakefield theory and the normalized drive current

was calculated with Eqn. 6.17. We see that the reconstruction method (orange, dashed

Figure 6.9: Normalized drive current (blue), single mode longitudinal wakefield (green) and

reconstruction (orange, dashed) for (a) single triangle, (b) double triangle, (c) doorstep, and

(d) parabolic head drive profiles.

line) perfectly predicts the input drive beam current (blue line) including non-differentiable

features such as the double triangle and the doorstep. In order to use this method for

analysis of our experimental results, the wakefield must have a linear, single mode response.

To justify its use for a blowout plasma wake, we return to our analysis in Section 2.4.1,
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Figure 6.10: Wakefield measurement showing highest transformer ratio observed along with

linear beam current reconstruction.

where we saw that because our blowout is non-relativistic we can approximate the wakefield

response as linear. Based on simulations with the appropriate beam parameters that match

observations, this is indeed the case. Furthermore, the observed wakefield inside the drive

in Figure 6.7 closely resembles a linear response.

6.3 Wakefield Measurement Results

We will now discuss the results of using the single shot wakefield measurement and current

reconstruction methods. Here we examine two individual wakefield measurements, (1) a

measurement that shows the highest transformer ratio observed and (2) a measurement that

shows wakefield flattening in the drive. We will then discuss a comparative measurement

when we change the plasma density to examine multi-period non-linear effects.

6.3.1 Maximum Transformer Ratio

We first examine the maximum transformer ratio observed. The measured wakefield, along

with its reconstructed profile is seen in Fig. 6.10. This measurement took place using the

single triangle mask with the plasma source solenoid current set to 50A. The wakefield we
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see in the drive from t=0 to t=19 ps is characteristic of a linear response to a ramped beam,

as seen by the reconstruction. There are two undulations in the drive wakefield with a return

to almost zero in-between, which corresponds to a drive length that extends over two plasma

wavelengths. When a linear regime is assumed in this region, we can calculate the plasma

density by measuring width between the two minima in the wake. Here separation is 10 ps,

which corresponds to a plasma density of 1.3 × 1014 cm−3. This is off by a factor of three,

when compared to triple Langmuir probe plasma density measurements for this solenoid

current (0.4 × 1014 cm−3). Our discrepancy might be a result of systematic errors in the

triple probe measurement, or this could be due to changes in wakefield wavelength due to

relativistic mass increases (see Chapter 2). A better argument could be made for the former,

as we have already established that systematics of the triple probe measurement gave us

a much higher electron temperature than expected, which in turn decreases our apparent

plasma density. Furthermore, the relativistic argument is inconsistent with our simulations,

which show a relatively weak blowout that implies the particles are sub-relativistic.

Wakefield behavior after the drive beam shows strongly nonlinear components. Calcula-

tions of the analytical wakefield after the drive show a purely sinusoidal dependence on ξ.

Here, the wakefield behind the drive shows a sharp spike directly after the drive due to a

large plasma density spike at that location. We also observe sawtooth like behavior between

the first and second maxima is characteristic of nonlinear response, as it starts to develop a

number of harmonics previously observed [39].

Furthermore, we can also examine the wakefield response amplitude to support the argu-

ment for nonlinearity. We observe that the maximum accelerating wake is larger in amplitude

than the largest decelerating wake by roughly a factor of two. This asymmetry can be at-

tributed to asymmetries in plasma density deviations from the mean. Positive excursions

of the plasma density in this region are much larger than the negative excursions as the

plasma cannot supply anymore electrons. Finally, the magnitude of further oscillations in

the wakefield slowly decreases due to beam loading by the witness.

The transformer ratio of this averaged wakefield is measured by taking the ratio of the

maximum positive centroid energy change to the maximum negative energy deviation, shown

by the dotted gray lines in Fig. 6.10. Error in the transformer ratio is given by taking this

ratio for both positive and negative time dependent error bars (shaded regions). For this
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measurement the transformer ratio is 7.8+2.5
−1.7 which is significantly higher than calculated

TR in the linear (single mode) regime. An ideal current ramp over two plasma wavelengths

should give a transformer ratio of 2π. As when have seen, our beam develops a tail due to

focusing in the plasma line and reduces TR due to partial wakefield loading.

As we showed previously, this discrepancy in TR is expected. The addition of higher

harmonics in the wakefield due to nontrivial density perturbations increases the transformer

ratio substantially. This increase in TR mirrors the rationale for introducing the nonlinear

regime for plasma accelerators in order to increase TR for Gaussian beams. We will sys-

tematically examine this effect later by measuring wakefields from different plasma densities

while maintaining the same beam attributes.

6.3.2 Uniformization of Drive Wakefield

The next case we will examine is a measurement where wakefield flattening is observed in

the drive. It was shown previously that fully flattening the wakefield leads to the highest

transformer ratio. It also limits energy spread in the drive beam due to wakefield decelerating

forces. This has a number of benefits, as it allows a longer interaction length without partial

dephasing of the drive when it nears full energy depletion. Lemerey and Piot have collected

a number of different current distributions that achieve this uniformiztion effect [47]. We

observed one of those cases here.

An observation of wakefield flattening is shown in Fig. 6.11. The beam shows a small

drop in the centroid energy difference and then flattens out for a period, until the drive beam

ceases. By looking at the reconstruction, we can see the cause of this effect is a quadratic

ramp perturbation to the linear profile with a length of 6.9 ps. This is consistent with

analytical predictions of the wakefield structure [47], as the quadratic head region flattens the

decelerating field when its length is an integer multiple of the plasma wavelength. This was

measured by looking at wakefield zero crossings in the witness, as there are no undulations

able to be measured in the drive. For Figure 6.11, the wavelength was calculated to be 8.9

ps, corresponding to a plasma density of 1.6 × 1014 cm−3. This differs from the parabolic

head length by about 25%, which explains why the wakefield is not perfectly flat in the drive.

Here the transformer ratio is measured to be 5.5. This is noticeably lower than the

transformer ratio measured when the beam current didn’t have the parabolic head, which by
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Figure 6.11: Wakefield measurement showing partial wakefield flattening in the drive due to

a quadratic perturbation of the drive head.

itself is unexpected, as TR is maximized when the drive wakefield is uniform. It’s interesting

to note that the maximum negative deviation in drive energy is roughly the same as in

the ultra-high TR case, accounting for a slight difference in plasma density which would

lead to a proportional change in the wakefield. A constant decelerating field amplitude is

understandable, as due to causality, the wakefield does not know the beam current behind it.

This must mean that the difference in TR is due to a higher accelerating field in the witness.

When we consider that the drive beam region that experiences a uniform field is relatively

small, it is understandable that the accelerating field is not as strong as the high TR case.

We also see that the reconstructed profile has a significant roll off near the peak which, as

we have seen previously, loads the accelerating wake and reduces the peak transformer ratio.

6.3.3 Probing the Nonlinear Wakefield Response

We can also study the dependence of nonlinearities in PWFA by tuning the plasma source

density while maintaining the same beam current. A reduction of the plasma density in-

creases the nonlinearity parameter given by

Q̃ ≡
Nbk

3
p

n0

= 4πrekpNb (6.18)
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where Nb is the beam charge and kp = 2π/λp is the plasma wavenumber. If Q̃ << 1 the

beam charge in a cubic skin depth is less than the plasma density and the response is linear.

Conversely if Q̃ > 1 then the beam has a higher density and the plasma wakefield response

is highly nonlinear.

The plasma source density was tuned by changing the confinement solenoid current, which

significantly changes the plasma density as measured by triple Langmuir probe. We started

by collecting a number of plasma “on” measurements for each solenoid setting. An average

wakefield was calculated and shots that deviated strongly from the mean were discarded and

the mean recalculated in an iterative process, until only 10 shots remained. This was done

to ensure that wakefield characteristics were consistent for each plasma density setting, and

not just a result of single-shot jitter.

Figure 6.12: Plot showing evolution of the plasma wakefield as the density is scanned via

scanning the source solenoid current. Shading shows one-sigma deviation from the average

of ten selected shots.

Results from this study are seen in Figure 6.12. Based on triple Langmuir probe measure-

ments, an increase in solenoid current should correspond to an increase in plasma density by

a factor of 4. We can immediately see that for the multi-period wakefield, the wavelength

113



shrinks from ∼10 ps to ∼7 ps. Given that n ∝ 1/λ2
p we calculate that the effective plasma

density changed by a factor of 2. This discrepancy could either be due to density depen-

dent systematic errors in plasma measurement or it could be due to the nonlinearity itself.

We also observe that the overall amplitude of the wakefield decreases as plasma density is

increased (or nonlinearity is decreased). This is consistent with analytical predictions [90].
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CHAPTER 7

Conclusion

We now conclude this thesis with a summary of experimental accomplishments, their rel-

evance to the broader field of PWFA and the way forward for experiments at Argonne.

In this experiment we have used a novel beam shaping technique, emittance exchange, to

create longitudinally shaped drive bunches and long, low charge witness bunches to sam-

ple the multi-period wakefield response. The beam was then transported to the hollow

cathode arc plasma source which itself was extensively tested and characterized to produce

a tunable plasma column. The resulting perturbation to the energy distribution due to

the plasma interaction was characterized using a longitudinal phase space diagnostic. Our

unique, single-shot wakefield measurement was enhanced through the development of a drive

current reconstruction technique that allowed us to predict the profile just from the wakefield

data and linear plasma theory.

We measured several wakefields created by our precision tuned longitudinal bunch shapes.

Our measurement of a beam loaded transformer ratio of 7.8, as of writing, is the highest TR

measured for any wakefield accelerator. This exceeds the classical transformer ratio of 2π

for an equivalent beam in a single-mode wakefield device [32], such as a dielectric structure

or a plasma in the linear response regime. Nonlinearities in the plasma wakefield due to a

high charge drive bunch gave rise to multiple harmonics in the acceleration region behind

the drive, which allowed a higher TR than expected analytically. Furthermore, we observed

near-flattening of the decelerating wakefield inside the drive, if it contained a parabolic head

with a length of about one plasma wavelength. Finally, we scanned the plasma density while

maintaining the same beam current profile, thus changing the nonlinearity of multi-period

wakefields behind the drive.

These experimental results have broad applications to the field of advanced accelerators.

As discussed in the introduction, an increase in transformer ratio significantly reduces the
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drive beam energy necessary to accelerate a witness beam to a target energy in a single stage

wakefield accelerator. This allows access to electrons with energies at the GeV scale, while

still maintaining a small facility footprint for drive beam creation. An additional advantage

from the use of shaped beams for plasma accelerators in particular is the ease of access to

the blowout regime. This regime is often sought after due to its high peak accelerating fields

and strong transverse focusing forces. However, for high density plasmas one often has to

compress the longitudinal beam size significantly to reach high peak currents (often several

kA), leading to its own set of beam-based challenges [91]. We saw that the nonlinear regime

can be established over several wakefield periods with a long ramped beam, which adds

a design path that reaches the strongly nonlinear regime but does not necessitate strong

longitudinal compression.

Results from this experiment also provide a clear path forward for future experiments.

Improvements to the vacuum window and plasma source design would allow higher quality

measurements by reducing emittance growth and improving plasma interaction. The 125 µm

thick mirrors give rise to significant growth in transverse emittance which, in turn, lowers the

overall experiment quality due to lower diagnostic resolution and lower plasma wakefields.

To improve this a thinner window is needed, which can be achieved by using a sub-5 µm

thickness kapton window, mounted on a vacuum gate valve so it does not need the mechanical

strength to withstand a 1 atm pressure differential. Improvements to the plasma source could

include changes to the overall hollow cathode tube geometry to prevent source downtime and

repair. A new plasma density diagnostics system which uses an optical H-line broadening

measurement [92], could also be implemented. Finally, beam size diagnostics using the OTR

type screen used in this experiment could be integrated into the source, directly before and

after the cathode and anode respectively. OTR brightness also corresponds directly to beam

charge [89] and can be calibrated externally for measurements at the plasma IP.

Once these improvements are made there a number of experiments that can be done at

AWA which expands on work done here. One important beam shaping experiment would be

to shape the longitudinal drive profile as done here but then to also shape the witness bunch

into a “reverse triangle” where the current decreases linearly along the witness bunch. This

has been shown to flatten the accelerating wakefield that is experienced by the witness bunch,

thus reducing the final energy spread of the witness [93]. Furthermore, with the introduction
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of laser pulse shaping at AWA [94] coupled with extremely high bunch charges from the gun,

we could attempt to create a linearly ramped drive with a peak electron density of 100x the

plasma density, which as we saw in Section 2.4.1 also flattens the drive deceleration wake

due to the relativistic blowout.

The large transverse size of the plasma column, along with tune-ability of the longitudinal

density profile and AWA’s flat beam generation experiments [95] make testing asymmetric

beam-plasma interaction also appealing as an experiment. Other types of plasma sources,

such as capillary discharge devices, have very small transverse apertures [96]. This makes it

difficult to transport so-called “flat” beams with large emittance ratios between horizontal

and vertical axes through the source aperture without losing charge to scraping. The longi-

tudinal plasma density for capillary devices is also difficult to tune, something that is easily

done in an HCA device through the use of magnetic confinement. These attributes are ideal

for expanding the concept of adiabatic plasma lens focusing [97], where a beam that enters

a plasma whose density increases slowly over several betatron oscillation periods becomes

strongly focused due to the increase in plasma density. This has never been attempted for

flat beams, which has particular relevance for strong focusing in the context of colliders,

which use flat beams to increase their collision luminosity [59].
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